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L. Fanò (Istituto Nazionale di Fisica Nucleare, Perugia, IT),
R. Field (University of Florida, Gainesville, US),
I. Hinchliffe (Lawrence Berkeley National Laboratory, Berkeley, US),
H. Jung (Deutsches Elektronen-Synchrotron, Hamburg, DE),
F. Krauss (Institute of Particle Physics Phenomenology, Durham, UK),
S. Lami (Istituto Nazionale di Fisica Nucleare, Pisa, IT),
M. Mangano (European Organization for Nuclear Research, Meyrin, CH),
A. Moraes (University of Glasgow, Glasgow, UK),
A. Morsch (European Organization for Nuclear Research, Meyrin, CH),
G. Pancheri (Istituto Nazionale di Fisica Nucleare, Frascati, IT),
M. Schmelling (Max-Planck-Institut fur Kernphysik, Heidelberg, DE),
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Preface

The third international workshop on multiple partonic interactions (MPI) took place at DESY
in Hamburg from 21 to 25 November 2011.
MPI are often crucial for interpreting results obtained at the Large Hadron Collider (LHC).
The quest for a sound understanding of the dynamics behind MPI – particularly in the era of
the LHC – has thus focused the aim of this workshop. It concentrated on phenomenology at
previous hadron colliders and early LHC results, as well as theoretical considerations and the
modeling of MPI in Monte Carlo event generators.
The workshop forstered close contact between the experimental and theoretical communities.
It provided a setting to discuss many of the different aspects of MPI, eventually identifying
them as a unifying concept between apparently different lines of research and evaluating their
impact on the LHC physics programme.
In a total of 45 plenary talks, two round table discussions and a poster session, the workshop
covered experimental results, Monte Carlo development and tuning, phenomenology and ded-
icated measurements of MPI, progress of theoretical understanding as well as the role of MPI
in diffraction and small-x physics. Connections to closely related research within the fields of
heavy ion physics and cosmic rays have also been covered.
It is a pleasure to thank Antje Brandes, Michaela Grimm and Katja Stemmler for their tireless
support before and during the workshop. We thank Kirsten Sachs and Maren Stein for their
help in preparing these proceedings.

Hamburg, August 2012
Simon Plätzer and Markus Diehl
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Underlying event, minimum bias and

forward energy flow measurements with CMS

Sunil Bansal for the CMS Collaboration

Department of Physics, Universiteit Antwerpen - Campus Groenenborger,
Groenenborgerlaan 171, 2020 Antwerpen, Belgium

DOI: http://dx.doi.org/10.3204/DESY-PROC-2012-03/2

A measurement of the underlying activity in scattering processes using leading track-jet
and Drell-Yan events with energy scale over a wide range has been presented. Studies of
inclusive and identified hadron production in proton-proton collisions, including charged
particle transverse momentum, pseudorapidity and event-by-event multiplicity distribu-
tions at

√
s = 0.9, 2.36 and 7 TeV are shown. Results on two-particle angular correlations

are also presented. We also present the measurements of the forward energy flow in Min-
imum Bias events and in events with hard jets produced at central rapidities, as well as
in the events having a W/Z boson in the central region. Results are compared to various
Monte Carlo models and to perturbative QCD calculations.

1 Introduction

In hadron-hadron scattering the “underlying event” (UE) is defined as any hadronic activity
that is additional to what can be attributed to the hadronization of partons involved in the
hardest scatter and its initial and final state QCD radiation. The UE activity is thus due to the
hadronization of partonic constituents that have undergone multiple parton interactions (MPI),
as well as to beam-beam remnants, concentrated along the beam direction. It is important for
the precision measurements of Standard Model processes and the search for new physics at high
energies.

The majority of proton-proton (pp) collisions at hadron colliders are soft, i.e., without any
hard scattering of the proton partonic constituents. It is important to measure inclusive and
identified hadron production in proton-proton collisions, including charged particle transverse
momentum, pseudorapidity, event-by-event multiplicity distributions and particle correlations.
The energy flow measured in the forward region is directly sensitive to the parton radiations
and MPIs.

These measurements have been performed at various centre-of-mass energies by the CMS [1]
experiment and compared with various MC predictions.

2 Results

The UE measurement is performed in plane transverse to the beam direction in the regions
having least contamination from hard interactions, even though it cannot in principle be
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Figure 1: (left) Particle density as function of leading track-jet pT in transverse region for data and
prediction of various MCs at

√
s = 7 TeV. (centre) Comparison of particle density for

√
s of 0.9 TeV and

7 TeV. (right) Ratio of particle density at 0.9 and 7 TeV centre-of-mass energy for data and different
MCs predictions.

uniquely separated from initial and final state radiation. Two different approaches have been
considered by CMS, analyzing dijet events at

√
s = 0.9 and 7 TeV and di-muon final states

in Drell-Yan events at 7 TeV. In the first analysis [2, 3] the direction of the hard scatter is
identified with that of the leading track-jet, i.e. the object with largest pT formed using a jet
algorithm applied to reconstructed tracks. The leading track-jet pT is taken to define the hard
scale in the event. In the Drell-Yan analysis [5] the lowest scale is set by the di-muon invariant
mass, and UE observables are studied as a function of resultant pT and invariant mass of the
muon pair.

A strong increase of the UE activity, quantified through the particle density (Figure 2)
and the energy density (here not shown) of charged particles in the transverse region (60o <
∆φ <120o), is observed with increasing leading track-jet pT . At

√
s = 7 TeV this fast rise is

followed above ∼ 8 GeV/c by a saturation region with nearly constant multiplicity and small
ΣpT increase. By comparing data taken at

√
s = 0.9 and 7 TeV, a strong growth with increasing

centre-of-mass energy of the hadronic activity in the transverse region is also observed for the
same value of the leading track-jet pT , as reported in Figure 2 (right). The predictions of several
tunes of the PYTHIA program version 6 [15] and of the new version PYTHIA-8 [9] have been
compared to the measurements, with a good description of most distributions at

√
s = 7 TeV

and of the
√
s dependence from 0.9 to 7 TeV provided by the Z1 tune [4].

After excluding the muons in DY events, both the towards (∆φ <60o) and the transverse
region are equally sensitive for the UE measurement. The UE activity in the DY events shows
flat dependency on invariant mass (60-120 GeV/c2), which confirm the saturation hypothesis
(illustrated in Figure 2 (right)). The UE activity as a function of pµµT (illustrated in Figure 2
(left, centre)) shows very slow increase, both in the towards and transverse region, in particle
density and do not show the fast rise as in case of track-jet analysis because the energy scale
for selected DY events is very high and lies in the saturation region. The activity in the
transverse region is higher than the towards region, which is due to spill-over contribution of
hard-component in away region (∆φ >120o).

Inclusive primary charged-hadron multiplicity densities have been measured with three
different and complementary techniques [6, 7] as a function of the particle transverse mo-
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Figure 2: (left) Particle density as function of transverse momentum of muon pair (pµµT ) in the towards
region for the Drell-Yan events for data and prediction of various MCs at

√
s = 7 TeV. (centre) Cor-

responding particle density in the transverse region. (right) Particle density as a function of invariant
mass of muon pair (Mµµ) in the towards region.

mentum pT and pseudorapidity η, in the pseudorapidity region of |η| < 2.4 for inelastic non-
single-diffractive (NSD) Minimum Bias interactions. The results at 0.9 TeV have been found to
be in agreement with previous measurements in pp and pp̄ collisions. The new measurements
at 2.36 and 7 TeV, higher than most predictions, show a steeper than expected increase of
charged-hadron multiplicity density with collision energy, as shown in Figure 3 (left) for central
η region.

Minimum Bias measurements of the phase-space-invariant differential yield Ed3Nch/dp
3,

with Nch the number of primary charged particles, have also been extended in the hundreds
GeV/c region by using jet triggers [8]. As shown in Figure 3 (centre), the 7 TeV data are
most consistent with PYTHIA-8, which agrees at the 10% level over the full pT range of the
measurement. Additionally, as shown in Figure 3 (right), the consistency of the 0.9 and 7
TeV spectra has been demonstrated with an empirical xT = 2pT /s scaling that unifies the
differential cross sections from a wide range of collision energies onto a common curve. Further-
more, within the theoretical uncertainties of the next-to-leading-order (NLO) calculations, the
residual breaking of xT scaling above pT ≈ 8 GeV/c is consistent between the measured cross
sections and the NLO calculations. This result has removed a large uncertainty from an impor-
tant ingredient of existing and future heavy-ion PbPb measurements, namely the pp reference
spectrum corresponding to the energy of the LHC 2010 PbPb run: 2.76 TeV per nucleon. By
employing a combination of techniques to interpolate between the CMS results at

√
s = 0.9

and 7 TeV, including information from existing CDF measurements at
√
s = 0.63, 1.8, and 1.96

TeV [10, 11, 12], a pp reference at
√
s = 2.76 TeV (here not shown) has been constructed over

a large range of transverse momentum (pT = 1-100 GeV/c) with systematic uncertainties of
less than 13%.

Production of K0
S , Λ, and Ξ− identified particles has been measured at

√
s of 0.9 and 7

TeV [13]. From a sample of 10 million strange particles, the pT distributions (here not shown)
were measured out to 10 GeV/c for K0

S and Λ, and out to 6 GeV/c for Ξ−. The Tsallis function
fits [14] of the distributions show for all the species a flattening of the exponential decay as
the
√
s increases. The average pT values are found to increase with particle mass and

√
s,

in agreement with predictions and other experimental results. While the PYTHIA [15] pT
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Figure 3: (left) Average value of charged multiplicity density dNch/dη in the central η region as a
function of

√
s in pp and pp̄ collisions (the solid and dashed curves are second-order polynomial fits

for the inelastic and non-single-diffractive event selections, respectively). (centre) Invariant charged
particle differential yield at

√
s = 7 TeV compared with the predictions of four tunes of the PYTHIA

MC generator; lower panel: the ratio of the CMS measurement to the four PYTHIA tunes (the grey
band corresponds to the statistical and systematic uncertainties added in quadrature). (right) Inclusive
charged particle invariant differential cross sections, scaled by

√
s
4.9

, for |η| < 1.0 as a function of the
scaling parameter xT (the result is the average of the positive and negative charged particles.

distributions used in the analysis show significant variation based on tune and version, they
are all broader than the data distributions. The measurement of the production in function
of rapidity y (illustrated in Figure 4 (left) for K0

S) shows a
√
s increase in strange particles

production approximately consistent with the results for inclusive charged particles. As in
the inclusive charged particle case, PYTHIA fails to match this increase, the deficit between
PYTHIA and data being significantly larger for the two hyperons at both energies with a
factor of three discrepancy for Ξ− production at

√
s = 7 TeV. An enhancement of double-

strange baryons to single-strange baryons, and/or an enhancement of strange baryons to strange
mesons, would be an indication of a quark-gluon plasma or other collective effects. However, the
production ratios N(Λ)/N(K0

S) and N(Ξ−)/N(Λ) versus pT (here not shown) and y (reported in
Figure 4 (centre) for N(Λ)/N(K0

S)) show no change with
√
s. Thus, the deficiency in PYTHIA

is likely originating from parameters regulating the frequency of strange quarks appearing in
colour strings.

The charged hadron multiplicity distributions Pn of non-single-diffractive events were mea-
sured from an analysis of the Minimum Bias data at the three

√
s of 0.9, 2.36, and 7 TeV [16].

Charged tracks are reconstructed down to pT = 100 MeV/c with high efficiency and low back-
ground contamination. A full correction for detector resolution and acceptance effects and an
extrapolation to zero transverse momentum yield measurements of the charged hadron mul-
tiplicity distribution for increasing central pseudorapidity ranges from |η| < 0.5 to |η| < 2.4,
shown in Figure 4 (right). Although some event generators provide an adequate description
of Tevatron and LEP data, none is able to describe simultaneously the multiplicity distribu-
tions and the pT spectrum at

√
s = 7 TeV. In general, models predict too few low-momentum

particles, indicating that by increasing the amount of multiple-parton interactions (MPI) one
effectively introduces too many hard scatters in the event. The change of slope in Pn in the
widest central pseudorapidity intervals observed at

√
s = 7 TeV, combined with the strong
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Figure 4: (left) K0
S production per non-single-diffractive (NSD) events versus |η|: the inner vertical

error bars, when visible, show the statistical uncertainties, the outer the statistical and point-to-point
systematic uncertainties summed in quadrature; the normalization uncertainty is shown as a band;
three PYTHIA predictions are overlaid. (centre) The production ratio N(Λ)/N(K0

S) in non-single-
diffractive events versus |η| at each

√
s (the inner vertical error bars, when visible, show the statistical

uncertainties, the outer the statistical and all systematic uncertainties summed in quadrature), together
with three PYTHIA predictions. (right) The charged hadron multiplicity distributions with |η| < 2.4
for pT > 500 MeV/c at

√
s = 0.9, 2.36, and 7 TeV, compared to two different PYTHIA models and

the PHOJET model; for clarity, results for different
√
s = 0.9 are scaled by powers of 10 as given in

the plots.

      

Figure 5: (left) Forward energy flow in Minimum Bias events for centre-of-mass energy of
√
s = 0.9 TeV

for data and prediction of various tunes for PYTHIA-6. (centre) Forward energy flow in Minimum Bias
events for centre-of-mass energy of

√
s = 7 TeV for data and prediction of various tunes for PYTHIA-

6. (right) Energy flow for events with dijet events with transverse momentum pT > 20 GeV/c for
centre-of-mass energy of

√
s = 7 TeV for data and prediction of various tunes for PYTHIA-6.

linear increase of the normalized Cq moments (here not shown), indicates a clear violation of
KNO scaling [17] with respect to lower energies. Such observation merits further studies.

A measurement of the energy flow in the forward region (3.15 < |η| < 4.9) was done for√
s = 0.9 and 7 TeV [18]. The energy flow, corrected for detector effects, is measured both

in Minimum Bias events and in events with a hard scale provided by a dijet system at central

MPI@LHC 2011 5
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Figure 6: (left) Energy flow for events with dijet events with transverse momentum pT > 20 GeV/c
for centre-of-mass energy of

√
s = 7 TeV for data and prediction of various event generators. (centre)

Number of tracks in central region of detector and with transverse momentum pT 1 GeV for events
having W → eν candidates for data and various MCs. (right) Forward energy for events having W → eν
candidates, summing all HF towers with energy larger than 4 GeV, for data and various MCs.

pseudorapidities (|η| < 2.5) as illustrated in Figure 5. The jets are required to have transverse
energy greater than 8 (20) GeV at

√
s = 0.9 (7) TeV. There is significant increase in energy as

centre-of-mass energy increases from 0.9 TeV to 7 TeV (shown in Figure 5 (left and centre))
and measurement are different for Minimum Bias and QCD dijet events (clear from Figure 5
(centre and right)). Even if this increase is reproduced by the MCs for Minimum Bias and dijet
events, none of the MC simulations can describe all four energy flow measurements. In general
the MC generators produce a somewhat too flat energy flow distribution for the Minimum Bias
data. Multiple interactions are needed in order to describe the data, since it is found that
MC predictions without MPI (PYTHIA-6 run without MPI and CASCADE [20]) significantly
undershoot the data. The description given by cosmic ray MC generators (such as EPOS [21],
QGSJET [22] and SIBYLL [23]) is found to be excellent as clear from 6 (left). Central charged-
particle multiplicities, forward energy flow, and correlations between them have been studied
in W and Z events, identified by the vector-boson decays to electrons and muons [19]. None of
the studied MC tunes provides simultaneously a satisfactory description of the charged particle
multiplicity in the central pseudorapidity region (|η| < 2.5) and the forward energy flow (3
< |η| < 4.9) as illustrated in Figure 6 (centre, right). The PYTHIA-6 Z2 and PYTHIA-6 2C
tunes give a reasonable description of the central charged-particle multiplicity, but predict too
many events with relatively low energy depositions in the forward calorimeters. The PYTHIA-6
D6T tune predicts too many events with high charged-particle multiplicities, too few events with
low-energy depositions, and too many events with very large energy depositions in the forward
calorimeters. The Pro-Q20 tune provides the best description of the forward energy distribution
and a good description of the charged-particle multiplicity, when a track pT threshold of 0.5
GeV is applied. However, the charged-particle multiplicity with pT > 1.0 GeV is not well
described, though the prediction is closer to the data than that for the D6T tune. Strong positive
correlations between the energy measured in the two forward calorimeters (i.e.at positive and
negative rapidities) and the charged-particle multiplicity are observed in the data and in Monte
Carlo models (not shown here). However, the correlations in the various MC tunes are different
from those seen in the data.
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3 Conclusion

In the present proceeding a measurement of the underlying event in different processes at
different centre-of-mass energies, some of Minimum Bias measurements and measurements of
forward energy flow in different processes with different centre-of-mass energies conducted by the
CMS collaboration at the LHC are briefly summarized. The huge amount of data coming from
the first two years of data acquisition has provided important information to better constrain
phenomenological models of the soft hadron production and provide insight on understanding
MPI. These measurements are crucial for precision measurements of Standard Model processes
and for new physics searches.
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Minimum bias and underlying event

measurements with ATLAS

Michael Leyton on behalf of the ATLAS Collaboration

CERN, 1211 Genève 23, Switzerland

DOI: http://dx.doi.org/10.3204/DESY-PROC-2012-03/1

A summary of some of the recent minimum bias and underlying event measurements by the
ATLAS collaboration is given. The results of several analyses using low-luminosity proton-
proton collision data from the LHC taken at center-of-mass energies of

√
s = 0.9, 2.36 and

7 TeV are presented. Data are compared to predictions by several different Monte Carlo
event generators. The measurements expose limitations of the phenomenological models
in properly describing the measured observables in all regions of phase space.

1 Introduction

Properties of minimum bias and the underlying event have previously been studied over a
wide range of energies. In particular, results from experiments at CERN and Fermilab have
been used to tune the Pythia [1] and Phojet [2] Monte Carlo (MC) event generators. Due
to uncertainties in the modeling of the energy dependence of soft inelastic interactions, these
generators give widely varying predictions at LHC energies. Recent results from the ATLAS
collaboration are presented here and compared to these predictions.

2 LHC and ATLAS

The Large Hadron Collider (LHC) [3] is a proton-proton (pp) collider located at CERN and
currently operating at a center-of-mass (CM) energy of

√
s = 7 TeV. It is designed to go up to

twice that energy, with an instantaneous luminosity of L = 1034cm−2s−1.
ATLAS [4] is a 4π general-purpose detector designed for high-luminosity studies at the LHC.

Layers of tracking detectors, calorimeters and muon chambers cover almost the entire solid angle
around ATLAS. The Inner Detector (ID) is responsible for tracking charged particles within a
pseudorapidity range of |η| < 2.5.1 It consists of a multi-layer silicon tracker with both pixels
and strips, in addition to a transition radiation straw tracker, all of which are immersed in a
solenoidal magnetic field of 2 T.

The calorimeters surround the Inner Detector and are responsible for measuring the energies
of charged and neutral particles within a pseudorapidity range of |η| < 4.9. The calorimeters are

1The ATLAS reference system is a right-handed coordinate system with its origin at the nominal interaction
point at the center of the detector. Cylindrical coordinates (r,φ) are used in the plane transverse to the beam
axis, φ being the azimuthal angle around the beam axis. The pseudorapidity is defined in terms of the polar
angle θ with respect to the beam axis as η = −ln tan (θ/2). The transverse momentum pT is defined relative
to the beam axis.

MPI@LHC 2011 1MPI@LHC 2011 11



specialized for measuring electromagnetic or hadronic particles, the latter of which include jets
of particles formed by hadronization of quarks and gluons. They also detect missing transverse
energy ( /ET ) by summing all of the measured energy deposits.

The ATLAS detector has a three-level trigger system. For the measurements presented
herein, the first level trigger (L1) relies on the beam pickup timing devices (BPTX) and the
minimum bias trigger scintillators (MBTS). The BPTX are composed of electrostatic beam
pickups attached to the beam pipe at a distance z = ±175 m from the center of the ATLAS
detector. The MBTS are mounted at each end of the detector in front of the endcap-calorimeter
cryostats at z = ±3.56 m and are segmented into eight sectors in azimuth and two rings in
pseudorapidity (2.09 < |η| < 2.82 and 2.82 < |η| < 3.84).

3 Soft QCD at the LHC

All physics at the LHC essentially comes from the interactions of quarks and gluons. Hard pro-
cesses are characterized by high transverse momentum (pT ) and are well described by perturba-
tive QCD. Soft interactions, on the other hand, are characterized by low transverse momentum
and require non-perturbative phenomenological models. These soft interactions are actually the
dominant processes at the LHC. They can include diffraction, Multiple-Partonic Interactions
(MPI), soft initial- and final-state radiation (ISR/FSR), as well as beam-beam remnants.

While these are all separate phenomena, the different components are often grouped accor-
ding to experimental trigger. Minimum bias (MB) interactions, for example, are the processes
that are selected with a loose trigger intended to select inelastic collisions with as little bias as
possible. The underlying event (UE) is the collection of all the soft processes that accompany
a high-pT interaction of interest. It is typically studied as a function of the highest-pT particle
in the event.

Modeling of these soft interactions is important because they impact all other high-pT
measurements. At higher luminosities, for example, minimum bias interactions are a major
background, numbering up to 25 interactions on average per bunch crossing at LHC design
luminosity. A proper model of the UE is also important for precise high-pT measurements since
it can affect the /ET resolution, lepton identification and jet resolution. Studying the UE is
critical for understanding the evolution of QCD with collision energy, as well as understanding
the systematic corrections on many studies such as mass measurements.

While soft QCD is modeled by some MC generators, including Pythia, Phojet and Her-
wig/Jimmy [5], it tends to be phenomenological, requiring tuning to data. However, non-
perturbative effects, such as soft diffraction, hadronization and low-pT parton scattering, are
difficult to separate experimentally. Also, the description of hard processes by the MC genera-
tors must be preserved while tuning the soft processes. The results presented here show that it
is difficult to describe both MB and the UE with the same parameters.

4 Data samples and selection

The measurements presented here were made using pp collision data recorded at
√
s = 0.9, 2.36

and 7 TeV during low-luminosity running of the LHC in 2009 and the beginning of 2010. The
low instantaneous luminosity ensures that there are relatively few overlapping pp collisions in
each bunch crossing (a background known as pile-up), important when measuring soft-QCD
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observables. Data were collected with stable colliding beams and correspond to an integrated
luminosity of

∫
L dt ≤ 230 µb−1.

4.1 Event selection

Events were selected using a single-arm MBTS trigger, formed from BPTX and MBTS L1
trigger signals. The MBTS trigger was configured to require one hit above threshold on either
side of the detector (2.09 < |η| < 3.84). Events were additionally required to have at least one
reconstructed primary vertex, while also vetoing events with a second primary vertex with 4
or more tracks. This event selection imposes little bias on the measurements presented here,
while reducing the contribution from empty events, beam background and pile-up events to a
negligible level.

4.2 Track selection

Tracks were selected by requiring their pT and η to be within the specified phase space of the
measurement. A good track quality was ensured by requiring a minimum number of hits in
the silicon detectors, dependent on the pT of the track. Tracks associated to particles coming
from the primary interaction (known as primary2 particles) were selected by requiring their
impact parameters, measured with respect to the reconstructed primary vertex of the event, to
be within a specified range.

4.3 Corrections

Data shown here have been fully corrected back to particle level in order to measure the dis-
tributions of stable (charged) particles coming from the primary pp interaction. This allows a
direct comparison to MC generator predictions. Corrections are applied at both the event and
track level.

The event-level corrections correct for missing events due to trigger and vertex requirements.
Both trigger and vertex corrections were derived from data, the former by measuring the trigger
efficiency of the MBTS with respect to a control trigger using the Inner Detector and the latter
by directly measuring the primary vertex reconstruction efficiency using all triggered events.

The track-level corrections correct for detector inefficiencies and resolutions. The tracking
efficiency was derived from MC samples taken through the full Geant [6] detector simulation.
The track-level corrections were applied in two dimensions (η, pT ) in order to eliminate most
of the model dependence. Corrections for non-primary particles and particles outside of the
kinematic range were also applied.

All corrections were derived separately for the different analyses and phase space regions.
Measurements were not extrapolated into regions of phase space not seen by the detector (e.g.
very low-pT or far-forward particles). No attempt was made to correct for the contribution
coming from diffractive processes; however, phase space regions with a suppressed diffractive
component were considered (see Table 1). The event selection at the particle level is always
well defined and reproducible, e.g. number of charged particles nch ≥ 2, with pT > 100 MeV
and |η| < 2.5.

2Primary particles are defined as all particles with lifetime longer than 0.3 × 10−10s originating from the
primary interaction or from subsequent decay of particles with shorter lifetime.
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5 Minimum bias measurements

‘Minimum bias’ is an experimentally defined term, referring to the selection of inelastic events
with the minimum possible requirements necessary to ensure that an inelastic collision occurred.
Minimum bias events can include both non-diffractive and diffractive processes, although the
precise definition and relative contributions vary among experiments and analyses. Typically,
minimum bias events are dominated by soft interactions, with low transverse momentum and
low particle multiplicity.

The ATLAS MBTS trigger (see Section 4.1) is almost fully efficient, with a slightly lower
efficiency in low-nch events. In an attempt to disentangle the effects coming from diffractive
processes, ATLAS has measured the properties of minimum bias events in various phase space
regions [7], as listed in Table 1. The high-multiplicity selections (nch ≥ 6, nch ≥ 20) were chosen
specifically to reduce the contribution of diffractive processes to a negligible level. Kinematic
properties that have been measured include the charged-particle multiplicity (nch), the charged-
particle transverse momentum (pT ) and pseudorapidity (η) spectra and the average transverse
momentum of charged particles as a function of the charged-particle multiplicity (〈pT 〉 vs. nch).

Table 1: Phase space regions considered by the ATLAS minimum bias analysis [7]. The
diffraction-suppressed phase space (nch ≥ 6, pT > 500 MeV, |η| < 2.5) was used for the
Pythia AMBT1 tune [8]. The most inclusive phase space (nch ≥ 2, pT > 100 MeV, |η| < 2.5)
was used for the Pythia AMBT2b tune [9]. The common LHC phase space was chosen by
the LHC minimum bias and underlying event working group [10] in order to directly compare
measurements across LHC experiments.

Most Diffraction High LHC
inclusive suppressed pT comparison

nch ≥ 2 1 20 6 1 1 1
pT [ GeV ] > 0.1 0.5 0.1 0.5 2.5 0.5 1.0
|η| < 2.5 2.5 2.5 2.5 2.5 0.8 0.8

Fig. 1 shows the corrected charged-particle multiplicity distributions at
√
s = 7 TeV for

the most inclusive phase space region (nch ≥ 2, pT > 100 MeV, |η| < 2.5) considered by the
analysis. There is an excess in the models relative to the data at low nch and a deficiency
at high nch, a clear indication that the models have difficulty in describing both the low and
high-nch regions simultaneously. The simulation predicts a significantly harder pT spectrum for
pT > 3 GeV. Again here, the models have difficulty in describing the low-pT (pT < 500 MeV)
and high-pT (pT > 3 GeV) regions simultaneously. At low values of nch, none of the models
describe the 〈pT 〉 data very well. For nch > 20 the models vary widely both in slope and in
absolute value.

Fig. 2 shows the corrected charged-particle multiplicity distributions for the diffraction-
suppressed phase space region (nch ≥ 6, pT > 500 MeV, |η| < 2.5) at

√
s = 7 TeV. A

comparison between Figs. 1 and 2 shows that the modeling of diffraction plays an important
role here. However, the pseudorapidity density distribution (right plot) shows that diffraction
is not the only culprit for the discrepancy between data and MC.

The energy evolution of minimum bias properties has also been studied by measuring the
same distributions at two additional center-of-mass energies from early LHC running,

√
s = 0.9
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Figure 1: Corrected charged-particle multiplicity distribution (left), charged-particle multipli-
city as a function of transverse momentum (middle) and the average transverse momentum as
a function of the number of charged particles in the event (right) at

√
s = 7 TeV for the most

inclusive phase space region (nch ≥ 2, pT > 100 MeV, |η| < 2.5) considered by the ATLAS
minimum bias analysis [7]. The vertical error bars represent the statistical uncertainties, while
the shaded areas show statistical and systematic uncertainties added in quadrature. The ratio
of MC to data is shown at the bottom of each plot.

Figure 2: Corrected charged-particle multiplicity distribution (left) and charged-particle mul-
tiplicities as a function of transverse momentum (middle) and pseudorapidity (right) at√
s = 7 TeV for the diffraction-suppressed phase space region (nch ≥ 6, pT > 500 MeV,
|η| < 2.5) considered by the ATLAS minimum bias analysis [7]. The vertical error bars re-
present the statistical uncertainties, while the shaded areas show statistical and systematic
uncertainties added in quadrature. The ratio of MC to data is shown at the bottom of each
plot.

MPI@LHC 2011 5

Minimum bias and underlying event measurements with ATLAS

MPI@LHC 2011 15



Figure 3: Average charged-particle multiplicity per unit of pseudorapidity in the central region
(η = 0) as a function of the center-of-mass energy

√
s. All measured phase space regions (see

Table 1) and center-of-mass energies (
√
s = 0.9, 2.36 and 7 TeV) from the ATLAS minimum

bias analysis [7] are shown and compared to predictions by Pythia 6, with the AMBT1 tune [8].
Errors shown on data points are combined statistical and systematic uncertainties.

and 2.36 TeV. Fig. 3 shows a comparison of the pseudorapidity density in the central region
(η = 0) as a function of

√
s for all phase space regions considered by ATLAS. The data points

are compared to the first ATLAS tuning of Pythia 6 using ATLAS data, tune AMBT1 [8].
The AMBT1 tune gives a good description of the energy dependence for phase spaces with
pT > 500 MeV. However, the AMBT1 tune underestimates the amount of activity in the
low-pT region for both the most inclusive and diffraction-suppressed phase spaces.

6 Underlying event measurements

The underlying event is an irreducible background to all processes at hadron colliders such as
the LHC. It consists essentially of all of the soft processes accompanying a hard scatter due to
additional interacting partons from the same protons. From an experimental point of view, it
is impossible to separate these contributions; however, topological properties of the event can
be used to define a set of physics observables that are sensitive to different aspects of the UE.

The UE measurements performed by ATLAS thus far follow the lead of the analysis pio-
neered at the Tevatron by determining a high-pT object in each event and then subdividing the
azimuthal angle into toward, transverse and away regions, defined according to the azimuthal
angular difference ∆φ relative to the high-pT object. The transverse region (60◦ < |∆φ| < 120◦)
is assumed to be perpendicular to the axis defined by the hard 2 → 2 parton process and is
therefore most sensitive to activity coming from the UE. The toward region is defined |∆φ| < 60◦

and the away region |∆φ| > 120◦.
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ATLAS has measured properties of the UE using two independent methods: a track-based
measurement using tracks reconstructed by the Inner Detector and associated to charged pri-
mary particles [11] and a cluster-based measurement using energy deposited in the calorimeters
and associated to both charged and neutral primary particles [12]. The activity in all three
regions with respect to the leading particle (either the highest-pT track or cluster) has been
studied. Observables measured by ATLAS include the particle density, the scalar

∑
pT and

the average pT of particles per event 〈pT 〉. In both measurements, the highest-pT particle was
required to have transverse momentum pleadT > 1 GeV.

Fig. 4 shows the corrected (charged-)particle multiplicity distributions at
√
s = 7 TeV as

a function of the azimuthal angle with respect to the leading track or particle ∆φ, for both
the track- and cluster-based measurements and for various minimum values of pleadT . The
development of a ‘jet-like’ region of higher density in the toward and away regions is observed
as the pT of the leading track or particle increases. The amount of UE activity is underestimated
by most generators by about 20%. The particle density also has a different angular distribution
than predicted by MC.

Figure 4: φ distribution of (charged)-particle densities (pT > 500 MeV, |η| < 2.5) at
√
s = 7 TeV

with respect to the leading (charged) particle (at ∆φ = 0), from the track-based (left) [11] and
cluster-based (right) [12] underlying event measurements by ATLAS. The leading (charged)
particle has been required to have a minimum pleadT as indicated on each of the plots and is
excluded here. The error bars show the statistical uncertainty while the shaded areas show the
combined statistical and systematic uncertainty.

The average number of charged particles in the transverse region doubles when going from
pleadT > 2 GeV to > 5 GeV. Comparing the track-based measurement for pleadT > 5 GeV
to the charged-particle distributions measured in the inclusive minimum bias spectrum, the
activity in the UE is about a factor of two larger than the number of charged particles per unit
pseudorapidity [11], a feature known as the ‘pedestal’ effect. This is because the UE selection
requires a greater exchange of momentum, thereby reducing the diffractive contribution. Given
that there is one hard scatter in the event, it is more probable to have MPI and the UE therefore
has more activity than MB.
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Fig. 5 (left) shows the corrected stable particle scalar
∑
pT density at

√
s = 7 TeV in the

transverse region as a function of the pT of the leading particle (pleadT ) from the cluster-based
measurement. The summed particle pT in the plateau characterizes the mean contribution of
the underlying event to jet energies. The higher number density implies a higher pT density as
well. Most of the MC tunes considered show 10-15% lower

∑
pT than the data in the plateau

part of the transverse region.

Figure 5: (left) Corrected scalar
∑
pT density of stable particles (pT > 500 MeV, |η| < 2.5)

at
√
s = 7 TeV in the transverse region as a function of the pT of the leading particle (pleadT )

from the cluster-based underlying event measurement by ATLAS [12]. (right) Corrected mean
pT of charged particles at

√
s = 7 TeV for pleadT > 1 GeV as a function of the charged-particle

multiplicity in the transverse region from the track-based underlying event measurement by
ATLAS [11]. For both plots, the error bars show the statistical uncertainty while the shaded
areas show the combined statistical and systematic uncertainty.

Fig. 5 (right) shows the corrected mean pT of charged particles 〈pT 〉 at
√
s = 7 TeV versus

the charged-particle multiplicity nch in the transverse region from the track-based UE measure-
ment. The correlation between 〈pT 〉 and nch in each region is sensitive to the amount of hard
versus soft processes contributing to the UE. Although not shown here, the profile in the away
region is very similar to that of the transverse region, showing a monotonic increase of 〈pT 〉
with nch. The models tend to overestimate 〈pT 〉 in both the transverse and toward regions.

7 Conclusions

Data from the LHC provide a new energy scale for studying soft QCD. Charged-particle multi-
plicities have been measured by ATLAS in various regions of phase space, helping to disentangle
the contribution coming from diffractive processes. The results of these measurements indicate
a deficit of activity in models that were previously tuned to data from the Tevatron. Activity
coming from the underlying event has been measured by ATLAS using track-based and cluster-
based methods, providing statistically independent results. The activity measured in data is
generally above the predictions from current model tunes.
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The (charged-)particle distributions presented here expose limitations in the phenomenolo-
gical models that prevent a simultaneous description of all measured observables in all regions
of phase space. This is especially true when including particles with pT < 500 MeV. The
AMBT1 tune of Pythia 6, for example, highlighted that observables such as the pseudorapi-
dity density are not well described by MC generators, even if they were taken as input to the
tuning procedure. While some of these discrepancies can be reduced by further tuning of the
MC event generators, it is likely that new formulations of certain components of the models
will soon be needed.
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[1] T. Sjöstrand, S. Mrenna and P. Skands, JHEP 05, 026 (2006).

[2] R. Engel, Z. Phys. C 66, 203 (1995).

[3] L. Evans et al., JINST 3, S08001 (2008).

[4] ATLAS Collaboration, JINST 3, S08003 (2008).

[5] M. Bahr et al., Eur. Phys. J. C 58, 639 (2002).

[6] Geant4 Collaboration, Nucl. Instrum. Methods A506, 250 (2003).

[7] ATLAS Collaboration, New J Phys. 13, 053033 (2011).

[8] ATLAS Collaboration, Tech. Rep. ATL-PHYS-PUB-2010-002, CERN, Geneva (2010).

[9] ATLAS Collaboration, Tech. Rep. ATL-PHYS-PUB-2011-008, CERN, Geneva (2011).

[10] http://lpcc.web.cern.ch/LPCC/index.php?page=mb ue wg docs

[11] ATLAS Collaboration, Phys. Rev. D 83, 112001 (2011).

[12] ATLAS Collaboration, Eur. Phys. J. C 71, 1636 (2011).

MPI@LHC 2011 9

Minimum bias and underlying event measurements with ATLAS

MPI@LHC 2011 19





J/ψ production as a function of charged particle

multiplicity in pp collisions at
√
s = 7 TeV with

the ALICE experiment

Sarah Porteboeuf-Houssais for the ALICE Collaboration

Laboratoire de Physique Corpusculaire (LPC), Clermont Université, Université Blaise Pascal,
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We report on the first measurement of J/ψ production as a function of charged particle
pseudo-rapidity density dNch/dη in pp collisions at

√
s = 7 TeV with the ALICE exper-

iment at the LHC. J/ψ mesons are detected down to pT = 0 via their decays into e+e−

pairs at mid-rapidity (|y| < 0.9) and into µ+µ− pairs at forward rapidity (2.5 < y < 4).
dNch/dη is measured within |η| < 1. We compare results in the two different J/ψ rapidity
ranges. Preliminary PYTHIA simulations are also presented.

1 Introduction

The production mechanism of heavy quarkonium states (eg. J/ψ) is very complex and is not
fully understood. Various models such as the Color Singlet, nonrelativistic QCD approach
(NRQCD) and the Color Evaporation Model aim to explain how a heavy resonance state can
be produced in a hard process [1, 2]. This field is very active in theory development. In
particular, describing the J/ψ production cross-section and polarization is a challenge for most
of the models [3, 4, 5], including also the last LHC data [6, 7, 8, 9]. Furthermore, J/ψ production
could be accompanied by a hadronic activity (hadrons produced in a cone around J/ψ) and
it was pointed out that new observables are needed to constrain models [10]. In addition, it
was proposed in [11, 12, 13] that intial state effects could modify J/ψ production due to gluon
density fluctuations and a special transverse structure of the nucleon.

To look at exclusive final states and not only inclusive ones, it is needed to have a full
description of hard processes in a complete event. A description of the interplay between the
hard and the soft components of the event as well as of color flow and energy conservation
is mandatory. In high energy proton-proton collisions, the total event multiplicity can have
a substantial contribution from Multi-Parton Interactions (MPI). With MPI, several parton-
parton interactions can occur in a single pp collision. MPI are commonly used to describe the
soft underlying event but can also contribute on the hard and semi-hard scale, this contribution
becoming more and more relevant with increasing energy [14, 15, 16]. The NA27 experiment
performed a study that related open charm production and underlying event properties for pp
collisions at

√
s = 27 GeV. It was found that the charged particle multiplicity distribution in

events with and without charm production differs by 20% [17], indicating already a different
behavior in multiplicity distribution.
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In addition to MPI, other non-trivial effects could have an impact on multiplicity dependence
and hard interactions. The measured charged particle multiplicty in pp collisions at LHC
energies reaches values higher than in peripheral Cu-Cu at RHIC at

√
sNN = 200 GeV [18].

With the high energy density reached in pp collisions at LHC energies, some models predict the
occurence of collective behaviour at LHC energies [19, 20], and one could consider the possibility
of a modification of J/ψ yield in high multiplicity pp events due to collective phenomena [21].

In this article, we report on the measurement of relative J/ψ production (dNJ/ψ / dy)
/ <dNJ/ψ/dy > at mid (|y| < 0.9) and forward (2.5 < y < 4) rapidities as a function of the
relative charged particle multiplicity (dNch/dη)/<dNch/dη > for pp collisions at

√
s = 7 TeV at

LHC measured by the ALICE experiment [22]. We will then discuss a preliminary comparison
with PYTHIA 6.4 simulations.

2 J/ψ production as a function of the relative charged
particle multiplicity

A detailed description of the ALICE setup can be found in [23]. The J/ψ is detected in the
di-electron channel with the central barrel (|η| < 0.9) and in the di-muon channel with the
muon spectrometer (−4 < η < −2.5 1). The description of the part of the ALICE setup used
in this analysis can be found in [22].

The results shown here were obtained by analyzing pp collisions at
√
s = 7 TeV collected in

2010. A sample of 3.0× 108 minimum bias (MB) events and 6.75× 106 µ-MB triggered events
were used for J/ψ measurement in the di-electron and di-muon channels. This corresponds to
an integrated luminosity of 4.5 nb−1 and 7.7 nb−1 respectively for the di-electron and di-muon
channels. The MB pp trigger is defined with a signal in one of the two VZERO detectors, plus
one readout chip signal in the Silicon Pixel Detector (SPD), in concidence with proton bunches
from both sides of the interaction region. The µ-MB trigger requires, in addition to the MB
trigger, the detection of at least one muon with ptrigT > 0.5 GeV/c in the acceptance of the muon
arm. More details on the data sets, triggers, running conditions and relative normalization can
be found in [22]. Events with an interaction vertex not within |zvtx| < 10 cm are rejected.
Pile-up events are identified by the presence of a second interaction vertex reconstructed in
addition to the main vertex. They are rejected if the distance along the beam axis between
the two vertices is larger than 0.8 cm, and if the second vertex has at least three associated
tracklets. A tracklet is defined as any combinations of two hits in the SPD layers, one hit in
the inner layer and one in the outer.

The charged particle density dNch/dη is estimated using the number of tracklets Ntrk re-
constructed from hits in the SPD. Using simulated events, it was verified that Ntrk is pro-
portonal to dNch/dη. Fig. 1 shows the distribution of the relative charged particle den-
sity (dNch/dη)/<dNch/dη > after correction for SPD inefficiencies. <dNch/dη > was mea-
sured for inelastic pp collisions with at least one charged particle in |η| < 1 and is equal to
6.01 ± 0.01(stat.)+0.20

−0.12(syst.) [24]. Vertical dashed lines show the limit of the 5 bins in multi-
plicity used in this analysis.

For J/ψ measurement in the di-electron channel, tracks are selected by requiring transverse
momentum pT > 1 GeV/c and a pseudo-rapidity cut of |η| < 0.9. Particle identification is

1In the official ALICE reference frame the muon spectrometer is located at negative z positions and thus
negative (pseudo-)rapidities. Since pp collisions are symmetric relative to y = 0, we have dropped the minus
sign when rapidities are quoted.
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Figure 1: Distribution of the relative charged particle density (dNch/dη)/<dNch/dη > at mid-
rapidity (|η| < 1.0) after correction for SPD inefficiencies. Vertical lines indicate the boundaries
of multiplicity bins considered in this article.

performed by measuring the specific energy deposit dE/dx in the Time Projection Chamber
(TPC) of the central barrel. The invariant mass distributions of e+e− pairs are measured in
intervals of the charged particle mulitiplicity as measured via the SPD tracklets. Examples of
such mass distributions are shown, for the lowest and highest multiplicity intervals in the two
left panels of Fig. 2. The track rotation method (green squares in Fig. 2, left panel) is used
to describe the combinatorial background in each multiplicity intervals as well as the like sign
distributions (open blue circles in Fig. 2, left panel).

For J/ψ analysis in the di-muon channel, muon candidates are selected by requiring that at
least one of the two muon candidates matches a trigger track reconstructed from at least three
hits in the trigger chambers of the muon spectrometer. To remove muons produced at small
angles that have crossed a significant fraction of the beam shield, a cut is applied on the radial
coordinate of the track at the end of the front absorber (Rabs >17.5 cm). To reject events very
close to the edge of the muon spectrometer acceptance a cut is applied on the rapidity of the
pair (2.5 < y < 4). To obtain the number of J/ψ in each multiplicty interval, a fit is used
on the corresponding di-muon invariant mass distribution in the range 2 < Minv < 5 GeV/c2.
The line shapes of the J/ψ and ψ(2S) are parametrised using a Crystal Ball function, while
the underlying continuum is fitted with the sum of two exponential functions. Details on the
quality of the fit results can be found in [6]. The two right panels of Fig. 2 show the measured
di-muon invariant mass distributions together with the results of the fit procedure for the lowest
and highest multiplicity intervals.

Fig. 3 presents the ratio of the J/ψ yield in a given multiplicty interval relative to the
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Figure 2: Opposite sign invariant mass spectra of the selected e+e− pairs [(a),(c)] and µ+µ−

pairs [(b),(d)] (full symbols) for the lowest [(a),(b)] and highest [(c),(d)] multiplicity bins. The
number of events quoted in the figures refers to the corresponding minimum bias events.

minimum bias yield. Corrections regarding geometrical acceptance, reconstruction efficiency
and their systematics cancel out in the ratio (dNJ/ψ/dy)/<dNJ/ψ/dy >, where (dNJ/ψ/dy)
denotes the J/ψ yield measured in a given multiplicity bin and <dNJ/ψ/dy > corresponds to
the averaged value for minimum bias reactions. It was checked by Monte Carlo simulations that
these corrections do not depend on dNch/dη, in the range under consideration (dNch/dη < 32.9).
The number of events used for the normalization of <dNJ/ψ/dy > is corrected for the fraction
of inelastic events not seen by the trigger condition. After applying acceptance and efficiency
corrections these values correspond to the values than can be extracted from data published
in [6]: <dNJ/ψ/dy >= (8.2 ± 0.8(stat.) ± 1.2(syst.)) × 105 for J/ψ → e+e− in |y| < 0.9, and
<dNJ/ψ/dy >= (5.8± 0.2(stat.)± 0.6(syst.))× 105 for J/ψ → µ+µ− in 2.5 < y < 4.

For the di-electron analysis, the uncertainty due to background subtraction was obtained
as the absolute differences using the like-sign and the track rotation methods. It is found to
be between 2% and 12% for the different multiplicity intervals. For the di-muon analysis this
is evaluated by varying the functional form of the background description (polynomial instead
of exponential). It depends on the signal to background ratio and varies between 3% and 4%.
For the muon measurement an additional systematic uncertainty comes from pile-up events
and is estimated to be 6% in the first multiplicity interval and 3% in the others. To account
for the possible changes of the pT spectrum with event multiplicity, an additional systematic
uncertainty is determined by varying the < pT > of the J/ψ spectrum that is used as input to
the determination of the Monte Carlo corrections between 2.6 and 3.2 GeV/c. A systematic
uncertainty of 1.5% (3.5%) is found for the di-electron (di-muon) analysis. The total systematic
error on (dNJ/ψ/dy)/<dNJ/ψ/dy > is given by the quadratic sum of the different contributions
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Figure 3: dNJ/ψ/dy as a function of the charged particle multiplicity density at mid-rapidity
dNch/dη. Both values are normalized by the corresponding value for minimum bias pp collisions.
Two measurements are shown: in red circles at mid-rapidity (J/ψ → e+e−, |y| < 0.9) and in
blue squares at forward rapidities (J/ψ → µ+µ−, 2.5 < y < 4). Statistical uncertainties of
the J/ψ yields are represented by error bars, while boxes reflect the quadratic sum of the
point-to-point systematic uncertainties.

and amounts to 2.5− 12 % depending on the multiplicity interval for the di-electron result. In
the case of the di-muon analysis, it varies between 8% in the first and 6% in the last multiplicity
interval. An additional global uncertainty of 1.5% on the normalization of <dNJ/ψ/dy > is
introduced by the correction of the trigger inefficiency for all inelastic collisions. More detailed
explanations on the estimation of systematic uncertainty estimated in this analysis can be found
in [22].

In Fig. 3 an approximately similar linear increase of the relative J/ψ yield (dNJ/ψ/dy) /
<dNJ/ψ/dy > with (dNch/dη)/<dNch/dη > is observed in both rapidity ranges. The enhance-
ment relative to minimum bias J/ψ yield is a factor of approximately 5 at 2.5 < y < 4 (8 at
|y| < 0.9) for 4 times the minimum bias charged particle multiplicity. A possible explanation for
the observed correlation could be that J/ψ is always accompanied by a strong hadronic activity
biasing high multiplicity events. Such a mechanism could imply particular spatial distributions
and J/ψ-hadron correlations could clarify the situation. Another possible mechanism would be
initial density fluctuations accompanied by a specific structure of the nucleon. This mechanism
seems to explain a factor 4 to 5 for charged multiplicity in J/ψ events 5 times larger than in
minimum bias events [13].
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Figure 4: Relative J/ψ yield (dNJ/ψ/dy)/<dNJ/ψ/dy > as a function of the relative charged
particle multiplicity density around mid-rapidty (dNch/dη)/<dNch/dη > calculated with
PYTHIA 6.4.25 in the PERUGIA 2011 tune MSTP(5)=350. Results are shown at forward
(2.5 < y < 4) and central (|y| < 0.9) rapidities for J/ψ produced in hard scatterings via the
NRQCD framework (MSEL=63).

3 First PYTHIA 6.4 comparison

To compare our results to the predictions of a model, the model has to be able to reproduce all
aspects of an event : the hard, the soft and semi-hard part of the event in a consistent framework.
Event generators seem well suited to fulfill such a requirement. The considered event generator
should also include heavy quarks (c and b) and heavy resonances such as J/ψ considering the
correct masses of heavy quarks, energy conservation and color flow. Few models are left and
none of them was built considering this new observable of J/ψ yield versus multiplicity. The
first one we can think of is PYTHIA 6.4 [25] which is a pp event generator commonly used at
the LHC. This is not the best model adressing quarkonium production, but it is extensively
used, tuned and debugged. In this sense, this study is a first attempt of model-comparison for
J/ψ yield versus multiplicity.

Detailed explanations on the physics model of PYTHIA 6.4 can be found in [25]. A pp
event is composed by a hard 2 → 2 process. The two partons from the incoming protons
can evolve through initial state radiation processes (ISR) before the hard subprocess. The
two produced partons can also evolve with final state radiation processes (FSR). To produce
J/ψ, several models are available, the color singlet (ISUB=86 with gluon fusion) where a J/ψ is
produced with a gluon to ensure momentum conservation, and NRQCD (ISUB=421-439) where
a pre-resonant state is produced. This pre-resonant state will then decay into a J/ψ emiting
a soft gluon. In addition to the first hard interaction, a MPI scenario with varying impact
parameter allows other incoming partons to undergo hard and semi-hard interactions. The first
one is the hardest one. The following ones are ordered in hardness. In the last model of MPI
implemented in PYTHIA 6.4, other interactions also evolve through ISR and FSR. In PYTHIA
6.4, quarkonia production in hard process is only available in the first hard interaction and not
in the following ones of the MPI scenario. This was corrected in PYTHIA 8. In addition to
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the hard production, J/ψ can be produced from B decays. This source can be easily turned off,
imposing B hadrons to be stable. J/ψ can also be produced by the fragmentation of a cluster
made of a cc̄ pair produced by the branching of one or two gluons into cc̄ pairs. Those gluons
come from ISR and FSR. At the end of the procedure all produced partons are connected with
strings that will fragment into hadrons via the LUND string model [25].

In this study the version PYTHIA 6.4.25 is used with Perugia 2011 (P2011) tune, a recent
tuning of PYTHIA including the fit of LHC pp data at 7 TeV. It is well suited to describe
multiplicity distributions. We consider in this article only MSTP(5)=350 which is the major
P2011 tune [26]. B hadrons are forced to be stable. Two different data samples are generated.
The first one is minimum bias (MSEL=1) for the denominator of our observable. The second
sample used in the denominator contains J/ψ. It is generated with MSEL=63 : J/ψ are
generated in hard processes with the NRQCD framework implemented in PYTHIA [25]. This
second sample also contains J/ψ produced by cluster fragmentation. The identification of J/ψ
from hard processes and J/ψ from cluster fragmentation can be done with the flavour code of
the mother, allowing the separation of the two contributions. Finally, the same kinematical cuts
than in the ALICE experimental data sets are used to identify J/ψ and charged particles. As
in the data analysis the samples are normalised by the number of events and the mean number
of charged particles. The obtained results are shown in Fig. 4 for PERUGIA 2011 tune with
MSTP(5)=350. Results for J/ψ produced in hard scattering only are presented for the same
rapidity regions as in the data analysis.

Concerning cluster contribution, further studies indicate that this contribution is strongly
enhanced by the color reconnection mechanism. Clusters come from gluons originating from ISR
and FSR. Therefore, this contribution should scale with multiplicity, because high multiplicity
events correspond to events with a high partonic activity (MPI, ISR, FSR) and so an enhanced
probability to form a cluster. Nevertheless this contribution in PYTHIA 6.4.25 does not seem to
be under control due to the way color reconnection is implemented [26] and warnings concerning
the physics model of the cluster implementation can be found in the PYTHIA manual [25].
Thus, this contribution is excluded in results of Fig. 4.

The J/ψ production from hard processes only, decreases as a function of relative multiplicity,
which is in disagreement with the trend observed in the data (Fig. 3). A näıve interpretation
would be that if the first hard process is independent from the other aspects of the event (ISR,
FSR, MPI, underlying event), the J/ψ yields should be flat as a function of multiplicity. It is not
observed with PYTHIA 6.4.25, and further studies with other models are needed to understand
this behaviour. E.g. a study with PYTHIA 8 might provide further insight. In PYTHIA 8,
MPI could play a role in J/ψ production with the possibility of quarkonium production in all
the parton-parton interactions of the MPI scenario. Other event generators, such as CASCADE
[27], that contains J/ψ production [28] should be tested as well.

4 Conclusions

In summary, we have presented the first measurement of the J/ψ yield as a function of the
charged particle multiplicity dNch/dη, performed by the ALICE collaboration [22]. J/ψ mesons
are detected at mid-rapidity (|y| < 0.9) and forward rapidity (2.5 < y < 4), while dNch/dη
is determined at mid-rapidity (|η| < 1). An approximately linear increase of the J/ψ yields
with the charged particle multiplicity is observed. The increase is similar at forward and mid-
rapidity, exhibiting an enhancement relative to minimum bias J/ψ yield by a factor of about 5
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at 2.5 < y < 4 (8 at |y| < 0.9) for ∼ 4 times the minimum bias charged particle multiplicity.
A first comparison with PYTHIA 6.4 simulations was shown. J/ψ yields originated from the
first hard interaction do not follow the same trend as seen in the data. Further studies are
needed to explore the physics involved in such a new observable. From the experimental side
the study of charged particle multiplicity dependence of Υ, open charm and also other hard
observables such as jet and Drell-Yan production could bring more informations. Multiplicity
studies for various pT classes are also of interest. One could also propose an underlying event
study replacing the leading jet by a J/ψ and J/ψ-hadrons correlation studies. From the event
generators side, new studies are needed with PYTHIA 6.4, considering new tunes and other
sets parameter. Other models should also be tested such as PYTHIA 8 and CASCADE.

References
[1] N. Brambilla et al., ”Heavy quarkonium: progress, puzzles, and opportunities”, Eur. Phys. J.C71 (2011),

p.1534, arXiv:hep-ph/1010.5827

[2] J. P. Lansberg, ”On the mechanisms of heavy-quarkonium hadroproduction”, Eur. Phys. J. C61 (2009)
p.693, arXiv: hep-ph/0811.4005

[3] M. Butenschoen and B. A. Kniehl, “Reconciling J/ψ production at HERA, RHIC, Tevatron, and LHC
with NRQCD factorization at next-to-leading order,” Phys. Rev. Lett. 106 (2011) 022003 arXiv:hep-
ph/1009.5662

[4] M. Butenschoen and B. A. Kniehl, “J/psi polarization at Tevatron and LHC: Nonrelativistic-QCD factor-
ization at the crossroads,” arXiv:hep-ph/1201.1872

[5] J. P. Lansberg, “J/ψ production at sqrt(s)=1.96 and 7 TeV: Color-Singlet Model, NNLO* and polarisation,”
arXiv:hep-ph/1107.0292

[6] K. Aamodt et al. [ALICE Collaboration], “Rapidity and transverse momentum dependence of inclusive
J/psi production in pp collisions at sqrt(s) = 7 TeV,” Phys. Lett. B 704 (2011) 442 arXiv:hep-ex/1105.0380

[7] G. Aad et al. [ATLAS Collaboration], “Measurement of the differential cross-sections of inclusive, prompt
and non-prompt J/psi production in proton-proton collisions at sqrt(s) = 7 TeV,” Nucl. Phys. B 850 (2011)
387 arXiv:hep-ex/1104.3038

[8] V. Khachatryan et al. [CMS Collaboration], Eur. Phys. J. C 71 (2011) 1575 arXiv:hep-ex/1011.4193

[9] R. Aaij et al. [LHCb Collaboration], “Measurement of J/psi production in pp collisions at sqrt(s)=7 TeV,”
Eur. Phys. J. C 71 (2011) 1645 arXiv:hep-ex/1103.0423

[10] Z. Conesa del Valle et al., “Three Days Of Quarkonium Production In Proton-Proton And Proton-Nucleus
Collisions. Proceedings, Workshop, Quarkonium 2010, Palaiseau, France, July 29-31, 2010,” Nucl. Phys. B,
Proc. Suppl. 214 (2011) 187 p

[11] L. Frankfurt et al., “Evidence for color fluctuations in the nucleon in high-energy scattering,” Phys. Rev.
Lett. 101 (2008) 202003 arXiv:hep-ph/0808.0182

[12] M. Strikman, “Transverse structure of the nucleon and multiparton interactions,” Prog. Theor. Phys. Suppl.
187 (2011) 289

[13] M. Strikman, “Comments on the observation of high multiplicity events at the LHC,” Phys. Rev. D 84
011501(R) 2011, arXiv:hep-ph/1105.2285 and private communication

[14] H. J. Drescher et al., “Parton based Gribov-Regge theory,” Phys. Rept. 350 (2001) 93 arXiv:hep-
ph/0007198

[15] T. Sjostrand and M. van Zijl, “A Multiple Interaction Model for the Event Structure in Hadron Collisions,”
Phys. Rev. D 36 (1987) 2019

[16] P. Bartalini et al., arXiv:1003.4220

[17] M. Aguilar-Benitez et al. [LEBC-EHS Collaboration], “COMPARATIVE PROPERTIES OF 400-GeV/c
PROTON - PROTON INTERACTIONS WITH AND WITHOUT CHARM PRODUCTION,” Z. Phys. C
41 (1988) 191

8 MPI@LHC 2011

Sarah Porteboeuf-Houssais

28 MPI@LHC 2011



[18] B. Alver et al. [PHOBOS Collaboration], “Phobos results on charged particle multiplicity and pseudorapid-
ity distributions in Au+Au, Cu+Cu, d+Au, and p+p collisions at ultra-relativistic energies,” Phys. Rev.
C 83 (2011) 024913 arXiv:nucl-ex/1011.1940

[19] A. Kisiel, Phys. Rev. C 84 (2011) 044913 arXiv:nucl-th/1012.1517

[20] K. Werner, I. .Karpenko and T. Pierog, “Hydrodynamical evolution in heavy ion collisions and p p scat-
terings at the LHC: Ridges in A A and p p scattering,” Acta Phys. Polon. Supp. 4 (2011) 629

[21] S. Vogel et al., “Heavy Quark Energy Loss in High Multiplicity Proton Proton Collisions at LHC,” Phys.
Rev. Lett. 107 (2011) 032302 arXiv:hep-ph/1012.0764

[22] K. Aamodt et al. [ALICE collaboration], submitted to PLB, arXiv:hep-ex/1202.2816.

[23] K. Aamodt et al. [ALICE Collaboration], “The Alice Experiment At The Cern LHC,” JINST 3 (2008)
S08002

[24] K. Aamodt et al. [ALICE Collaboration], “Charged-particle multiplicity measurement in proton-proton
collisions at sqrt(s) = 7 TeV with ALICE at LHC,” Eur. Phys. J. C 68 (2010) 345 arXiv:hep-ex/1004.3514

[25] T. Sjostrand, S. Mrenna and P. Z. Skands, JHEP 0605 (2006) 026 arXiv:hep-ph/0603175

[26] P. Z. Skands, “Tuning Monte Carlo Generators: The Perugia Tunes,” Phys. Rev. D 82 (2010) 074018
arXiv:hep-ph/1005.3457, and private communication

[27] H. Jung, ”The CCFM Monte Carlo generator CASCADE” Comput. Phys. Commun. 143 (2002), 100-111,
arXiv:hep-ph/0109102

[28] H. Jung, S. Baranov, M. Deak, A. Grebenyuk, F. Hautmann, M. Hentschinski, A. Knutsson and M. Kramer
et al., “The CCFM Monte Carlo generator CASCADE version 2.2.03,” Eur. Phys. J. C 70 (2010) 1237
[arXiv:1008.0152 [hep-ph]].

MPI@LHC 2011 9

J/ψ production as a function of charged particle multiplicity in . . .

MPI@LHC 2011 29





Chapter 2

Monte Carlo development and
tuning

MPI@LHC 2011 31





Obtaining the CMS ridge effect with

multiparton interactions

Sara Alderweireldt1, Pierre Van Mechelen1

1Universiteit Antwerpen, Groenenborgerlaan 171, 2020 Antwerpen, België
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We show that the “ridge” phenomenon in the two-particle angular correlation function,
as observed by the CMS experiment, can be reproduced by implementing an impact pa-
rameter dependent azimuthal correlation of the scattering planes of individual partonic
interactions. Such an approach is motivated by the observation that even for moderate
impact parameters a substantial number of partonic interactions may be produced, while
at the same time the protons are sufficiently far apart to create a preferential direction in
azimuth.

A re-tune of the Pythia6 Z2 tune based on underlying event and minimum bias distribu-
tions measured at the LHC shows that a better description of data can be obtained with
this approach and that some tension existing between underlying event and minimum bias
distributions can be removed. We show that, even though the CMS result on the angular
correlation function itself is not used in the re-tune, we can predict the appearance of
long-range, near-side angular correlations in proton-proton collisions.

1 Introduction

The CMS ridge effect is a two-particle angular correlation effect observed by the Compact Muon
Solenoid (CMS) experiment in Large Hadron Collider (LHC) proton-proton collisions at high
charged track multiplicities (Nch > 110) and in a specific transverse momentum range (pT =
1 − 3 GeV). This effect, together with other visible structures in the R (∆η,∆φ) correlation
distribution, was described in [1].

Two-particle correlation function R (∆η,∆φ) is defined as:

R (∆η,∆φ) =

〈
(〈N〉 − 1)

(
SN (∆η,∆φ)

BN (∆η,∆φ)
− 1

)〉

bins

(1)

Data is binned according to charged track multiplicity Nch. The signal SN (∆η,∆φ) consists of
the charged two-particle density, while the background BN (∆η,∆φ) is given by the distribution
of uncorrelated particle pairs – the product of two single-particle distributions. Finally, the data
is averaged, weighted with bin multiplicity, over all bins. The analysis is repeated for four sets of
data. On one hand two minimum bias sets (all Nch), one including all particles with transverse
momenta above 0.1 GeV and the other including all particles with transverse momenta between
1 and 3 GeV. On the other hand two high-multiplicity sets (Nch > 110), again with the same
two transerverse momentum selections.
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Some of the effects reported in [1], including the near-side peak at (∆η,∆φ) = (0, 0), the
away-side ridge at (∆η,∆φ) = (∆η, π) and the Gaussian ridge at (∆η,∆φ) = (0,∆φ) can be
explained with single two-to-two partonic interactions. The first two are visible in all sets of
data, while the third one is most clear in the minimum bias pT > 0.1 GeV case. A fourth effect,
the near-side ridge, a long-range azimuthal correlation at (∆η,∆φ) = (∆η, 0) only visible in
high-multiplicity events at moderate pT , requires further study. It is for this last effect that we
propose a model.

For our study we observe the effect of our modification of the Pythia6 [2] Monte Carlo (MC)
event generator on select observables and consider changes in a few existing Pythia6 param-
eters to counteract the side-effects of our modification. This latter step can be considered a
re-tuning to CMS data. Note that we only use a limited set of CMS data and start from the
existing Pythia6 tune Z2 [3]. More global tuning including other experiments’ data was not
within the scope of this study, but may be added later.

2 The azimuthal alignment model

For large enough impact parameter b (figure 1), the multiparton interactions in proton-proton
collisions tend to lie in the collision plane of the hardest interaction and the final state particles
will have similar azimuthal angle φ – this results in near-side effects. Furthermore, an explana-
tion for the ridge effect with multiparton interactions would require enough such interactions
to be taking place, which leads to high-multiplicity events. At the same time we require that
the multiparton interactions are semi-hard, and thus yield moderate-pT particles. Finally, we
are dealing with incoming partons with very different xbj and as such will have interactions in
a broad pseudo-rapidity range η – this gives rise to long-range effects. So far, everything is still
consistent with the observations made by CMS.

Figure 1: Protons separated by impact parameter b.

What is still a problem, is that high-multiplicity events are generally central collisions which
have an impact parameter b ∼ 0, while the definition of the collision plane of the hardest
interaction requires large b. In light of this issue, we study whether a small upward fluctuation
in the amount of multiparton interactions, for the case of moderate impact parameter, suffices
to explain the CMS ridge effect.

The modification we introduce goes on top of the most recent multiparton interaction model
currently in Pythia6 [4]. In this existing model, the amount of multiparton interactions, a
measure for the activity, is inversely proportional to impact parameter b (VINT(139), rescaled

to bavg = 1 for the minimum bias case). The azimuthal angle φ̂ (VINT(24)) is chosen randomly.
This last point makes that angular correlations – also the long-range, near-side ones – would
be missing in events generated with Pythia6.
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We propose sampling random points (xi, yi) in Gaussian proton profiles (figure 2), these protons
being separated by impact parameter b, and using trigonometry to calculate the φ-offset from
the hardest interaction. To allow for some tuning freedom we add a scaling parameter α to the
impact parameter b. Ideally, the scaling parameter would be one. This results in:

φi = φhardest + arctan

(
y2 − y1

(x2 + α · b/bavg)− x1

)
(2)

We implement the modification for two different modes of the multiparton interaction model
of Pythia6 which both make use of hadronic overlap according to Gaussian distributions. In
those cases, the above φ-definition makes sense. In our tuning activity reported in section 3,
we focus on the mode which uses double-gaussian matter profiles (MSTP(82) = 4).

Figure 2: Sampling of random points in Gaussian proton profiles, separated by impact param-
eter b, and introduction of scaling parameter α to allow some tuning freedom.

The modification has several implications. We study two sets of data: CMS underlying event
(UE) data [3], showing the charged multiplicity Nch and transverse momentum sum

∑
pT in

the region transverse to a jet or hard interaction (figure 3), and CMS minimum bias (MB)
data [5], showing the charged multiplicity Nch integrated over azimuthal angle φ. By introduc-
ing the modification, we generate interactions with an azimuthal separation from the hardest
interaction smaller than would be the case with the previous uniform azimuthal distribution.
The interactions get shifted to the toward/away regions and the plateau for N transverse

ch drops
(figure 4, top). Re-raising this plateau to describe the data requires a re-tune, modifying the
pT -cutoff and by proxy the activity, Nch. The pT -cutoff in Pythia6 is given by:

pminT (ECM ) = p0T ·
(
ECM
EREF

)γ
= PARP (82) ·

(
ECM
EREF

)PARP (90)

(3)

In contrast with the clear effect on UE results, we expect little or no sensitivity to the modi-
fication for the MB results, which are integrated over azimuth φ (figure 4, bottom). Possibly
this diffence in sensitivity also allows to lift some of the tension which exists between the UE
and MB descriptions.

Figure 3: Areas in ∆φ with respect to the leading track jet.
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Figure 4: Overview of the sensitivity of Nch observables in CMS UE (top) and MB (bottom)
data to changes in scaling parameter α [purple], with Z2 [black] as a reference.

3 Tuning

In this second part we report the results of our small-scale automized three-parameter re-tuning
to the two earlier described CMS data sets. We start off with a review of the sensitivity of
the observables to the three parameters and end with two tunes, one simple tune to just four
Nch distributions (transverse & total Nch and 0.9 & 7.0 TeV) and one two-step tune to all MB
and UE observables in the data sets. The first tune allows us to get a feeling of the parameter
space in play, while the second one aims to reach a more solid result fixing the pT -cutoff based
on the MB observables (insensitive to scaling parameter α) and then using the UE observables
to fix α. For the actual tuning, we make use of the Professor package [6], which takes care
of automated tuning based on Rivet plots [7] of observables with reference data. For the
interpretation of the tune result we make the comparison with existing tune Z2* rather than
with tune Z2. Z2* is a Professor re-tuning of Z2 to CMS UE data, for parameters PARP(82)
and PARP(90).

3.1 Sensitivity

The first observation (figure 5) is that Pythia6 p0T -reference PARP(82) and energy-scaling
parameter PARP(90) affect all activity, both transverse and total activity at both 0.9 and
7.0 TeV. For variations in the p0T -reference (red/blue solid) the effect is the same at both
energies, while for variations in the energy-scaling parameter (green/orange dashed) the effect
is opposite at the two energies. This is to be expected since 0.9 and 7.0 TeV lie on both sides
of reference energy 1.8 TeV used in the pT -cutoff formula. On the part of α (figure 4), we can
see a clear effect in the transverse region (UE dataset) and little to no effect in the φ-integrated
case (MB dataset).
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Figure 5: Overview of the sensitivity of Nch observables in CMS UE (top) and MB (bottom)
data to changes in PARP(82) [blue, red solid] and PARP(90) [green, orange dashed], with Z2
[black] as a reference. In brackets the values (PARP(82), PARP(90), α) are marked.

3.2 Tune one

This first crude tune, which we call Z2R, is made with the Professor package to just four
observables (two UE and two MB) and confirms what is also more or less visible by eye. We
want a moderate α, so as not to destroy the match with data so much that it cannot be restored
(either in MB, UE or both), while still having enough power to introduce the intended long-
range near-side effect. Next, we need a slight lowering in the p0T -reference (compared to optimal
tune Z2*) to re-raise the Nch plateau in the transverse region. The energy-dependence will be
of less importance. We find exactly this in our Z2R Professor tune (table 1), for which we
used the cubic interpolation mode. In general we find that, to begin with, the match with
data for the four observables to which we tuned, is of the same quality as in the case of Z2*.
Furthermore, also for the observables in the dataset which we did not include in the tuning,
the match remains acceptable. We show the graphical result of tune Z2R (red solid) in figure
6, with tunes Z2 (black dotted) and Z2* (blue dashed) as reference.

PARP(82) PARP(90) α

Z2 1.83 0.28 0.00
Z2* 1.93 0.23 0.00

Z2R 1.87 0.23 4.15

Table 1: Result of the 1-step 3-parameter tune to 4 observables.
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3.3 Tune two

The second tune we consider is made in two-steps, we call it Z2R’. This time using all the
observables in the same UE and MB CMS datasets, we again perform an automized Professor
tune with cubic interpolation. In the first step, the pT -cutoff (both PARP(82) and PARP(90))
is fixed to the MB data, disregarding any match with UE data. In the second step, α is tuned
to the UE data. After the first step, the match with data is good for MB, but less so for UE.
After the second step, also the match with UE is restored to an acceptable level, comparable
to the Z2* tune. Quantitatively, we again find the tune to be insensitive to PARP(90), while
PARP(82) and α settle on values inbetween those of Z2* and Z2R (table 2, figure 6).

PARP(82) PARP(90) α

Z2 1.83 0.28 0.00
Z2* 1.93 0.23 0.00

Z2R 1.87 0.23 4.15

Z2R’ 1.90 0.23 2.67

Table 2: Result of the 2-step 3-parameter tune to all UE and MB observables.

3.4 The CMS ridge

Finally we consider correlation function R (∆η,∆φ), comparing results using tunes Z2R and
Z2R’ with those from the original paper (figure 7 (top row)). In the middle row, the results
for Z2R are shown. It is clear that for high-multiplicity moderate-pT events (middle, left), the
long-range near-side ridge is visible, fully in agreement with the CMS results. In the same
row (middle, centre), one can see that also for moderate-multiplicity events a ridge is visible,
denoting that perhaps the effect of the modification is too strong. In the bottom row, the
same plots are shown for tune Z2R’. Here, the effect is not strong enough at high-multiplicity
(bottom, left), as no near-side ridge is visible, while it is still too strong at moderate-multiplicity
(bottom, centre), where an unwanted ridge is visible. For high-multiplicity events, including all
pT > 0.1 GeV (middle/bottom, right), both tunes show similar effects. There is no near-side
ridge and some broadening around ∆η = 0 is visible, both in agreement with CMS data, but
there is an unexplained additional peak at (∆η,∆φ) = (0, π).

4 Conclusions

We proposed a modification of Pythia6, explaining the ridge effect with multiparton interac-
tions. The model introduces a correlation between the azimuth of the event planes of individual
multiparton interactions and the event plane of the hardest interaction. This correlation can
be naturally explained in a physical picture based on the impact parameter between the pro-
tons. The two main implications of this modification are the appearance of the near-side ridge
in high-multiplicity moderate-pT events and a shift in the activity in the transverse region.
This latter effect can be counteracted by a re-tune of the pT -cutoff parameters to underlying
event data. In a slightly broader picture, minimum bias data can be included in the re-tuning.
Implementing this with the Professor package, we found tunes Z2R and Z2R’.
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Figure 6: Performance of the Z2R [red solid] and the Z2R’ [green dashed (intermediate), solid
(final)] tunes, compared to tunes Z2 [black dashdotted] and Z2* [blue dashed], for select ob-
servables in the full UE (rows 1-2) and MB (rows 3-4) data set. The four observables used for
tune Z2R are given in rows 1 and 3.
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Figure 7: Results for R (∆η,∆φ): original (top row), Z2R (middle row) and Z2R’ (bottom
row); (left) high multiplicity, moderate pT ; (centre) minimum bias, moderate pT ; (right) high
multiplicity, all pT > 0.1 GeV.
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A DPMJET-III model (DPMJET-III-2011) with chain fusion adjusted to include energy-
dependent parameters is used to calculate inclusive distributions in p–p collisions at LHC
energies. Presented are charged hadron rapidity distributions, transverse momentum dis-
tributions, multiplicity distributions as well as multiplicities at mid-rapidity as function of
the collision energy. For hadrons with strangeness we present rapidity distributions and
transverse momentum distributions. With the considered merely energy-dependent adjust-
ments the obtained agreement with the transversal Λ and Ξ distribution is not satisfactory.

1 Introduction

Monte Carlo codes based on the two–component Dual Parton Model involving soft and hard
hadronic collisions producing chains of particles are available since almost 20 years [1]. The
present codes are:

PHOJET for h–h and γ–h collisions [2]
DPMJET-III for h–h, h–A and A–A collisions [3]

In distinction to earlier versions DPMJET-III is based on PHOJET for its h–h collisions.
In such collision it is therefore - except for a few additions like the fusion discussed below -
identical to PHOJET. PHOJET describes the production of strings. For the string decay it
calls PYTHIA version 6.412 [4]. For a few special cases we found it necessary to change the
PYTHIA fragmentation. These were done in the DPMJET part, leaving the PYTHIA code
itself untouched. As we use the full program we will refer below just to DPMJET-III. We now
outline its main additions.

Comparing DPMJET-III to RHIC data it was learned that something had to be done
to decrease the particle density. As the strings are quite dense in impact parameter space
interactions between strings are plausible. The expected percolation was modeled as fusion of
close hadronic chains implemented in DPMJET-III [5] in 2004. The obtained reduction was very
essential for central collisions of heavy ions, but fusion also changes the particle production in
very high energy p–p collisions when the number of contributing chains obtained by a Glauber
or eikonal formalism gets sizable.

RHIC and Fermilab data also contain interesting information about particle-antiparticle
ratios [6]. For the baryon/antibaryon distribution the string fusion mentioned above can be
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significant (i.e. two quark-antiquark strings can fuse to a diquark-antidiquark string yielding
baryons and antibaryons).

In the diquark string decay used in PYTHIA one observes a dip in the ratio of the Ω/Ω̄
spectra not seen in the data. A solution of the problem is to include a small contribution of
diquark-diantiquark meson production in the first rank so that Ω can appear in the second
rank. The idea is that such tetra-quark mesons are always produced but decay too fast to be
identified in mass plots.

The LHC experiments did compare DPMJET-III to particle production at LHC–energies,
see [7], [8] and [9]. There were some successful predictions of DPMJET. However, LHC ex-
periments found that around 7 TeV the multiplicity rises faster with energy than predicted by
DPMJET-III.

In order to make the program usable for ongoing data analyses at LHC energies we adjusted
the program to improve the agreement with available experimental results. We allowed for an
energy-dependence of string decay parameters. No differentiation between softer and harder
strings was attempted. The new results of this modified version will be reported in section 3
and 4.

2 Modifications of DPMJET-III needed for LHC energies

There are essentially three additional modifications of DPMJET-III implemented in order to
get better agreement with LHC data on particle production.

(1) The first modification is connected to a problem with collision scaling known since 2004 [10].
DPMJET-III uses an eikonal formalism to determine the size of various multiple scattering

contributions Pn,{αf
i },{αb

i}
where n is the number of chains and α

f/b
i is the Regge intercept

depending on the diquark, valence quark or sea quark nature of the forward/backward
parton of i-th chain. Let us consider the forward direction. For each such configuration
the attributed energy fractions {xi} to these partons are then chosen with a factorizing
structure function of the form:

Pn,{αi}

∫ n∏

i

xαi−1
i δ(1−

n∑

j

xj)

in which the energy available for a scattering process depends on the remainder. There
are two kinds of chains in DPMJET: Hard chains produced by hard collisions of partons
from the colliding hadrons (typically large p⊥) and soft chains representing soft hadron
production in the collisions. In the factorizing formalism soft processes affect the energy
sampled in hard processes. The discussion concerns the DPMJET part. PHOJET avoids
the problem.
This turned out to be too simple. Experiments [11] gave evidence for collision scaling in
not too central scattering processes1. Collision scaling means, that exactly as many hard
chains are produced as predicted by considering just hard collisions.
To correct for the missing collision scaling an additional parameter was introduced [10]
which increases the number of hard collisions in such a way that collision scaling is ob-
tained. We here adjusted these constants to the LHC data.

1For central heavy ion collision collision scaling is lost as transport effects become important. So far these
effects are not implemented.
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(2) LHC experiments [7, 8, 9] found that the produced hadron multiplicity rises with energy
somewhat faster than the model. To obtain this faster rise with collision energy one needs
to introduce energy-dependent parameters. This is not unreasonable. The time scale of
the initial scattering is inversely proportional to the energy. This causes a more local-
ized string and a widening of the p⊥distribution of the string ends, which was observed
as one contribution to the multiplicity dependence of the average transverse momentum
< p⊥ >n. There are of course many different parameters in PYTHIA which can be tuned
in an energy-dependent way.
The solution which was adopted for the moment is not to search for a suitable, possible
theoretically plausible energy-dependence but just to adjust parameters. The two param-
eters which determine the multiplicity of fragmenting chains are the Lund parameters
PARJ(41) and PARJ(42) for which we use the following values:

forEcm (TeV) ≤ 3.0 ∈ [3.0 , 7.0] ∈ [7.0 , 14.0] ≥ 14.0
PARJ(41) = 0.2 0.2 + (Ecm − 3)/40 0.3 + (Ecm − 7)/140 0.35
PARJ(42) = 0.8 0.8− (Ecm − 3)/20 0.6− (Ecm − 7)/70 0.5

We do not continue to change PARJ(41) and PARJ(42) for Ecm larger than the maximum
LHC energy of 14000 GeV. For the moment (in ”DPMJET-III-2011”) we replace in the
FORTRAN code PARJ(41) and PARJ(42) by the values given in the table above as soon
as in the input cards a change of PARJ(41) and PARJ(42) is demanded.

(3) The third modification is connected to the production of strange hadrons. The production
of K0

s mesons and of Λ and Ξ− hyperons in p-p collisions was measured by the CMS
Collaboration [19]. The program gave more K0

s than measured by CMS, while it obtained
less Λ and Ξ− production than measured by CMS. To increase the agreement with the
measurements in this regard more energy-dependent parameters have to be introduced.

Hyperon and strange meson production in DPMJET-III is controlled by the Lund param-
eters PARJ(1), PARJ(2), PARJ(3), PARJ(5) and PARJ(6). The default of the parameter
PARJ(2) was not touched. For the other parameters the following energy-dependent val-
ues (in the energy range up to Ecm = 14 TeV) were implemented:

forEcm (TeV) ≤ 0.5 ∈ [0.5 , 0.9] ∈ [0.9 , 1.0] ∈ [1.0 , 3.0] ∈ [3.0 , 7.0] ≥ 7.0

PARJ(1) = 0.1 0.1 + (Ecm−0.5)
4 0.2

PARJ(3) = 0.4 0.4 + (Ecm−0.5)
0.25 2.0

PARJ(5) = 0.5 0.5− (Ecm−3.0)
80 0.45

PARJ(6) = 0.5 0.5 + (Ecm−1.0)
10.91 1.05

3 Comparison of DPMJET–III–2011 results
with LHC data on charged hadron production

We start to discuss the non single diffractive (nsd) and inelastic (inel) pseudo-rapidity distri-
bution dNch/dηcm measured by the CMS and ALICE Collaborations.

In figure 1 we present for p–p collisions the non single diffractive data from CMS [12] at
900, 2360 and 7000 GeV and the non single diffractive and inelastic data from ALICE [13]
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Figure 1: Central ηcm distributions of charged particles in (a)
√
s = 900, 7000 and 14000

GeV and (b)
√
s = 2360 and 9000 GeV p–p collisions compared to non single diffractive (nsd)

and inelastic (inel) pseudo-rapidity distributions obtained with DPMJET-III-2011. The ex-
perimental data are from the CMS Collaboration [12] for nsd collisions and from the ALICE
Collaboration [13] for nsd and inel collisions.

at 900 and 2360 GeV and compare them with the results from DPMJET–III-2011. Excellent
agreement is obtained.

Also included are the results at 9000 and 14000 GeV in p–p collisions. At these energies the
distributions are expected to be be measured at the LHC in the future.

The energy-dependence of the central density dN/dηcm at ηcm = 0 is presented in figure 2(a)
for p–p collisions of nsd and inel events. The DPMJET–III-2011 results are compared with data
from various energies. In all cases a good agreement is obtained.

In figure 2(b) we compare pt distributions from the DPMJET–III-2011 in p–p collisions at√
s = 900, 2360 and 7000 GeV with representative experimental data points from the CMS

Collaboration [7]. The agreement between the modified program and the CMS data points is
good.

In figures 3 we compare the multiplicity distributions for |η| < 1 with experimental data
from the ALICE Collaboration [13]. Again a reasonable agreement is obtained.

Unfortunately here the situation becomes even more problematic. In figure 4(a) we compare
the dn/dycm distributions of Ξ hyperons in the DPMJET-III-2011 with the measurements of
CMS. The modified model predicts Ξ distributions about three times as large as measured by
CMS.

We have modified the parameters in such a way, that the Λ hyperons agree with the CMS data.
The same parameters should also lead to agreement for the Ξ hyperons. They do not (figure 5).
We can only conclude, that so far we do not fully understand the production of Ξ hyperons.
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Figure 2: (a) Central ηcm values of all charged particles in p–p collisions compared to DPMJET-
III-2011 results. The experimental data are from the CMS Collaboration [12] for nsd collisions
and from the ALICE Collaboration [13] for nsd and inel collisions. Further data are from UA5
[14], the ISR [15], STAR [16], UA1 [17] and CDF [18]. (b) Transverse momentum distributions in
p–p collisions at

√
s = 900, 2360 and 7000 GeV. We compare data from the CMS Collaboration

[7] to DPMJET-III-2011 results.
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Figure 3: (a) Multiplicity distributions in p–p collisions at
√
s = 7000 GeV. We compare data

for |η| < 1 from the ALICE Collaboration [13] to the DPMJET-III-2011 result. (b) Multiplicity
distributions in p–p collisions at

√
s = 2360 GeV. We compare data for |η| < 1 from the

ALICE Collaboration [13] to the DPMJET-III-2011 result. (c) Multiplicity distributions in
p–p collisions at

√
s = 900 GeV. We compare data for |η| < 1 from the ALICE Collaboration

[13] to the DPMJET-III-2011 result.

(a) (b)

Figure 4: (a) dn/dycm distributions in p-p collisions of K0
s and K̄0

s as well as Λ and Λ̄. We
compare LHC data from the CMS Collaboration [19] to the DPMJET-III-2011 result. (b)
Transverse momentum distributions of Λ and Λ̄. We compare experimental data from the CMS
Collaboration [19] to the DPMJET-III-2011 result.
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Figure 5: dn/dycm distributions of Ξ and Ξ̄. We compare experimental data from the CMS
Collaboration [19] to DPMJET-III-2011 calculations.

4 Comparison of DPMJET–III-2011 results with
LHC data on the production of strange hadrons

Strange hadron production in p-p collisions was measured by the CMS Collaboration [19]. It
determined the production of K0

s mesons and the production of Λ and Ξ− hyperons.

Similar data on the production of strange hadrons were also given by the ALICE Collabo-
ration [20]. We did not include them so far as they do not affect the consideration discussed
below.

In figure 4(a) we compare the production of K0
s and Λ hyperons in dependence of the

dn/dycm. With energy-dependent parameters good agreement of the DPMJET-III-2011 and
the CMS measurements is obtained.

But the situation is not perfect. CMS also measures transverse momentum distributions.
Comparing transverse momentum distributions we find the shape of the distributions to differ.
This can be seen in figure 4(b) showing the transverse momentum distributions of Λ hyperons.
Above 1 GeV the model is below the data. A similar problem seems to appear in many model
calculations [21].

If we would also adjust the parameters in such a way, that the agreement between the
transverse momentum distributions is optimal in this region, we would obtain a disagreement
in the dn/dycm distributions.

5 Conclusions

DPMJET-III is a code for hadron production in hadron-hadron, photon-hadron, hadron-nucleus
and nucleus-nucleus collisions [2, 3], which is about 10 to 15 years old. The measurements
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of hadron production in p-p collisions at LHC energies gave the occasion to check how well
DPMJET-III agrees to the data in this higher energy region. We knew already from comparisons
at the lower FERMILAB energies, that not all features of DPMJET-III are valid at higher
energies, a well known example is the collision scaling [22] in hadron-nucleus and nucleus-
nucleus collisions and which is not a property of DPMJET-III.

Comparing DPMJET-III with the LHC data we found further problems of DPMJET-III.
The energy-dependence of hadron production measured by the LHC collaborations at 7 TeV
differs from the one predicted by the original DPMJET-III. In the present paper we find,
that this energy-dependence can be corrected in DPMJET-III by making in DPMJET-III the
PYTHIA-parameters energy dependent. We consider the introduction of energy-dependent
parameters only as a temporary solution to get agreement of DPMJET-III with the new LHC
data.

A more permanent solution will require deeper changes in the program. Of course the
parameters entering DPMJET-III, PHOJET and PYTHIA should not be adjusted per hand to
determine the energy-dependence of the hadron production models. This energy-dependence
should be an intrinsic property of the hadron production models. We conclude that we need a
new version of the model which agrees better with the data in the new energy region opened
by the LHC.

References
[1] P. Aurenche, F. W. Bopp, R. Engel, D. Pertermann, J. Ranft, S. Roesler, Comput. Phys. Commun. 83

(1994) 107-123. [arXiv:hep-ph/9402351].

[2] R. Engel, Z. Phys. C 66 (1995) 203;
R. Engel and J. Ranft, Phys. Rev. D 54 (1996) 4244.

[3] S. Roesler, R. Engel and J. Ranft, Proc. of Monte Carlo 2000, Springer Verlag, Lisboa (2000), p.1033
[arXiv:hep-ph/0012252].

[4] T. Sjostrand, S. Mrenna, P. Z. Skands, JHEP 0605 (2006) 026 [arXiv:hep-ph/0603175].

[5] J. Ranft, R. Engel and S. Roesler, Nucl. Phys. B (Proc. Suppl.) 122 (2003) 392.

[6] F. W. Bopp, J. Ranft, R. Engel, S. Roesler, Phys. Rev. C 77 (2008) 014904 [hep-ph/0505035].

[7] CMS Collaboration, arXiv:1005.3299 [hep-ex], arXiv:1011.5531 [hep-ex] and arXiv:1012.1605 [hep-ex].

[8] ALICE Collaboration, arXiv:1004.3514 [hep-ex], arXiv:1007.0719 [hep-ex], arXiv:1010.2448 [hep-ex] and
arXiv:1102.2369 [hep-ex].

[9] ATLAS Collaboration, arXiv:1003.3124 [hep-ex] and arXiv:1010.0843 [hep-ex].

[10] F. W. Bopp, J. Ranft, R. Engel and S. Roesler, “RHIC data and the multichain Monte Carlo DPMJET–III”,
arXiv:hep-ph/0403084 based on a poster subm. to the 17th Int. Conf. on Ultra relativistic nucleus–nucleus
collisions, Oakland, Calif. USA (2004).

[11] J. L. Klay, J. Phys. G 31 (2005) S451-S464 [arXiv:nucl-ex/0410033].

[12] CMS Collaboration, J. High Energy Phys., 2010 (2010) 02041.

[13] ALICE Collaboration, arXiv:1102.2369 [hep-ex].

[14] UA5 Collaboration, Z. Phys. C 33 (1986) 1.

[15] Aachen–CERN–Heidelberg–Munich Collaboration, Nucl. Phys. B 129 (1977) 365.

[16] STAR Collaboration, Phys. Rev. C 79 (2009) 034909.

[17] UA1 Collaboration, Nucl. Phys. B 335 (1990) 261.

[18] CDF Collaboration, Phys. Rev. D 41 (1990) 2330.

[19] CMS Collaboration, arXiv:1102.4282 [hep-ex] and with corrections as given in
http://hepdata.cedar.ac.uk/view/p8016.

8 MPI@LHC 2011

Fritz W. Bopp, Johannes Ranft

48 MPI@LHC 2011



[20] K. Aamodt, A. Abrahantes Quintana, D. Adamova, A. M. Adare, M. M. Aggarwal, G. Aglieri Rinella,
A. G. Agocs, S. Aguilar Salazar et al., Eur. Phys. J. C 71 (2011) 1594 [arXiv:1012.3257 [hep-ex]].

[21] Hai-Yan Long et al., arXiv:1103.2618 [hep-ph].

[22] S. S. Adler et al. [PHENIX Collaboration], Phys. Rev. Lett. 91 (2003) 072303. [arXiv:nucl-ex/0306021].

MPI@LHC 2011 9

Inclusive distributions in pp collisions at LHC energies compared . . .

MPI@LHC 2011 49





Multiparton interactions in Herwig++

Stefan Gieseke1∗, Christian Röhr1, Andrzej Śıodmok1,2
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We summarize the implementation of a model for multiple partonic interactions in her-
wig++. Some studies of colour reconnection models are presented and conclusions are
drawn regarding the underlying physics.

1 Introduction

Tevatron and early LHC data have shown the importance of Multiple Partonic Interaction
(MPI) models in order to give an accurate Monte Carlo simulation of minimum bias events
and the underlying event in hard partonic collisions [1, 2, 3, 4, 5, 6, 7, 8, 9, 10, 11, 12, 13].
The major Monte Carlo event generators herwig [14], pythia [15, 16] and sherpa [17] by
now all have an MPI model in order to simulate the underlying event. In this contribution, we
summarize the MPI model in the event generator herwig++.

2 MPI model in Herwig++

The starting point of our model is the observation that the hard inclusive cross section for dijet
production,

σinc(s; pmin
t ) =

∑

i,j

∫

pmin
t

2
dp2

tfi/h1
(x1, µ

2)⊗ dσ̂i,j
dp2

t

⊗ fj/h2
(x2, µ

2) ,

eventually exceeds the total cross section at hadron colliders. This leads us to the interpretation
that in fact the inclusive cross section counts not only single hard events but all hard events
that occur in parallel during the very same hadron–hadron collision. With the key assumption
of independent multiple partonic interactions we may interpret this as

σinc = n̄ σinel ,

with the average number of hard scatters n̄ and σinel the ‘unitarized’ inelastic cross section. With
statistically independent scatters (eikonal approximation) we are lead to a Poisson distribution
of the number m of additional scatters,

Pm(~b, s) =
n̄(~b, s)m

m!
e−n̄(~b,s) .

∗Speaker
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Hence, we get σinel:

σinel =

∫
d2~b

∞∑

m=1

Pm(~b, s) =

∫
d2~b

(
1− e−n̄(~b,s)

)
.

Comparing with a unitarized scattering amplitude in scattering theory in the eikonal approxi-

mation a(~b, s) = 1
2i (e

−χ(~b,s) − 1) we can identify the eikonal function χ(~b, s),

σinel =

∫
d2~b

(
1− e−2χ(~b,s)

)
⇒ χ(~b, s) = 1

2 n̄(~b, s) .

The eikonal function or the average number of scatters is calculated in the parton model as

n̄(~b, s) = Lpartons(x1, x2,~b)⊗
∑

ij

∫
dp2

t

dσ̂ij
dp2

t

=
∑

ij

1

1 + δij

∫
dx1dx2

∫
d2~b′

∫
dp2

t

dσ̂ij
dp2

t

Di/A(x1, p
2
t , |~b′|)Dj/B(x2, p

2
t , |~b−~b′|) .

We assume the momentum⊗transverse space distributions to factorize,

Di/A(x, p2
t , |~b|) = fi/A(x, p2

t )GA(|~b|) .

Here, fi/A(x, p2
t ) are the ordinary parton distribution functions and the spatial distribution of

partons GA(|~b|), which is obtained from elastic e−p scattering, so we get

n̄(~b, s) =
∑

ij

1

1 + δij

∫
dx1dx2

∫
d2~b′

∫
dp2

t

dσ̂ij
dp2

t

fi/A(x1, p
2
t )GA(|~b′|)fj/B(x2, p

2
t )GB(|~b−~b′|) .

Now we can carry out the ~b′ integration, factor off the overlap function A(~b) and identify the
inclusive cross section,

n̄(~b, s) = A(~b)σinc(s; pmin
t ) , A(~b) =

∫
d2~b′GA(|~b′|)GB(|~b−~b′|) .

So, finally we arrive at the following expression for the eikonal,

χ(~b, s) = 1
2 n̄(~b, s) = 1

2A(~b)σinc(s; pmin
t ) .

This model of independent partonic interactions was first implemented in Pythia [18] and
similarly in the jimmy add–on to the old herwig program [19]. In all models, first a number
of additional hard scatters is computed according to the probability distribution resulting from
the Poissonian with n̄ as calculated above. The additional hard scatters are simulated as a
primary hard scatter. The differences of the available implementations are hidden in the details
of the application of the parton shower to the various hard processes and the treatment of the
parton distribution functions for the additional scatters and the overlap function. These, as
inclusive quantities, are not anymore well–defined when several partons are extracted from the
proton and hence the remnant extraction has to be modelled. The underlying event model in
sherpa [17] is quite similar but will be replaced by a new approach soon. The current model
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in pythia follows the idea of interleaved partonic interactions and showering and differs quite
significantly from the model discussed here [20, 21].

In herwig++ this model has been implemented and released as well [22]. The only two
parameters of the model are the minimum transverse momentum pmin

t of the additional hard
scatters and the parameter µ2 that characterizes the inverse proton radius in the overlap func-
tion A(~b;µ2). At that stage good agreement with available Tevatron data on the underlying
event was found.

As a second step, also soft interactions were implemented [23]. The model is based on adding
a soft term to the eikonal function. The simplest possibility, using the same overlap function
as for hard interactions, was studied but discarded [24]. The current ansatz we use is the same
functional form of the overlap function with a second independent parameter µ2

soft and the soft
cross section σsoft. The differential distribution of soft scatters in transverse momentum is based
on a Gaussian below pmin

t , which has been introduced above. The parameters of the Gaussian
are fixed by demanding a smooth continuation from hard to soft transverse momenta and the
soft cross section. The additional parameter µ2

soft is fixed with the elastic slope parameter that
can also be calculated within our model. With this extension of the model a good description
of Tevatron underlying event data has been found.

3 Colour reconnection model

First observations of minimum bias events at the LHC [3] have shown that an important model
detail is missing: a colour reconnection model. The pseudorapidity distribution of charged
particles comes out very much peaked towards the forward regions, opposed to the rapidity
plateau found in the data. Hints towards the colour structure were found, as only one model
parameter, namely the probability that a soft interaction is colour disrupted from the rest of
the hard event or not, has shown some sensitivity to this distribution.

The need for a colour reconnection model is quite clear from the point of view of the colour
preconfinement property of QCD which is the basis of the hadronization model in herwig.
Preconfinement tells us that partons that are close in phase space, particularly in momentum
space, will most often also be neighboured in colour space. This property is given in parton
shower models as the colour structure evolution during parton shower evolution retains the
history of the colour charge. In the multiple interaction model, however, this is not the case.
The partons from the additional hard interactions are all extracted from the proton remnants
without respecting a possible colour flow of the event as a whole. Hence, it is possible that jets
from different hard events in the multiple interaction chain can end up in similar directions in
momentum space and therefore should have been created closely in colour space as well. As the
multiple interaction model sets up the colour connection between different hard events ad hoc
we should be able to improve the description of the hadronic final state with colour connections
that resemble our QCD picture of preconfinement, which now have to be modelled.

The goal of any colour reconnection model is to ensure that all (or most) colour–anticolour
charge pairs end up closely in phase space by some criterion. In our case we define closeness of
pairs as having a small invariant mass, or in the herwig case, a small cluster mass. We may
say that a colour length

λ =
∑

pairs ij

m2
ij

should be minimized. Here, ij are all 3⊗ 3̄ pairs that may form a colour neutral cluster in the
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hadronization model. In practice it is computationally too expensive to find the true minimum
for a full partonic final state at the LHC with O(100) partons. Furthermore, we may not really
want to find the true minimum as the colour line picture we use is only true in the limit of
infinite colours and we may very well have fluctuations about the minimum.

Based on this physical picture there are two colour reconnection models implemented in
herwig++. In the plain model, which is similar to the model in Fortran herwig, all clusters
pairs are iterated in a random order and whenever a swap of colours is preferable, i.e. λ becomes
smaller, this is done with a given probability which is the only model parameter. This model
has shown to give the desired results and is implemented in herwig++.

One of the shortcomings of this model is that it is not so easy to assess how close we
come to the true minimum and which clusters are taken into account as only a single random
stream of clusters is presented to the model. In order to study its physical significance we have
implemented a second model that we would like to discuss here a bit more in detail. Here, we
try to minimize the colour length λ with a Metropolis algorithm. This has the advantage that
the minimization procedure is quite physical and can be controlled by the parameters of the
model which have some kind of thermodynamical counterpart. A similar model was discussed
also for pythia [25].

The algorithm is, again, based on random colour rearrangements between randomly chosen
clusters, but now in a more controlled way.

• First an initial ‘temperature’ T is chosen which is related to a typical value of ∆λ =
λnew − λold.

• Based on this temperature, we try a certain number of random colour rearrangements,
proportional to the total number of available clusters.

• For each rearrangement ∆λ is computed. If ∆λ < 0 the new configuration is accepted. If
∆λ > 0, we only accept the new configuration with probability exp(−∆λ/T ).

• After a number of attempts the temperature is decreased by a given factor.

• The algorithm terminates if no more rearrangements were made or a maximum number
of loops has been passed.

It is known well, that if run with a suitable set of parameters this algorithm will come very
close to the true minimum. The key point is that the algorithm also allows for fluctuations
in the wrong direction, controlled by the temperature parameter, in order to also look for
minima in previously unexplored paths. We could confirm this for a few examples where we
also determined the true minimum by brute force. For our application, however, we left the
parameter choice open and had them determined by tuning to minimum bias and underlying
event data. The good results were also shown at this workshop [26].

The result is quite interesting, as actually quite small initial temperatures and a quick
reduction of temperature is preferred by the model. So, effectively the model is making random
colour rearrangements in more or less a single stream of clusters, chosen randomly. This is
exactly what happens in our plain reconnection model. So, physically, the model does not really
want to find the true minimum but rather wants to keep some non–optimal colour correlations
due to deviations from the large Nc limit or other fluctuations of colour.

In addition we have studied a few properties of the model performance that are relevant for
the formation of the hadronic final state. Fig. 1 shows the relative change in colour length for
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Figure 1: Relative change of colour length in various situations

two types of events at the LHC, namely minimum bias events and dijets (pT > 20 GeV), and
LEP events. Clearly the colour length presented to the model at LEP is already close to the
minimum as there the simulation of whole hadronic final state is controlled by QCD. At the
LHC the situation is the opposite as there the underlying events play a role, and possibly also
non–perturbative effects from the hadron remnants.

4 Conclusions

We have summarized the multiple partonic interaction models in herwig++ and described
the ongoing work on colour reconnections in some detail. The colour reconnection models have
found to be vital for the description of LHC data and we have studied the physical significance of
our model with a second model for a controlled minimization of the colour length. This study
has confirmed our physical picture of an initial lack of colour preconfinement in modelling
hadron collider events with MPI.
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The latest development in ATLAS MC generator tunings using LHC data will be discussed.
Pythia 6 generator have been tuned with a variety of PDFs. Pythia 8 tunes have been
constructed for six different PDFs, and are primarily aimed at an optimal description of
minimum bias, for use in pile-up simulation. Also tunes of Herwig+JIMMY were performed
for the final time inside ATLAS. Interesting effects were observed in MPI simulation when
using MC-adapted PDFs.

1 Introduction

This article describes the effort within ATLAS to provide Monte Carlo (MC) generator param-
eter sets – “tunes” – which provide an optimal description of this ATLAS data for use in future
LHC physics studies. These tunes have been constructed for the Pythia6 [1], Pythia 8 [2] and
Herwig/Jimmy [3, 4] event generators, making maximal use of the available published data
from ATLAS as well as the Tevatron and LEP experiments, for a variety of parton density
functions (PDFs).

The effect of PDFs on MC tunes has gained a lot of attention recently. LHC experiments
are more and more using NLO parton shower Monte-Carlos for many of the processes, but
historically LO PDFs has been used for the LO parton shower Monte Carlo generation. MC-
adapted PDFs [5–7] are a relatively new concept which provide PDFs especially designed for
LO generators. The idea is to obtain the behavior of a LO PDF – in particular the LO gluon
distribution – in the phase space relevant for the soft QCD models, while at the same time
modifying the high-x PDFs such that the predictions of the LO MC generator for hard processes
closely resemble the full NLO predictions, i.e. using NLO PDFs in NLO MC calculations.
ATLAS was the first experiment to use these “mLO” PDFs in MC production campaigns. It
has been shown by comparison to Tevatron data [8] that there is no final answer yet as to which
PDFs give the best results. PDF effects on MC model predictions are difficult to obtain unless
the PDF-dependent model parameters are tuned to the data. This note presents comparisons
of full tunes to a variety of MC-adapted, NLO and LO PDFs to LHC data to further check this
approach to PDF construction.

The tuning strategy [9–11] employed was to tune only to published ATLAS
√
s = 7 TeV

and
√
s = 900 GeV minimum bias (MB) [12] and leading track and cluster underlying event

(UE) [13, 14] data, and also to CDF leading jet and Drell-Yan UE [15] and MB [16] data at√
s = 1.96 TeV. Since it was seen that tuning to LHC and Tevatron data with three different

center-of-mass energies is very challenging, more weight was put on ATLAS 7 TeV distributions,
and for Pythia 8 CDF data was not included in the tuning. For Herwig/Jimmy, due to the
limitation of the energy extrapolation model, the tuning input came from 7 TeV and ∼ 2 TeV
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PDF type PDF set Used in tuning

Leading order (LO)
CTEQ6L1 [20] Herwig/Jimmy, Pythia 6, Pythia 8
MSTW08LO [21] Herwig/Jimmy, Pythia 6, Pythia 8

Modified leading order (mLO)
MRSTMCal (LO∗∗) [6] Herwig/Jimmy, Pythia 6, Pythia 8
CT09MC2 [22] Herwig/Jimmy, Pythia 6
MRST2007 (LO∗) [5] Pythia 6, Pythia 8

Next-to leading order (NLO)

CTEQ6.6 [23] Herwig/Jimmy, Pythia 6, Pythia 8
CT10 [24] Herwig/Jimmy, Pythia 6, Pythia 8
MSTW08NLO [21] Herwig/Jimmy
HERAPDF1.0 [25] Herwig/Jimmy
HERAdis [26] Herwig/Jimmy
NNPDF2.1 [27] Herwig/Jimmy, Pythia 6

Table 1: PDF sets used for tuning with corresponding MC generator

data only. The set of Herwig/Jimmy and Pythia 6 tunes were named AMBT2 and AUET2
depending on whether minimum bias or underlying event data was used in the MPI stage of the
tuning. The tunes were performed using the stand-alone AGILe event generator interface [17]
(except for C++ Pythia 8) to steer parameters and switches and to feed events to the Rivet [18]
analysis package. The parameter optimization was done using the Professor [19] tool.

PDFs from different PDF groups such as CTEQ, MSTW and, for the first time, also HERA
and NNPDF2.1 were used and shown in Table 1, along with which generator-tunes used which
set.

2 Herwig/Jimmy

The Herwig event generator is a general-purpose shower and hadronisation generator similar to
Pythia6 but with an angular-ordered (rather than p⊥-ordered) parton showers, and a cluster-
based rather than string-based hadronisation model. Notably, Herwig itself does not have an
MPI model: this feature is added by the Jimmy add-on generator, and this combination in this
article is referred to as Herwig/Jimmy. The MPI parameters are tuned [9].

Since the Jimmy MPI model is by design not valid for multiple scattering where the signal
process is itself a soft scatter, minimum bias data cannot be used for tuning of this generator. As
the underlying event data from ATLAS and CDF represent a smooth transition from minimum
bias to UE-type processes, the softest parts of these observables must also be excluded from fits.
In the ATLAS UE data, and that from the CDF 2001 UE study, the events are considered to
be closer to minimum bias than hard QCD, and so Jimmy is instructed to generate the softest
possible scatters by setting its UE mode to 0, via JMUEO = 0 and setting the lower phase space
cut in pT in hadronic jet production, PTMIN, to the value of the MPI cut-off, PTJIM. The cut-off
for multiple parton interactions modeled with Jimmy is a single parameter, PTJIM, without any
dependence on

√
s. In order to make the model fit to data for various collider energies, we

apply the following energy dependence of PTJIM which is inspired by the “pomeron” energy
evolution of the similar cut-off in the Pythia 6 model:

PTJIM(
√
s) = PTJIM 0 ·

( √
s

1800 GeV

) EXP

, (1)
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where the tuning parameter PTJIM 0 is the value for PTJIM (
√
s) at the reference energy

1800 GeV. The energy exponent tuning parameter, EXP, was manually set at 0.274 in the
MC08 Jimmy tune, and was kept fixed at this value for all PDFs). The final MPI parameter
for tuning is the hadronic form factor radius: although Jimmy allows the proton and anti-proton
radius to be set separately (JMRAD(73), JMRAD(93)), we use the same variable, PRRAD, for both.

Equivalently-weighted tunes were performed for a total of ten PDFs. We found that the
data distributions can be described to a similar degree for all PDFs. The Figures 1. show these
tunes, compared with ATLAS 7 TeV UE data. Left-hand plot shows the comparison of data to
the AUET2 tunes for the LO and mLO PDFs, as well as the AUET1 tune for the mLO LO∗
PDF; the right-hand plot is a comparison of data with all the AUET2 tunes for NLO PDFs.

The Jimmy/Herwig model does not have as many parameters as in Pythia 6, where a
“color reconnection” mechanism can be used to level out the differences between the two classes
of observable, and so one will always be described better than the other. This is particularly
obvious in the observables featuring 〈p⊥〉. The regions governed by soft physics are not described
due to the missing soft physics in Jimmy/Herwig. It can generally be said that the PDF effect
can be “tuned away” with the available parameters, meaning that very similar agreement can
be reached for all PDFs studied. However some differences are visible, e.g. the 〈p⊥〉 vs. Nch

observables are a bit better described by the mLO PDFs than by the LO and NLO PDFs.
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Figure 1: Comparison plots of the new Herwig/Jimmy AUET2 tunes to 7 TeV ATLAS track-
based UE data. Left column: LO and mLO PDFs. Right column: NLO PDFs. The track p⊥
cut for all observables is 500 MeV.
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3 Pythia 6

The Pythia 6 MC generator is used as the main general-purpose event generator in ATLAS,
including in connection with the higher-order matrix element generators. It is based, as are
all general-purpose showering/hadronisation generators, on (leading-order) partonic matrix ele-
ments augmented with QCD radiation resummation via initial- and final-state parton showers,
a non-perturbative model for the combination of the resultant partons into physical hadrons,
a standard treatment of the decays of these hadrons, and – importantly for this note – a phe-
nomenological modeling of the bulk interactions of the colliding protons via the formalism of
multiple partonic interactions (MPI). We will focus on the MPI tuning part in this article,
for the details of hadronisation and final state shower setup, and shower tune, one can refer
to [10, 11]. We use a five-parameter tuning space and numerically optimize the description of
MPI-sensitive data from ATLAS and CDF, with weighted emphasis on the ATLAS observables.
We just list briefly the parameters used in this tuning:

• The p⊥ cut-off/regularize value used to avoid soft divergences in the model, set for a
reference scale of

√
s = 1800 GeV, and the exponent used in its energy evolution to other

beam energies are given by PARP(82) and PARP(90) respectively.

• The hadronic matter distribution is modeled by a double-Gaussian distribution, parame-
terized by PARP(83) and PARP(84): as these parameters are strongly correlated, we fixed
PARP(83) to its AMBT1 value of 0.356 and only tuned PARP(84).

• The final parameters are PARP(77) and PARP(78), which control the probabilities of color
reconnection occurring for fast-moving (high-p⊥) and general color strings.

The tunes were constructed with equal fitting weights for several PDFs. As there is neither
theoretical nor practical motivation for use of NLO PDFs in description of minimum bias
observables, and mLO PDFs were observed in the previous tuning to introduce strong and
untuneable deviations from data in minimum bias, we only attempt to describe underlying
event (UE) observables here: in other words we extend the PDF coverage of the AUET2B tune
series, but not the AMBT2B one. The behaviors of the resulting tunes in ATLAS underlying
event observables are shown in Figures 2.
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Figure 2: Comparison plots of the new Pythia 6 tunes to ATLAS underlying event data at
7 TeV [13, 14]. The tunes corresponding to LO, NLO and mLO PDFs are shown respectively
in the left, center and right columns. The yellow shaded areas represent data uncertainty.

4 Pythia 8

The use of the C++ Pythia 8 generator is gaining more popularity, partly because this is the
version being supported and developed by the authors, and partly because it has better diffrac-
tive modeling than Pythia 6. Pythia 8 tunes have been performed using a newly introduced
feature in version 8.153, where the width of the transverse matter distribution varies depending
on the momentum fraction of the interacting partons. The parameters tuned are MultipleIn-
teractions:ecmPow (subsequently referred to as ecmPow), MultipleInteractions:pT0Ref (subse-
quently refereed to as pT0Ref), BeamRemnants:reconnectRange (subsequently referred to as
reconnectRange) and MultipleInteractions:a1 (subsequently referred to as a1). The MultipleIn-
teractions:a1 parameter represents the constant in the Gaussian matter distribution width and

MPI@LHC 2011 5

ATLAS MPI tunes with various PDFs

MPI@LHC 2011 61



the rest are described with the corresponding Pythia6 parameters for easy reference in Table 2.
The other parameters are same from tune 4C [28], except that SpaceShower:rapidityOrder is
turned off, as there are some indications from multi-jet matching results that the shower gets
closer to the matrix-element results when it is switched off.

MPI parameter Equivalent Pythia 6 parameter

MultipleInteractions:pT0Ref PARP(82)
MultipleInteractions:ecmPow PARP(90)
BeamRemnants:reconnectRange PARP(77), PARP(78)
MultipleInteractions:bProfile MSTP(82)

If MultipleInteractions:bProfile = 2 (double-Gaussian matter dbn.)
MultipleInteractions:coreFraction PARP(83)
MultipleInteractions:coreRadius PARP(84)

If MultipleInteractions:bProfile = 3 (exp/Gaussian overlap dbn.)
MultipleInteractions:expPow PARP(83)

Table 2: Pythia 8 MPI parameters

The tuning was done separately for six different PDFs. It was found that with the LO
PDFs, a common tune (named A2) for minimum bias and underlying event could be obtained.
However, for higher order PDFs, this was not the case, and underlying event (AU2) tunes were
performed. Figure 3 shows the new LO MB tunes (and tune 4C and 4Cx [29]), compared with
ATLAS minimum bias data at

√
s = 7 TeV. Figure 4 shows the tunes for all PDFs compared

with ATLAS underlying event data at
√
s = 7 TeV.
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Figure 3: Comparison plots of the new Pythia 8 tunes to ATLAS minimum-bias event data [12]
at 7 TeV. The yellow shaded areas represent data uncertainty.
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Figure 4: Comparison plots of the new Pythia 8 tunes to ATLAS underlying event data at
7 TeV [13, 14]. The tunes corresponding to LO, NLO and mLO PDFs are shown respectively
in the left, center and right columns. The yellow shaded areas represent data uncertainty.

5 Effect of PDFs

We observed that for Herwig/Jimmy tunes the cut-off parameter PTJIM group according to
the PDF type with the mLO PDFs yielding the highest values, followed by the LO and the
NLO PDFs, seen in Figure 5. Since a high cut-off values means that less activity is required
by the parton shower to match the data this result is in agreement with the expectation that
the mLO PDFs create more activity from the beginning.

The tunings presented in this note, for both the Pythia 6 and Pythia 8 generators, have
indicated a significant connection between the PDF being used and both the parameter values
obtained and some qualitative features of MPI-influenced observables. For Pythia 6 results
show a strong differentiation between the tunes to LO and mLO PDFs. The LO∗∗ PDF arguably
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Figure 5: Observed grouping of tuning results of PTJIM by PDF type.

has the worst behavior for minimum bias observables, with a very substantial overshoot in
the description of charged multiplicity from Nch & 40 for a track p⊥ cut of 500 MeV. All
the mLO PDFs display a factor-of-2 overshoot in the minimum bias p⊥ spectra for much of
the available range, an observable well described for both LO PDFs. The underlying event
observables are also in general described better by the LO PDFs, with the two MRST mLO
PDFS (LO∗ and LO∗∗) undershooting the turn-over region. NLO PDFs seem to prefer lower
values of the PARP(82) and PARP(90) MPI parameters that are typically favored by LO and
mLO PDFs. Similarly for Pythia 8, we saw that the different PDFs prefer particular values of
the tuning parameters. The tunes corresponding to two LO PDFs need very different set of
tune values, although they behave very similarly in MB and UE plots. The behavior of tunes
corresponding to mLO PDFs (LO∗ and LO∗∗) are very similar, however they almost reduce
back to the single Gaussian matter distribution. This is in fact a common feature for all the
tunes, with very low a1 values. The tunes corresponding to NLO PDFs seem to demand a
stronger color reconnection strength than the others, but somewhat lower MPI pT cut-off and
energy exponent. Respectively these parameter shifts mean that NLO PDF tunes have less MPI
cross-section screening (i.e. more activity) at Tevatron energies than LO/MLO equivalents, and
the increase in screening scale with center-of-mass energy is slower than for lo/mLO PDF tunes.

6 Conclusions

In this article we have presented latest tunes of the Herwig/Jimmy, Pythia 6 and Pythia 8
event generators, with different PDFs. The effect of PDFs on the tunes has been studied, and
this represents an ongoing effort to decide which PDF and tune combinations will give the best
description of the available data.
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In this short note we present tunes of the Multiple Parton Interactions model in Herwig++
using the early LHC data. Measurements of the charged particle multiplicities and of the
momentum flow in the underlying event in inelastic pp collisions are used to constrain
the parameters of the model. The tunes aim to consistently describe both the new LHC
measurements and pre-LHC data from the Tevatron and LEP.

1 Introduction

In recent years the LHC has collected data at an impressive rate which presents the opportunity
to study physics not only at the new high-energy frontier but also with a higher precision.
This means that QCD effects, both perturbative and non-perturbative can be studied in more
detail. In particular, the first physics results from the LHC experiments were measurements of
Minimum-Bias (MB) [1, 2] and Underlying Event (UE) characteristics [3] which are crucial to
constrain and tune the parameters of multiple parton scattering models widely used in General
Purpose Monte Carlo Generators [4–7]. In this short note we present tunes of the Multiple
Parton Interactions (MPI) model in Herwig++ using these early LHC data sets.

2 Tuning of the model to the first LHC data

Before the LHC data was available, the two main parameters of the MPI model in Herwig++ [8–
10], the inverse proton radius µ2 and the minimum transverse momentum pmin

⊥ , were tuned by
calculating the total χ2 using the Tevatron UE data [11,12]. From this, we found a region in the
two–dimensional parameter plane spanned by pmin

⊥ and µ2, where we obtain a similarly good
overall χ2 (deep blue area in Fig. 1(a)) and for which we get a truly satisfactory description of
the data. As an example see Fig. 1(b).

Despite providing a very good description of the CDF UE data, it turned out that this
model was too simple to describe the Minimum Bias ATLAS data collected at 900 GeV [1]. In
particular, the model’s results for the charged-particle multiplicity as a function of pseudorapi-
dity and the average transverse momentum as a function of the particle multiplicity, 〈p⊥〉(Nch)
presented in Fig. 2, were highly unsatisfactory. The different colour lines in Fig. 2 represent
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Figure 1: Tuning the MPI model to pre-LHC data, plots taken from [10]. The left-hand plot
shows contour plots for the χ2 per degree of freedom for the fit to the CDF underlying event
data. The cross indicates the location of Herwig++ preferred tune. In the right-side plot we
see the multiplicity in the transverse region measured by CDF. The histograms show Herwig++
for three different MPI parameter sets.

different settings of the MPI model which give a satisfactory description of the Tevatron data
for two different PDF sets: CTEQ6.1 [13] and MRST LO** [14]. As presented in more de-
tail in [15–17], even a dedicated tuning of the MPI model parameters did not improve this
description, which suggests that an important model detail is missing.

This triggered new developments of the MPI model to include non-perturbative colour
reconnections (CR). They are described in more detail in a separate contribution to this work-
shop [18]. Currently two different colour reconnection implementations are available in Her-
wig++: a rather simple and plain model (pCR) and a statistical model (sCR). In this contri-
bution we focus on the plain model, but at the end we also show some comparisons with the
statistical model. Both CR models can be regarded as an extension of the cluster model [19],
which is used for hadronization in Herwig++. Therefore, in principle both models require a
re-tuning of the hadronization model, which is a difficult and time consuming process. The
difficulty is due to the fact that the large number of hadronization parameters in Herwig++
have to be tuned to a wide range of experimental data, primarily from LEP. However, because
the colour structure of the LEP final states is well-defined by the perturbative parton shower
evolution, by construction of the CR model we do not expect that it will change this structure
significantly. This was confirmed by comparison of Herwig++ results with and without CR
against LEP data. For the case of the pCR model, an example is shown in Fig. 3. The full
set of plots showing that the LEP data description in Herwig++ with and without CR is of
the same quality can be found on the Herwig++ web page [20]. These results allowed us to
factorize the tuning procedure and to keep using the well-tested default Herwig++ tune for
parton shower and hadronization parameters, and tune only parameters of the CR and MPI
models. In the case of the MPI model with plain CR, there are only two parameters steering
the colour structure of the multiple interactions, pdisrupt and preco, which we included in the
tuning procedure along with pmin

⊥ and µ2. The Professor package was applied to produce a four-
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Figure 2: Comparison of Herwig++ 2.4.2 (without CR) to ATLAS minimum-bias distributions
at
√
s = 0.9 TeV with Nch ≥ 2, p⊥ > 500 MeV and |η| < 2.5. The different colour lines represent

different settings of the MPI model which give a satisfactory description of the Tevatron data
for two different PDF sets CTEQ6.1 and MRST LO**.
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Figure 3: An example of comparison of Herwig++ with pCR (blue line) and without pCR (red
line) to the measurements from DELPHI detector at LEP.
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Figure 4: Comparison of Herwig++ 2.4.2 without CR model and Herwig++ 2.5 with pCR
model to ATLAS minimum-bias distributions at

√
s = 0.9 TeV with Nch ≥ 6, p⊥ > 500 MeV

and |η| < 2.5. The ATLAS data was taken from plots published in Ref. [2].

dimensional tuning of parameters by a combination of response parametrization and numerical
fit optimization as described in [21]. The Rivet package [22] was used to analyse the generated
events and compare results against the experimental data. Initially we wanted to determine
whether the new model would be able to improve the description of the MB data, therefore we
started by tuning to ATLAS MB data. Because currently there is no model for soft diffractive
physics in Herwig++ we use diffraction-reduced ATLAS MB analysis with an additional cut on
the number of charged particles: Nch ≥ 6. All four available MB observables were used without
additional weightings to any observable. The results of this tune are shown by the blue lines
in Fig. 4. In the top–left of this figure we can see that colour reconnection helps to achieve a
better description of 〈pT 〉(Nch). The other three distributions are now well described giving the
impression that the CR was the missing piece of the MPI model in Herwig++. The next very
important question was whether the new model would be able to describe the UE data collected
by ATLAS [3] at 7 TeV. As before we used the Professor tool to tune the parameters of the
model. This time we used two observables for the tune, the mean number of stable charged
particles per unit of η-φ, 〈d2Nch/dη dφ〉, and the mean scalar p⊥ sum of stable particles per
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Figure 5: ATLAS data at 900 GeV (1st column), CDF data at 1800 GeV (2nd column) and
ATLAS data at 7 TeV (3rd column), showing the density and

∑
p⊥ of the charged particles

in the transverse area as a function of plead⊥ . The data is compared with UE-EE-3, UE-7 and
UE-EE-sCR tunes.

unit of η-φ, 〈d2
∑
p⊥/dη dφ〉, both as a function of plead⊥ in the kinematic range p⊥ > 500 MeV

and |η| < 2.5. The resulting tune, named UE7-2, gives very satisfactory results for not only the
tuned observables but also all other observables provided by ATLAS in Ref. [3]. In Fig 5(c)
we present two selected examples: 〈d2Nch/dη dφ〉 and 〈d2

∑
p⊥/dη dφ〉 as a function of plead⊥ for

the lower p⊥ cut (p⊥ > 500 MeV) in the transverse region (which is the most sensitive region
with respect to multiple interactions) compared to the Herwig++ UE7-2 results (green line).
The full comparison with all ATLAS UE and MB data sets is available on the Herwig++ tune
page [20]. We repeated the tuning process for the UE data collected by ATLAS at 900 GeV and
CDF at 1800 GeV and obtained as good results as for 7 TeV. It is worth mentioning that the
ATLAS UE observables with the lower p⊥ cut, were not available during the preparation of the
UE7-2 tune but are also very well described by the tune, see [20]. These results can therefore
be treated as a prediction of the model. At this stage different UE tunes were mandatory for
different hadronic centre-of-mass energies

√
s. In the next section we address the question of

whether an energy-independent UE tune can be obtained using the present model.

3 Centre-of-mass energy dependence of UE tunes

To study the energy dependence of the parameters properly, we need to define a set of ob-
servables measured at different collider energies, for which description is sensitive to the MPI
model parameters. The experimental data should be measured at all energies in similar phase-
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Figure 6: The spread of UE-EE tuning results for the µ2, preco, pdisrupt and pmin
⊥ tunes, using

cubic generator response parameterizations with all generator runs (red circles) and with subsets
of generator runs (black crosses). The first row shows results for tunes to the data at 900 GeV
and the second at 7 TeV.

space regions and under not too different trigger conditions. These conditions were met by
two UE observables, 〈d2Nch/dη dφ〉 and 〈d2

∑
p⊥/dη dφ〉 measured as a function of plead⊥ (with

plead⊥ < 20 GeV) by ATLAS at 900 GeV and 7000 GeV (with p⊥ > 500 MeV) and CDF at
1800 GeV, therefore we used them for this task. For each hadronic centre-of-mass energy we
preformed independent four-dimensional tunings.

Fig. 6 shows the spread of the tuning results for each parameter against Professor’s heuristic
χ2. In the first row we present results for 900 GeV and in the second row for 7000 GeV. Each
point is from a separate tune, made using various combinations of generator runs at points in
the parameter space. We see that the parameters are not well constrained and are sensitive to
the input MC runs. This is due to what we have already seen at the beginning of section 2
during the tuning of the MPI model without CR to the Tevatron data, namely the strong and
constant correlation between pmin

⊥ and µ2 (represented by a dark blue area of Fig. 1(a)). This
reflects the fact that a smaller hadron radius will always balance against a larger p⊥ cutoff as
far as the underlying-event activity is concerned. When we fix one of these two parameters,
the rest of the parameters are much less sensitive to the input MC runs. The most important
information we can see on these figures is that the experimental data for the two different
energies (900 GeV and 7 TeV) can not be described by the same set of model parameters. More
precisely, the experimental data prefers different pmin

⊥ values for different hadronic centre-of-
mass energies

√
s, while the rest of the parameters can remain independent of the energy. This

observation led us to the creation of energy-extrapolated UE tunes, named UE-EE-3, in which
all parameters are fixed except pmin

⊥ , which varies with energy. The parameter values for the
UE-EE-3 tune for two different PDF sets, CTEQ6L1 and MRST LO**, are given in Table 1.
As before we only present a selection of example observables for the UE-EE-3 tunes using the
CTEQ6L1 PDF set. In Fig. 5 we show 〈d2Nch/dη dφ〉 and 〈d2

∑
p⊥/dη dφ〉 as a function of

plead⊥ for lower p⊥ cut (p⊥ > 500 MeV). We can see that the quality of the data description
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72 MPI@LHC 2011



0 2000 4000 6000 8000 10000 12000 14000√
s [GeV]

1.0

1.5

2.0

2.5

3.0

3.5

p
m

in
[G

eV
]

UE energy extrapolation tunes (CTEQ6L1)

UE-EE-3-CTEQ6L1 tune points

A ·log(
√
s/B), UE-EE-3-CTEQ6L1 extrapol.

A ·log(
√
s/B), matched at LHC points

power law, A ·(
√
s/7000GeV)B

Figure 7: Example pmin
⊥ energy extrapolation
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For PDF CTEQ6L1 MRST LO**√
s [GeV] pmin

⊥ [GeV] pmin
⊥ [GeV]

900 1.55 1.86
1800 2.26 2.55
2760 2.33 2.62
7000 2.75 3.06
8000 2.85 3.21
14000 3.16 3.53

For PDF CTEQ6L1 MRST LO**
µ2 1.35 1.11
preco 0.61 0.54
pCD 0.75 0.80

Table 1: Parameters values from UE-EE-3
tunes for two different PDF sets.

by the UE7-2 tune and the energy-dependent tunes is on the same level. Because we do not
know of any convincing physics argument how pmin

⊥ should depend on the energy, in order to

provide predictions for different energies we fit a function of the form A · log(
√

(s)/B), where
A and B are free fit parameters, to the three pmin

⊥ values obtained in the UE-EE-3 tuning.
Some examples of possible fits are shown in Fig. 7. Based on this, we provide pmin

⊥ values (see
Table 1) for three different energies (2760, 8000 and 14000 GeV), for which in the future the
LHC should provide experimental data, which then in turn can be confronted with the model
predictions. Finally, although we do not present the details of how we obtained the tunes for
the sCR model, we compare its results to the pCR for the observables included in Fig. 5. The
results for both CR models give very similar results. The sCR model, however, allows for a
much deeper understanding of the mechanism of colour reconnections, as is described in the
already mentioned separate contribution to this workshop [18].

4 Conclusions and outlook

We have shown that by tuning the MPI model with CR, we can obtain a proper description
of non-diffractive MB ATLAS observables. We present for the very first time the energy-
extrapolated tune UE-EE-3, which is an important step towards the understanding of the
energy dependence of the model. News concerning Herwig++ tunes are available on the tune
wiki page [20].
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The ATLAS Monte Carlo tuning system
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The ATLAS experiment moved the tuning of the underlying event and minimum bias
event shape modeling, previously done in a manual fashion, to the automated Professor
tuning tool, employed in connection with the Rivet analysis framework, when the first
corresponding experimental analysis from LHC became available. The tuning effort for
the Pythia 8 generator, which includes improved models for diffraction, has been started
in this automated way in ATLAS , with the aim of getting a good description of the pile-
up generated by multiple minimum bias interactions. The first results for these Pythia 8
tunes, as well as PYTHIA 6 shower tunes are presented, including a study of tunes for
various PDFs.

1 Introduction

Monte Carlo event generators are extensively used in high-energy particle physics, allowing the
simulation of scattering processes and the generation of the outgoing particle spectra. The
description of low energy QCD interactions in the generation processes necessitates the in-
troduction of phenomenological models due to the increase of the strong coupling constant.
Processes which are effected by the phenomenological description are for example: multiple
parton interactions (MPI), initial- and final state radiation (which, together with the MPI, are
the main contributions to the underlying event) and fragmentation processes. These models
introduce additional parameters, which need to be fitted to measurements in order to provide
a good Monte Carlo prediction for various other analyses. The ATLAS tuning effort for the
PYTHIA 6 and Pythia 8 Monte Carlo generator and the tuning framework are presented in the
following.

2 Tuning procedure

The baseline for the tuning procedure is the selection of N tuning parameters pi and their
considered ranges [pmin, pmax]. Event samples are generated for random points of the previous
definite N -dimensional parameter hypercube, where the number of different points is depending
on the number of input parameters to ensure a well converging behavior of the final tune. Each
generated event is directly piped to the Rivet [1] framework, to perform specific analyses for
each parameter variation. This allows the calculation of observables for each parameter point,
which builds the input for the actual tuning process. The obtained distributions of observables
for each parameter variation are the starting point for the tune, which is performed using
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Figure 1: Comparing the PYTHIA 6 shower tune with ATLAS jet shape measurements at
7 TeV, for different next-to-leading order PDFs. Results are taken from [4].

the Professor framework [2]. Professor performs a parametrization of the generator response
as a function of the parameter points and finds the set of parameters, which fits best to the
given measurements of the considered observables. The user is able to influence the tuning by
applying a weight for each observable, which specifies the impact of the variable for the tuning
process. The whole tuning process is performed for different center-of-mass energies to obtain
the energy dependence of some model parameters and for different parton density functions
(PDF’s), which are an extra input in the event generation step.

3 PYTHIA 6 tune

Based on the AMBT2B and AUET2B tune [3] for PYTHIA 6 a new MPI and a full shower
tune were performed, using next-to-leading order PDF’s and a pT ordered shower model. The
effective cutoff for space-like parton showers, the multiplier for the parton shower evolution scale
and the final state radiation1 were tuned to ATLAS measurements including jet shape studies,
di-jet decorrelations and track-jet measurements. The final tune shows an excellent agreement
between measurement and Monte Carlo prediction within the systematic uncertainties. Figure 1
shows the AUET2B predictions for the jet shape measurement, compared to measurements from
the ATLAS experiment. All result are taken from [4].

4 Pythia 8 MPI tune

The Pythia 8 MPI tune was performed for leading order, modified leading order and next-to-
leading order PDFs. The tune was accomplished using ATLAS minimum bias measurements,
as well as ATLAS underlying event data based on tracks and clusters. A x dependent matter
distribution was used and no rapidity order for spacelike showers was applied. The following
parameters were varied for the tuning: the cutoff for MPI, the power of the energy rescaling
for the min. pT cutoff, color reconnection, and the width of the Gaussian matter function.

1The corresponding parameter are PARP(62), PARP(64) and PARP(72) respectively.
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Figure 2: The average charged track number density (pT > 500 MeV) as a function of the
leading track pT is compared between prediction of Pythia 8 MPI tunes and ATLAS underlying
event data, for next-to-leading order PDF’s (left) and with the considerations for the eigentunes
(right). Results are taken from [4].

The tunes focus mainly on distributions with pT > 500 MeV and a center-of-mass energy
of 7 TeV. To estimate the systematic error on the Monte Carlo prediction, the “eigentune”
method (see [3] for details) was used, as provided by the Professor framework. The uncertainty
estimation is based on variations of the parameters around the best fit value, corresponding
to one standard deviation. Figure 2 shows the final tune compared to the ATLAS underlying
event measurements and the corresponding eigentunes. All results are taken from [4].

5 Conclusions

The wide use of predictions from Monte Carlo generators in high energy physics makes is
necessary to provide tunes to actual measurements. The ATLAS tuning framework allows a
coherent and efficient setup to tune the Monte Carlo prediction to ATLAS measurements. The
new AMBT2B and AUET2B tunes for PYTHIA 6 and Pythia 8 shows a good description of
the measurements.
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Next-to-leading order predictions in perturbative QCD are presented of various differ-
ential distributions for pp → Wbb̄X → `νbb̄X at the Large Hadron Collider energy 7
TeV. Included are the contributions from both single parton scattering and double parton
scattering as well as relevant backgrounds. Several kinematic variables are proposed for
isolating the double parton contribution with the first 10 fb−1 of integrated luminosity.
Smearing associated with next-to-leading order contributions is important for a proper
description of some of the observables we compute. Under specified conditions, the double
parton process can be identified and measured with signal over background significance
S/
√
B ∼ 10. The work summarized here was done in collaboration with Chris Jackson,

Seth Quackenbush, and Gabe Shaughnessy.

1 Introduction

With its higher energies and larger luminosities, the Large Hadron Collider (LHC) makes it
possible to investigate unexplored aspects of established theories such as quantum chromody-
namics (QCD). The standard single parton scattering (SPS) picture of hadron-hadron collisions
is shown on the left side of Fig. 1. One parton from each proton participates in the hard
scattering to produce the final state. In SPS, the differential hadronic cross section factors:

dσSPSpp =
∑

i,j

∫
f ip(x1, µ)f jp (x′1, µ)dσ̂ij(x1, x

′
1, µ)dx1dx

′
1 . (1)

The short-distance partonic cross section dσ̂ij is computed in perturbation theory, whereas
the parton distribution functions (PDF) f ip(xi, µ) are nonperturbative objects extracted from
experiment and evolved to the appropriate hard scale µ.

The full description of hadronic collisions involves other elements including initial- and final-
state soft radiation, underlying events, and multiparton interactions. Double parton scattering
(DPS) describes the case in which two short-distance subprocesses occur in a given hadronic
interaction, with two initial partons being active from each of the incident protons. The general
picture of DPS is shown on the right side of Fig. 1. Given the small probability for single parton
scattering in hadronic collisions, it is often assumed that the effects of double (or multiple)
parton scattering may be ignored or subsumed into the parametrization of the underlying event.
Nevertheless, it is worth exploring theoretically and investigating experimentally whether a
second distinct hard component may be identified in events at the LHC. Evidence for DPS
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Figure 1: Schematic depiction of single parton scattering (left) and double parton scattering
(right).

is reported in Refs. [1, 2, 3, 4], and many references to theoretical work may be found in
Refs [5, 6, 7, 8].

In Ref. [5], we investigated the DPS and SPS contributions at the LHC for the four-parton
final state pp → bb̄jjX in which a bb̄ system is produced along with two jets j. We showed
that there are characteristic regions of phase space in which the DPS events are expected to
concentrate, and we developed a methodology to measure the effective size of the DPS signal.
Precise measurements of DPS at the LHC will provide insight into QCD dynamics beyond SPS
and into parton-parton correlations, and it will help to validate a second hard component in
underlying event modeling. In this contribution I summarize our next-to-leading order study
in perturbative QCD of pp→Wbb̄X → `νbb̄X at the Large Hadron Collider energy 7 TeV [6].

Under the assumption of weak dynamic and kinematic correlations between the two hard-
scattering subprocesses, a typical approach in DPS studies is to assume the differential hadronic
cross section takes a factored form in analogy to Eq. (1):

dσDPSpp =
m

2σeff

∑

i,j,k,l

∫
Hik
p (x1, x2, µA, µB)Hjl

p (x′1, x
′
2, µA, µB)

×dσ̂ij(x1, x
′
1, µA)dσ̂kl(x2, x

′
2, µB)dx1dx2dx

′
1dx
′
2 , (2)

where m is a symmetry factor equal to 1 (2) if the two hard-scattering subprocesses are identical
(nonidentical). The joint probabilities Hik

p (x1, x2, µA, µB) can be approximated as the product
of two single PDFs:

Hik
p (x1, x2, µA, µB) = f ip(x1, µA)fkp (x2, µB) . (3)

Given that one hard scattering has taken place, the parameter σeff measures the size of the par-
tonic core in which the flux of accompanying short-distance partons is confined. Typical values
in phenomenological studies focus on the 10-12 mb region, consistent with measurements from
the Tevatron collider [3, 4]. In writing Eqs. (2) and (3), we ignore possible strong correlations
in longitudinal momentum. However, for the small values of x expected at the LHC, this should
be a good approximation [5]. A detailed examination of the limitations of this approach may
be found in Ref. [8].

In the DPS contribution to the production of a W boson in association with a pair of bottom
quark jets, one hard scattering produces the W via the Drell-Yan mechanism, while the other
hard scattering produces a bb̄ pair. The charged lepton from the W decay (along with the
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bottom quarks in the final state) provides a relatively clean signal to tag on. Our purpose is to
establish whether double parton scattering can be observed as a discernible physics process in
Wbb̄ production at LHC energies. In the rest of the paper, we outline our simulation of the DPS
and SPS contributions to Wbb̄, discuss backgrounds for the same final state, and present details
of our analysis. We study various single variable and two-dimensional kinematic distributions
to bring out the DPS contribution more cleanly, showing that variables designed to exploit the
nature of the 2 parton to 2 parton subprocesses can be used to differentiate DPS from SPS
with excellent signal over background significance, S/

√
B ∼ 10 to 15.

2 Calculation of Wbb̄ production

We perform all calculations at center-of-mass energy
√
s = 7 TeV. Event rates are quoted for

10 fb−1 of integrated luminosity. For the DPS case, Wbb̄ production is computed using Eq. (2)
where it is assumed that one hard scattering produces the W boson via qq̄ → W±X, while
the other scattering produces the bb̄ system. The individual SPS processes which make up
the DPS process are generated using the POWHEG BOX event generator [9, 10, 11] which
includes next-to-leading order (NLO) QCD corrections for both, plus shower emission. In the
SPS production of Wbb̄, one hard scattering produces the complete final state. The events
from this process are also generated using the POWHEG BOX [12] which implements the NLO
calculation of Ref. [13].

Extracting evidence for DPS Wbb̄ production is complicated by the fact that many standard
model processes imitate the Wbb̄ → bb̄`ν final state. In particular, we consider contributions
from (a) top quark pair production tt̄; (b) single top quark production (tb̄, t̄b, tj and t̄j modes);
(c) Wjj, where both light jets are mistagged as b jets; and (d) Wbj where the light jet is
mistagged as a b jet. We also consider the following processes, which have a negligible contribu-
tion after cuts: (a) bb̄j where one b quark gives an isolated lepton and the light jet is tagged as a
b jet; (b) Zbb̄ where one lepton from the Z decay is missed; and (c) bb̄bb̄ (bb̄cc̄) production where
at least one heavy quark gives an isolated lepton and the other does not pass the threshold
cuts. The Wjj background (where both jets fake bottom quark jets) can be produced in both
SPS and DPS processes.

2.1 Simulation

We concentrate on the final state in which there are two b jets, a hard lepton, and missing
transverse energy /ET . We consider only leptonic decays of the W boson (W → `ν). We focus
on the case ` = µ, since electrons with low transverse momentum can be easily faked by light
jets. We limit the hadronic activity in our events to include exactly two hard jets, both of
which must be identified as bottom quark jets. Finally, all events (DPS and SPS Wbb̄ as well
as backgrounds) are required to pass the following acceptance cuts:

pT,b ≥ 20 GeV , |ηb| ≤ 2.5 , (4)

20 GeV ≤ pT,µ ≤ 50 GeV , |ηµ| < 2.1 , (5)

/ET ≥ 20 GeV , (6)

∆Rbb̄ ≥ 0.4 , ∆Rbµ ≥ 0.4 , (7)
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Process Acceptance cuts /ET ≤ 45 GeV S′pT ≤ 0.2

W±bb̄ (DPS) 247 231 173

W±bb̄ (SPS) 1142 569 114

tt̄ 1428 290 13
W±jj (DPS) 43.5 37.7 27.3
W±jj (SPS) 101 55.7 19.6

Single top 492 168 15
W±bj 152 53.1 8.2

Table 1: Numbers of events before and after the various cuts are applied for 10 fb−1 of data.
After acceptance cuts, SPS Wbb̄ production and tt̄ production dominate the event rate. A
maximum /ET cut reduces the background from tt̄ significantly.

where η is the pseudorapidity and ∆Rlk is the separation in the azimuthal-pseudorapidity plane
between the two objects l and k:

∆Rlk =

√
(ηl − ηk)

2
+ (φl − φk)

2
. (8)

The cut on the missing transverse energy /ET ≥ 20 GeV is motivated by the fact that the
neutrino momentum in W decay is not observed. The 20 GeV cut on the b jets and the lepton
is invoked to eliminate contributions from the underlying event. The upper lepton pT cut is
used to reject boosted W bosons, as in the case where a W boson originates from a t-quark
decay, or when the W recoils against the bb̄ pair in SPS. Our b jet tagging efficiencies, muon
identification efficiencies, fake rates, and detector resolution effects are described in Ref. [6].

Table 1 shows the number of events from the Wbb̄ final state (DPS and SPS) and the
backgrounds after the acceptance cuts, detector effects, and mistagging effects are applied
(column labeled “acceptance cuts”). In these results and those that follow, we sum the W+ and
W− events. In evaluating the DPS processes, we assume a value σeff ' 12 mb for the effective
cross section. However, we stress that the goal is to motivate an empirical determination of
its value at LHC energies. The acceptance cuts are very effective against the Wjj final states,
both for DPS and SPS. The results in Table 1 make it apparent that Wbb̄ production from
SPS and the top quark pair background are the most formidable obstacles in extracting a DPS
signal. We address tt̄ background rejection in the next section.

2.2 tt̄ background rejection

We examine three possibilities to reduce the tt̄ background: a cut to restrict /ET from above,
rejection of events in which a top quark mass can be reconstructed, and a cut to restrict
the transverse momentum of the leading jet. In the end, an upper cut on /ET in the event
appears to offer the best advantage. Indeed, one would expect that /ET in Wbb̄ events would be
smaller than /ET in tt̄ events. Top quark decays give rise to boosted W±’s which, after decay,
should result in larger values of missing ET compared to the Wbb̄ process. The DPS signal is
produced in the region of relatively small /ET and the tt̄ background has a harder spectrum
in /ET . One way to suppress the tt̄ background while leaving the DPS signal unaffected is to
impose a maximum /ET cut in the 40-60 GeV range. In the analysis that follows, we include a
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maximum /ET cut of 45 GeV in addition to the acceptance cuts outlined above. The effects of
the maximum /ET cut are shown in the third column of Table 1. This cut eliminates about 80%
of the tt̄ background that remains after the initial acceptance cuts. The cut is also effective
at reducing the single top quark and Wbj backgrounds, eliminating about 67% in both cases.
On the other hand, 93% of the DPS Wbb̄ events and 50% of the SPS Wbb̄ events are retained.
Of the three possibilities we consider to reduce the tt̄ background, a cut to restrict /ET from
above appears to offer the best advantage, and it is the only cut we impose in addition to the
acceptance cuts specified above.

3 Separation of the DPS and SPS contributions

To separate the DPS contribution from the SPS and background contributions, it is valuable to
use kinematic variables that take advantage of the 2 parton to 2 parton nature of the underlying
DPS subprocesses. The observable S′pT exploits the transverse momentum balance of 2 to 2
scattering. It is defined as [4]:

S′pT =
1√
2

√( |pT (b1, b2)|
|pT (b1)|+ |pT (b2)|

)2

+

( |pT (`, /ET )|
|pT (`)|+ |/ET |

)2

. (9)

Here, pT (b1, b2) is the vector sum of the transverse momenta of the two b jets, and pT (`, /ET )
is the vector sum of /ET and the transverse momentum of the charged lepton in the final state.
In DPS production, the bottom quarks are produced roughly back-to-back such that the vector
sum of their transverse momenta tends to vanish. Likewise, the vector sum of the lepton and
neutrino momenta tends to be small (with corrections from the boosted W±). Thus, the S′pT
distribution for the DPS process exhibits an enhancement at low S′pT , as shown on the left side
of Fig. 2. The peak does not occur at exactly S′pT = 0 owing to NLO real radiation that alters

the back-to-back nature of the bb̄ and `ν systems. On the other hand, SPS production of Wbb̄
does not favor back-to-back configurations; it exhibits a peak near S′pT = 1, a feature linked to

the fact that many bb̄ pairs are produced from gluon splitting [5].
The clean separation in S′pT between the DPS and SPS Wbb̄ processes is obscured by the

tt̄ background, but this background can be mitigated by a maximum /ET cut, as shown on the
right side Fig. 2. The last column of Table 1 shows that a cut S′pT < 0.2 reduces the SPS Wbb̄
rate while leaving the DPS signal relatively unaffected. In the end, the major background arises
from DPS Wjj, as is expected since this process inhabits the same kinematic regions as the
DPS Wbb̄ signal. Despite this background, we find a statistical significance for the presence of
DPS Wbb̄ of S/

√
B = 173/

√
197 = 12.3.

Azimuthal angle balance is a second notable feature of 2 parton to 2 parton scattering.
Observables which take into account the angular distribution of events are also useful in the
search for DPS. Figure 3 depicts two such observables. In the left plot, we show the event rates
for DPS Wbb̄ and the backgrounds (SPS Wbb̄ included) as a function of the angle between the
normals to the two planes defined by the bb̄ and `ν systems. These planes are defined in the
partonic center-of-mass frame and are specified by the three-momenta of the outgoing jets or
leptons. The angle between the two planes is:

cos ∆Θbb̄,`ν = n̂3(b1, b2) · n̂3(`, ν) (10)

where n̂3(i, j) is the unit three-vector normal to the plane defined by the i−j system and b1(b2)
is the leading (next-to-leading) b jet. In order to construct the normals n̂3(b1, b2) and n̂3(`, ν),
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Figure 2: The S′pT distribution for DPS and SPS production of Wbb̄ including all relevant
backgrounds. On the left, only the minimal acceptance cuts are imposed, while, on the right,
an additional maximum /ET cut is imposed (/ET < 45 GeV). A maximum /ET cut greatly reduces
the background and produces a sharp peak in the region of small S′pT where DPS is expected
to dominate.
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Figure 3: The event rate as a function of the angle between the normals of the two planes defined
by the bb̄ and `ν systems (left), and the azimuthal angle between the transverse momentum
vectors of the bb̄ and ` /ET systems (right). In SPS events, it is apparent that there is a strong
correlation in the angles.

we require full event reconstruction using the on-shell W -boson mass relations. We see that
the distribution of the DPS events is rather flat, aside from the cut-induced suppressions at
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Θbb̄,`ν ∼ 0 and ∼ π, whereas the SPS events show a strong correlation, with a distribution that
peaks near ∆Θbb̄,`ν ∼ π

2 .
In the right plot of Fig. 3, we show the event rates as a function of the azimuthal angle

between the transverse momentum vectors of the bb̄ and ` /ET systems. Since this azimuthal
angle is defined in the transverse plane, it requires only /ET . Full event reconstruction to
determine the neutrino momentum is not needed. The DPS distribution is flat while the SPS
distribution shows a strong correlation, with a preference for values toward π.

The DPS and SPS samples exhibit different behavior as a function of angular observables.
However, the dominance of SPS Wbb̄ and backgrounds over DPS Wbb̄ for the full range of these
observables makes it impossible to extract a DPS signal from these distributions by themselves.
Having found interesting features in the transverse momentum variable S′pT and in the angular
distributions, we now put this information together in a two-dimensional distribution.

4 Two-dimensional distributions
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Figure 4: Two-dimensional distributions of events in the variables (left) S′pT and ∆Θbb̄,`ν , and

(right) S′pT and ∆φbb,` /ET
. In both cases, the Wbb̄ DPS events (denoted by red x) lie in the

lower half of the plane, while the Wbb̄ SPS and background events (denoted by blue dots)
occupy the upper half. The plot on the right appears to achieve a cleaner separation.

Two-dimensional distributions of one variable against another show distinct regions of DPS
dominance (or SPS and background dominance). In Fig. 4, we construct two such scatter plots.
On the left, we show S′pT versus the angle between the normals of the two planes defined by

the bb̄ and `ν systems (∆Θbb̄,`ν). The DPS events reside predominantly in the lower half of the
plane (small S′pT ) and are distributed evenly in the angular variable. The separation between

DPS Wbb̄ and the SPS component is not as pronounced in the S′pT − ∆Θbb̄,`ν plane as we

saw in our earlier study of bb̄jj [5]. In the Wbb̄ case, the background events are more evenly
distributed over the full plane, to some extent resulting from inclusion of both solutions for
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the neutrino’s longitudinal momentum in the W± decay. (The greater density of points in the
left plot of Fig. 4 relative to the right plot is explained by the fact that both solutions for the
neutrino momentum are included in the left plot).

On the right of Fig. 4, we show the two-dimensional distribution of S′pT and ∆φbb,` /ET
.

This distribution shows a high degree of separation between the DPS Wbb̄ and the SPS plus
background samples. To quantify the degree of separation, we define a region in this plane
that gives the highest statistical significance. Restricting S′pT < 0.25 and ∆φbb,` /ET

< 3π/4,
we find a a sample of 154 signal and 103 background events, corresponding to a statistical
significance of S/

√
B = 15.2. Employing the scatter plot in S′pT and ∆φbb,` /ET

, we achieve a
better significance than from S′pT alone. As long as the maximum value of ∆φbb,` /ET

is in the

π/2-3π/4 range, a statistically significant extraction of DPS Wbb̄ from the other events can be
obtained, given our assumed effective cross section σeff = 12 mb and luminosity.

In this study of Wbb̄, as in our earlier study of bb̄jj, we find that DPS can be important
relative to SPS in specific parts of phase space. We suggest experimental analyses of Wbb̄ at
the LHC in terms of the two-dimensional distributions presented in this section, with the goal
to establish whether a discernible DPS signal is found. Assuming success, the pT dependence
of the leading object and other properties of these DPS events can be examined to establish
whether the expected properties of DPS are seen. The enriched DPS event sample can be used
for a direct measurement of the effective cross section σeff . Data are needed.
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Many features of multi-parton interactions are present already in double parton scattering.
The two hard scatterings are connected via the double parton distributions, producing ef-
fects not present in the case of a single hard interaction. We examine the impact of
correlations between initial state partons on the differential cross section for the double
Drell-Yan process. The polarizations of the interacting quarks are found to induce corre-
lations between the decay planes of the vector bosons.

1 Introduction

Interactions where more than one of the partons take part in hard collisions can provide new
insights about the structure of the proton and also constitute important backgrounds to other
processes, such as Higgs production [1].

In studies of multi-parton interactions an often neglected feature are the correlations between
the hard collisions. Although such approximations can be partially motivated, under certain
conditions, it is still necessary to examine the correlation effects in greater detail. Double parton
scattering possess many properties of multi-parton interactions. As a first examination we study
the double Drell-Yan process (γ∗, Z,W±) [2, 3, 4]. It has the advantage of being theoretically
clean and well understood in the single parton scattering case. We assume that the cross section
can be factorized into hard parts, calculable by perturbation theory, and soft parts described by
parton densities. The first steps towards a proof of this assumption in the context of the double
Drell-Yan process has been taken in [5] and [6]. We calculate the differential cross section taking
many of the correlation effects into account, in order to examine how the correlations in the
distributions of the two partons propagate into measurable quantities.

2 Double parton interactions

Double parton interactions exhibit many features not present in single parton scattering. The
normal parton distribution functions are replaced by double parton distributions, DPDs, and
there can be interferences between the two hard collisions.

When more than one parton in the proton interacts, it is only the sum of the momenta and
quantum numbers which have to match between the amplitude and the conjugate amplitude
[7, 8, 9]. This is illustrated for the double Drell-Yan process in figure 1. Therefore, a parton in
the amplitude can have a different momentum than its partner in the conjugate. The momentum
difference r in one interaction has to be balanced by the other. Colors of the quarks can be
matched in the canonical way inside each hard interaction. But there is also the possibility to
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p p

p̄p̄

k1 − 1
2
r

q2

q1

k1 +
1
2
r

Figure 1: The double Drell-Yan process where two quarks in the right moving proton, with
momentum p, interact with two anti-quarks from the left moving proton, with momentum p̄.
q1 and q2 are the momenta of the vector bosons from interaction one and two, while k1 is the
averaged momentum carried by the parton, in interaction 1, from the right moving proton. r
is the momentum miss-match and has to be balanced by collision 2. Barred labels indicate
that the quantities are from the left moving proton and the two interactions are labeled by the
subscripts 1 and 2 respectively.

match the colors between the two collisions, producing color interference terms. Similarly there
can be interference in flavor when the two colliding partons from a proton are different. There
can even be fermion number interference between quarks/anti-quarks, but we will not consider
this in the following. For the cross section differential in the transverse momenta of the vector
bosons, qi, the double interactions are not power suppressed compared to single interactions
producing the same final state [8] and are important in certain regions of phase space [10]. The
power suppression arises when integrating over transverse momenta, due to the larger phase
space in the case of a single interaction. k1 and k2 are average momenta of the partons taking
part in hard interaction 1 and 2 respectively, where the average is taken over the amplitude and
its conjugate. Fourier transforming the transverse momentum difference r into position space,
we obtain the transverse distance y between the two hard interactions, i.e. from interaction 2
to 1.

3 Parton distributions

Interferences and spin correlations in double parton interactions are described by the DPDs
and give rise to a large number of different double parton distributions.

The DPDs depend on the momentum fractions x1 and x2 carried by the partons in the two
collisions, their average transverse momenta k1, k2 and the transverse distance y. Integrating
over the transverse momenta yields collinear double parton distributions [11, 12, 13, 14]. The
correlation between the spin of the two colliding quarks is reflected by parton distributions
describing the polarization of quarks inside a proton, similar to those in single parton distribu-
tions with polarized protons [15]. We denote unpolarized quarks by q, longitudinally polarized
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quarks by ∆q and transversely polarized quarks by δq. We take the DPDs, in equations (1)-(3),
in a right moving proton from [5]. For unpolarized and longitudinally polarized quarks the
possible combinations are

Fqq = fqq(x1, x2,k1,k2,y)

F∆q∆q = f∆q∆q(x1, x2,k1,k2,y)

Fq∆q = gq∆q(x1, x2,k1,k2,y)

F∆qq = g∆qq(x1, x2,k1,k2,y),

(1)

where f ’s are scalar- and g’s are pseudo scalar-functions. For transverse polarization the parton
distributions carry an open, transverse, index which corresponds to the transverse spin vector

F i∆qδq = M
(
yif∆qδq + ỹig∆qδq

)

F iqδq = M
(
ỹifqδq + yigqδq

)
.

(2)

M is the proton mass and ỹi = yjεij , i = 1, 2 is a transverse vector orthogonal to yi. In a
left moving proton the sign changes for the pseudo scalar functions g and also of ỹ, due to
the change of plus/minus components in the epsilon tensor. When both interactions contain
transversely polarized quarks the two open indices make the structure more involved

F ijδqδq = δijfδqδq +
(
2yiyj − y2δij

)
M2f tδqδq +

(
yiỹj + ỹiyj

)
M2gsδqδq

+
(
yiỹj − ỹiyj

)
M2gaδqδq.

(3)

The color interference doubles the number of DPDs since they appear as color singlet distribu-
tions 1fqq and as color octets 8fqq. Further, when the flavors of the two quarks are different,

there are both flavor square f
Sf
qq and flavor interference distributions f

If
qq . The DPDs for the

left moving protons are defined analogously and will be denoted by a bar, i.e. f̄qq for the unpo-
larized DPD. This is not to be confused with the bar appearing over subscripts which indicate
anti-particles.

4 Differential cross section

The different parton distributions are contracted with the appropriate parts of a polarization
dependent partonic cross section, yielding the final differential cross section for the double Drell-
Yan process. We will present the results of the calculation with focus on the angular structure,
and discuss how the cross section is affected by the correlations between the quarks.

To describe the final state kinematics we use a modified version of the Collins-Soper frame
[16], where the arbitrary x-axis is, for definiteness, chosen to point towards the center of the
LHC ring, see figure 2. The cross section is split into three parts, the first containing no
transverse polarization σ(0), the second σ(1) and third σ(2) containing one and two interactions
with transversely polarized quarks. The cross section with only unpolarized and longitudinally
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ẑ

x̂ ϕi

lepton− plane

θi

li

l̄i

P̄

P

Foreachboson

Figure 2: Reference frame for each boson, for simplicity displayed when the transverse momenta
of the vector bosons are zero. P is the momentum of the right moving proton while li is the
momentum of the lepton in interaction i. The x-axis is an arbitrary reference axis which we
chose to point towards the center of the LHC ring.

polarized quarks is

dσ(0)

dx1dx2dx̄1dx̄2d2q1d2q2dΩ1dΩ2
=
α4Q2

1Q
2
2

S

∑

q1,q̄1,q2,q̄2
V1,V

′
1 ,V2,V

′
2

∑

I

∑

a1ā1={q1q̄1,∆q1∆q̄1,q1∆q̄1,∆q1q̄1}
a2ā2={q2q̄2,∆q2∆q̄2,q2∆q̄2,∆q2q̄2}

×
[
KI
a1ā1(1 + cos2 θ1)−K ′Ia1ā1 cos θ1

]
(
Q2

1 −m2
V1

+ imV1ΓV1

) (
Q2

1 −m2
V ′
1
− imV ′

1
ΓV ′

1

)

×
[
KI
a2ā2(1 + cos2 θ2)−K ′Ia2ā2 cos θ2

]
(
Q2

2 −m2
V2

+ imV2ΓV2

) (
Q2

2 −m2
V ′
2
− imV ′

2
ΓV ′

2

)

×
∫
d2y I

[
F Ia1a2 F̄

I
ā1ā2 + F Ia1ā2 F̄

I
ā1a2 + F Iā1a2 F̄

I
a1ā2 + F Iā1ā2 F̄

I
a1a2

]

(4)

where we have used the short hand notation

I
[
F Ia1a2 F̄

I
ā1ā2

]
≡
∫
d2k1d

2k̄1δ
(2)(q1 − k1 − k̄1)

∫
d2k2d

2k̄2δ
(2)(q2 − k2 − k̄2)F Ia1a2 F̄

I
ā1ā2 (5)

for the momentum integrals over the DPDs. Q2
i is the squared momentum of vector boson i, S

is 2 when the final states of the two hard interactions are equal and 1 otherwise. The first sum
is over the flavors of quark qi and anti-quark q̄i for the two interactions and over the allowed
vector bosons in the amplitude Vi and in the conjugated amplitude V ′i , with mass mVi

and
mV ′

i
. The sum over I sums the color (singlet 1 and octet 8) and flavor (Sf and If ) squares

and interference terms. aiāi label the different combinations of unpolarized and longitudinally
polarized quarks which affect not only the parton distributions but also the combinations of
coupling constants K and K ′, which also depend on the flavor of the quarks and vector bosons.
K ′ is zero for photons but for a more detailed discussion we refer to [17]. Instead we want to
focus upon the angular structure. θi is the angle between the z-axis and the momentum of the
outgoing lepton from hard interaction i.

All the different terms have the same angular structures, thus, despite the proliferation of
DPDs they all contribute to the same structures in the cross section. However, the relative

4 MPI@LHC 2011

Tomas Kasemets

92 MPI@LHC 2011



factors are different and hence longitudinal polarization as well as interferences in flavor and
color affects both the overall rate and the angular distribution.

We now turn towards the part where one interaction involves quarks with transverse polar-
izations. For the production of W bosons the transversely polarized part of the cross section is
zero since they only couple to left-handed particles and hence the only nonzero contribution is
for γ/Z bosons in the interaction with transverse polarizations. The cross section is

dσ(1)

dxidx̄id2qidΩi
=
α4Q2

1Q
2
2

S

∑

q1,q̄1,q2,q̄2
V1,V

′
1 ,V2,V

′
2

∑

I

1(
Q2

1 −m2
V1

+ imV1
ΓV1

) (
Q2

1 −m2
V ′
1
− imV ′

1
ΓV ′

1

)

× 1(
Q2

2 −m2
V2

+ imV2
ΓV2

) (
Q2

2 −m2
V ′
2
− imV ′

2
ΓV ′

2

)M2 sin2 θ2

∫
d2y y2

×
{ ∑

a1ā1={q1q̄1,∆q1∆q̄1}

[
KI
a1ā1(1 + cos2 θ1)−K ′Ia1ā1 cos θ1

]

×
([
CI cos 2(ϕ2 − ϕy)− C ′I sin 2(ϕ2 − ϕy)

]
I
[
gIa1δq2 ḡ

I
ā1δq̄2 − f Ia1δq2 f̄ Iā1δq̄2 + perm.

]

−
[
CI sin 2(ϕ2 − ϕy) + C ′I cos 2(ϕ2 − ϕy)

]
I
[
gIa1δq2 f̄

I
ā1δq̄2 + f Ia1δq2 ḡ

I
ā1δq̄2 + perm.

])

+
∑

a1ā1={q1∆q̄1,∆q1q̄1}

[
KI
a1ā1(1 + cos2 θ1)−K ′Ia1ā1 cos θ1

]

×
([

CI cos 2(ϕ2 − ϕy)− C ′I sin 2(ϕ2 − ϕy)
]
I
[
gIa1δq2 f̄

I
ā1δq̄2 − f Ia1δq2 ḡIā1δq̄2 + perm.

]

−
[
CI sin 2(ϕ2 − ϕy) + C ′I cos 2(ϕ2 − ϕy)

]
I
[
gIa1δq2 ḡ

I
ā1δq̄2 + f Ia1δq2 f̄

I
ā1δq̄2 + perm.

])

+ {1↔ 2}
}

(6)

where C and C ′ are coupling factors for transverse quarks (δq2δq̄2), similar to the K’s in the
previous part and ’perm.’ stands for permutations of the quark/anti-quark labels. The angular
dependence from interaction 1 is unchanged compared to σ(0) but for interaction 2 we now get
dependence on azimuthal angles. The angular structure however stays simple and we only have
dependence on one new angle, between the transverse momentum of the outgoing lepton from
interaction 2 and the vector y between the two hard interactions. The transverse dependence
originates in the breaking of the rotation symmetry around the z-axis caused by the transverse
spin of the partons. {1↔ 2} represents the contribution in which interaction 1 is transversely
polarized. It can be obtained by interchanging the labels for the two interactions and at the same
time swapping the positions of the subscripts on the DPDs (For example: fa1δq2 then becomes
fδq1,a2). y cannot be measured and performing the d2y integral relates the correlations to the
transverse momenta of the vector bosons. The cross section can also be displayed with the
quark and final state lepton dependencies separated by aid of an arbitrary x-axis, but we have
chosen to display the results in the above form since it gives formulas of shorter lengths.
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The doubly transversely polarized cross section is richer in structure

dσ(2)

dxidx̄id2qidΩi
=
α4Q2

1Q
2
2

S

∑

q1,q̄1,q2,q̄2
V1,V

′
1 ,V2,V

′
2

∑

I

1(
Q2

1 −m2
V1

+ imV1
ΓV1

) (
Q2

1 −m2
V ′
1
− imV ′

1
ΓV ′

1

)

× 1(
Q2

2 −m2
V2

+ imV2ΓV2

) (
Q2

2 −m2
V ′
2
− imV ′

2
ΓV ′

2

) sin2 θ1 sin2 θ2

∫
d2y

×
{ [
AI cos 2(ϕ1 − ϕ2)−A′I sin 2(ϕ1 − ϕ2)

]

× I
[
f Iδq1δq2 f̄

I
δq̄1δq̄2 − y4M4gaIδq1δq2 ḡ

aI
δq̄1δq̄2 + perm.

]

+
[
BI cos 2(ϕ1 + ϕ2 − 2ϕy)−B′I sin 2(ϕ1 + ϕ2 − 2ϕy)

]

× y4M4I
[
f tIδq1δq2 f̄

tI
δq̄1δq̄2 − gsIδq1δq2 ḡsIδq̄1δq̄2 + perm.

]

+
[
AI sin 2(ϕ1 − ϕ2) +A′I cos 2(ϕ1 − ϕ2)

]

× y2M2I
[
f Iδq1δq2 ḡ

aI
δq̄1δq̄2 + gaIδq1δq2 f̄

I
δq̄1δq̄2 + perm.

]

−
[
BI sin 2(ϕ1 + ϕ2 − 2ϕy) +B′I cos 2(ϕ1 + ϕ2 − 2ϕy)

]

× y4M4I
[
f tIδq1δq2 ḡ

sI
δq̄1δq̄2 + gsIδq1δq2 f̄

tI
δq̄1δq̄2 + perm.

] }
,

(7)

where A, A′, B, and B′ are coupling factors. This part of the cross section depends on θ1 and θ2

but also on the transverse angle between the two outgoing leptons and the angles between them
and the direction y. These describe transverse correlations between the decay planes of the two
vector bosons and between the decay planes and the direction between the hard collisions.

5 Transverse dependence of DPDs

We employ a simple Gaussian model for the transverse dependence of the double parton dis-
tributions, and study how the interplay of longitudinal and transverse dependence affects the
cross section. Even though the transverse structure of the proton is much more complicated
than the model suggests, it can still provide some useful insights into what might be expected
in a more complete treatment.

The transverse dependence of the proton is approximated as a three quark Fock state [18]
and the wave function is separated into a purely longitudinal part and a mixed longitudinal
and transverse part

Ψ(x̂i, k̂i) = φ(x̂i)Ω(x̂i, k̂i). (8)

We take the Gaussian ansatz [19]

Ω(x̂i, k̂i) =
(16π2a2)2

x̂1x̂2x̂3
exp

{
−a2

(
k̂

2

1

x̂1
+

k̂
2

2

x̂2
+

k̂
2

3

x̂3

)}
, (9)

where a is a positive constant of dimension GeV−1, which allows us to carry out the integrations
analytically. The x̂i are the longitudinal momentum fractions and k̂i transverse momenta of
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the three quarks in the Fock state. After performing the transverse integrals, the transverse
dependence of the DPDs renders the unpolarized cross section proportional to

exp

{
− 1

8a2

(
b q2

1 + c q1q2 + d q2

)}
. (10)

b, c and d are positive functions of x1, x2, x̄1, x̄2. The cross section decreases with transverse
momenta of the two vector bosons, as expected since the quarks are more likely to be collinear
to their proton. But due to the q1q2 term equation (10) also shows that the cross section
increases when the two bosons have opposite transverse momentum. Since already this simple
model causes dependence on the azimuthal angle between the vector boson momenta, there is
reason to expect such effects to be present also in more realistic descriptions.

6 Conclusions

Spin correlations, color and flavor interference proliferate the number of double parton distri-
butions. Nevertheless, for the double Drell-Yan process many of them contribute to the same
angular structures in the differential cross section. Longitudinal polarization, color and flavor
interference does not introduce any new angular structures but affects both the overall rate
and the angular distribution. The spin vectors of the transversely polarized quarks break the
rotational invariance around the z-axis. This leads to a dependence of the cross section on the
transverse angle between the decay planes of the vector bosons, different from the dependence
when the two bosons are produced in one hard collision. The cross section also depends on
the angles between the decay planes and the transverse direction between the two collisions.
This direction is not measurable and integrating over it causes correlations with the transverse
momenta of the vector bosons. Effects appearing for double Drell-Yan process are also expected
in other types of processes, for example double dijet production should display similar features,
but the color structure of these processes increases their complexity dramatically. Finally, we
showed that even a simple model for the transverse dependence of the double parton distri-
butions causes a dependence on the azimuthal angle between the momenta of the two vector
bosons.
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We consider constraints on modeling of inelastic collisions at the LHC which follow from
the studies of the transverse structure of nucleon, fluctuations of the strength of the gluon
field at small x and the rate of the multiparton interactions at the Tevatron. Effects due to
proximity to the black disk regime are discussed. We also suggest that gluon fluctuations
are maybe responsible for a number of the features of the high multiplicity events studied
by CMS

1 Introduction

Modeling of the inelastic collisions at the LHC has two principal goals. One is to ensure a good
description of the underlying events for the processes used to look for new particles. Another
is to learn about working of QCD at ultrahigh energies. In the first case one can use a wider
range of the input parameters allowing them to be outside the range dictated by the other
data, ignoring effects of high gluon densities which start to be important at the LHC energies.
However this way one can easily overlook emergence of new QCD phenomena.

In this talk I will focus on several challenges for building realistic description of inelastic
pp collisions: including realistic transverse parton distributions in modeling pp collisions, in-
cluding parton - parton correlations to describe multiparton interactions with realistic single
parton transverse densities, realistic modeling of effects of black disk regime (BDR) at moderate
transverse momenta both in the central and forward region, probing BDR at forward rapidities,
modeling effects of diffraction for inelastic collisions.

2 Impact parameter distributions of the
hard inelastic collisions

Most of the current Monte Carlo approaches model pp collisions using the impact parameter
representation. This is a natural framework for description of the complete picture of the high
energy interaction since in high–energy pp scattering angular momentum conservation implies
that the impact parameter b becomes a good quantum number. Hence it is natural to consider
amplitudes and cross sections in the impact parameter representation.

The QCD factorization theorem for hard exclusive processes [1] allows to determine in a
model independent way the small x generalized diagonal parton distribution (GPD), g(x, t|Q2),
where the momentum transfer to the nucleon is in the transverse direction, with t = −∆2

⊥ (we
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follow the notation of Refs. [2, 3]). This function reduces to the usual gluon density in the
nucleon in the limit of zero momentum transfer, g(x, t = 0|Q2) = g(x|Q2). Its two-dimensional
Fourier transform

g(x, ρ|Q2) ≡
∫
d2∆⊥
(2π)2

ei(∆⊥ρ) g(x, t = −∆2
⊥|Q2) (1)

describes the one–body density of gluons with given x in transverse space, with ρ ≡ |ρ| mea-
suring the distance from the transverse center–of–momentum of the nucleon, and is normalized
such that

∫
d2ρ g(x, ρ|Q2) = g(x|Q2). It is convenient to separate the information on the

total density of gluons from their spatial distribution and parametrize the GPD in the form

g(x, t|Q2) = g(x|Q2) Fg(x, t|Q2), (2)

where the latter function satisfies Fg(x, t = 0|Q2) = 1 and is known as the two–gluon form
factor of the nucleon. Its Fourier transform describes the normalized spatial distribution of
gluons with given x,

Fg(x, ρ|Q2) ≡
∫
d2∆⊥
(2π)2

ei(∆⊥ρ) Fg(x, t = −∆2
⊥|Q2), (3)

with
∫
d2ρFg(x, ρ|Q2) = 1 for any x.

The QCD factorization theorem predicts that the t-dependence of the vector meson (VM)
production should be a universal function of t for fixed x (up to small DGLAP evolution effects).
Indeed the t-slope of the J/ψ production is practically Q2 independent, while the t-slope of the
production of light vector mesons approaches that of J/ψ for large Q2.

The t–dependence of the measured differential cross sections of exclusive processes at |t| <
1 GeV2 is commonly described either by an exponential, or by a dipole form inspired by analogy
with the nucleon elastic form factors. Correspondingly, we consider here two parametrizations
of the two–gluon form factor:

Fg(x, t|Q2) =

{
exp(Bgt/2),

(1− t/m2
g)
−2,

(4)

where the parameters Bg and mg are functions of x and Q2. The two parametrizations give very
similar results if the functions are matched at |t| = 0.5 GeV2, where they are best constrained
by present data (see Fig. 3 of Ref. [4]); this corresponds to [3]

Bg = 3.24/m2
g. (5)

The analysis of the HERA exclusive data leads to

Bg(x) = Bg0 + 2α′g ln(x0/x), (6)

where x0 = 0.0012, Bg0 = 4.1 (+0.3
−0.5) GeV−2, α′g = 0.140 (+0.08

−0.08) GeV−2 for Q2
0 ∼ 3 GeV2. For

fixed x, Bg(x,Q
2) slowly decreases with increase of Q2 due to the DGLAP evolution [2]. The

uncertainties in parentheses represent a rough estimate based on the range of values spanned
by the H1 and ZEUS fits, with statistical and systematic uncertainties added linearly.
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The probability distribution of pp impact parameters in events with a given hard process,
P2(x1, x2, b|Q2), is given by the ratio of the cross section at given b and the cross section
integrated over b. As a result

P2(x1, x2, b|Q2) ≡
∫
d2ρ1

∫
d2ρ2 δ

(2)(b− ρ1 + ρ2)Fg(x1, ρ1|Q2) Fg(x2, ρ2|Q2) . (7)

This distribution represents an essential tool for phenomenological studies of the underlying
event in pp collisions [2, 3].

For the two parametrizations of Eq. (4), Eq. (7) leads to (for x ≡ x1 = x2)

P2(x, b|Q2) =





(4πBg)
−1 exp[−b2/(4Bg)],

[m2
g/(12π)] (mgb/2)3K3(mgb),

(8)

where the parameters Bg and mg are taken at the appropriate values of x and Q2.
Comment: The popular Monte Carlo approaches to modeling pp collisions at the collider

energies – PYTHIA[5] and HERWIG[6] – use x-independent transverse distributions of partons.
In PYTHIA it is given by the sum of two exponentials. This distribution is roughly equivalent
to the dipole parametrization with m2 ≈ 2 GeV2 [7] which is hardly consistent with the data on
J/ψ exclusive photo-production. For smaller x the difference is even larger since the transverse
size increases with decrease of x – see Eq. 6. In HERWIG the dipole fit is used with mg treated
as a free parameter which is allowed to vary in a broad interval. Using parametrizations of the
transverse distribution with m2

gs ∼ 2GeV2 leads to a much more narrow area in the impact
parameter for events collisions with a dijet trigger – a factor of two for x ∼ 10−2 and at least
of three for x ≤ 10−3. Such strong localization of the hard interactions in b strongly suppresses
probability of the hard collisions at large impact parameters, leaving a much larger phase space
for soft collisions. It also masks problems with s-channel unitarity for large b ∼ 1.5 fm [8].

Comparison of Eq. (8) with the b dependence of the generic inelastic collisions [2, 3] leads
to conclusion that there are two distinctive classes of collisions at the LHC – large b collisions
with a modest dijet activity and the central events with enhanced dijet activity. Also the QCD
analysis of [2, 3] has demonstrated that in the kinematics available at the LHC the distribution
over b of inclusive dijet production changes very little with the variation of x’s of the colliding
partons and with pT of the produced jets. This leads to the expectation of the universal
structure of the underlying events [3]. Indeed ATLAS and CMS report that for sufficiently high
pT of the leading particle ( ≥ 6 - 8 GeV/c for

√
s = 7 TeV) the away multiplicity |∆φ| > 120o

practically does not depend on pT . Note however that a more accurate study of the universality
and possible difference between two gluon jets and qq̄ trigger would require introducing a tighter
cut on ∆φ or subtracting the jet fragmentation contribution by fitting ∆φ dependence of the
underlying multiplicity.

Many further tests of the discussed picture which were suggested in Ref. [3] will be feasible
in a near future. They include (i) Check that the transverse multiplicity does not depend on
rapidities of the jets, (ii) Study of the multiplicity at y < 0 for events with jets at y1 ∼ y2 ∼ 2.
This would allow to check that the transverse multiplicity is universal and that multiplicity in
the away and towards regions are similar to the transverse multiplicity for y ≤ 0. (iii) Studying
whether transverse multiplicity is the same for quark and gluon induced jets. Since the gluon
radiation for production of W±, Z is smaller than for gluon dijets, a subtraction of the radiation
effect mentioned below is very important for such a comparison.
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Figure 1: (a) Impact parameter distributions of inelastic pp collisions at
√
s = 7 TeV. Solid

(dashed) line: Distribution of events with a dijet trigger at zero rapidity, y1,2 = 0, for pT =
100 (10) GeV cf. Eq. (8). Dotted line: Distribution of minimum–bias inelastic events. (b)
Dependence of median b on pT for different rapidities of the dijets.

It is also worth noting that in the experimental comparisons of transverse multiplicity in the
events with dijet trigger and generic inelastic events the diffractive events are often removed
from the comparison. There is a strong evidence for suppression of the dijet production in
the diffractive events confirming generic expectation that high energy inelastic diffraction is
predominantly a large b phenomenon. Hence removing diffractive events reduces the difference
between median b’s of two classes of the events. Therefore a strong increase of the transverse
multiplicity occurs over somewhat smaller range of impact parameters than indicated by Fig. 1.

3 Correlations of partons and multiparton interactions

Measurements of multiparton interactions provide a unique opportunity to study parton - par-
ton correlations in nucleons. Multiparton interactions were observed in a number of experiments
at the Tevatron. The first results from the ATLAS experiment were reported at this meeting.

If we parameterize 4→ 4 cross section as

dσ(4→ 4)

dΩ1dΩ2
=

1

S

dσ(2→ 2)

dΩ1

dσ(2→ 2)

dΩ2
(9)

where Ωi is the phase volume for production of a pair of jets, the Tevatron data indicate S ∼ 15
mb. Similar S (which is often denoted as σeff or πR2

int ) was reported by ATLAS at this
meeting.

In the independent particle approximation which is used in all Monte Carlo models with
multiparton interactions, the two-parton GPD is equal to the product of single particle GPDs
discussed in section 2. Using parametrization of Eq. (8) one finds [2, 9]

1

S
=

∫
d2∆

(2π)2
F 4
g (∆) =

m2
g

28π
, (10)
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which leads to approximately a factor of two smaller cross section than the one observed at
the Tevatron: S ≈ 34 mb. This clearly shows that significant positive correlations should be
present between partons for x’s ∼ few 10−2 probed experimentally.

There are a priori two possibilities: (a) correlations induced via pQCD evolution which
correspond to 3 → 4 processes [9], (b) non-perturbative correlations at the resolution scale of
Q2

0 ∼ 1 GeV2.

The analysis of [10, 11] indicates that 3 → 4 processes play a minor role in the Tevatron
kinematics and do not allow to solve this discrepancy. Hence the only viable option seems
to be presence of non-perturbative correlations. In principle they could be due to transverse
or longitudinal correlations or a mix. Our studies indicate that for small x the enhancement
of the cross section results from comparable contributions of the transverse and longitudinal
correlations [11]. A model independent measurement of the longitudinal correlations will be
possible in the pA collisions [12].

Hence in modeling inelastic collisions at the LHC one is faced with a choice between two
options: ignoring information about transverse distribution of partons from hard exclusive
processes and fixing it to describe four jet event – this solution is implemented in the standard
versions of PYTHIA – or introducing parton-parton correlations in generating configurations
for MCs, – so far not implemented in any MCs.

4 Fluctuations of the gluon field and high multiplicity
events at LHC

Strength of the gluon field should depend on the size of the quark configurations. For example,
the gluon field in the small configurations should be strongly screened – the gluon density much
smaller than average.

The variance of the gluon strength at small x can be extracted from the comparison of the
diffractive processes: γ∗L + p→ V +X and γ∗L + p→ V + p [13]:

ωg ≡
〈G2〉 − 〈G〉2
〈G〉2 =

dσγ∗+p→VM+X

dt

/
dσγ∗+p→VM+p

dt

∣∣∣∣
t=0

. (11)

The HERA data indicate that for Q2 ∼ 3 GeV2 and x ∼ 10−3, ωg ∼ 0.15÷ 0.2 which is rather
close to the value for the analogous ratio for the soft diffraction which measures fluctuations of
overall strength of the soft hadronic interactions.

How can one probe the gluon fluctuations in pp collisions? Let us consider multiplicity of
an inclusive hard process – dijet,... as a function of some cuts – for example overall hadron
multiplicity, M (trigger), and build the ratio

R =
M(trigger)

M(minimum− bias) . (12)

If there are no fluctuations of the parton densities, the maximal value of R is reached if the
trigger selects collisions at small impact parameters b ∼ 0. Using Eq. (8) we find [14]

R = P2(0)σin(pp) =
m2
g

12π
σin(pp) ≈ 4.5. (13)
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A larger enhancement of R could arise only from the fluctuations of the gluon density per unit
area.

The first measurement which appears to be relevant for addressing the question of fluc-
tuations was reported by ALICE [15]. The multiplicity of J/ψ was studied as a function of
the multiplicity in the central detector, namely dNR

ch/dη = dNch/dηη=0/ 〈dNch/dηη=0〉, for
dNR

ch/dη ≤ 5. It was found that R increases with increase of dNR
ch/dη reaching values ≈ 5 for

dNR
ch/dη ∼ 4. This number is close to what we estimated above. Any further increase of R

would require presence of the fluctuations in transverse gluon density. An enhancement above
the geometric b = 0 effect is given by the factor

Rfl =
gN (x1, Q

2|n)gN (x2, Q
2|n)

gN (x1, Q2)gN (x2, Q2)

〈S〉
S
. (14)

Here n labels configurations selected by the trigger, and S is the area of the transverse overlap.
In principle Rfl could reach very large values. For example, if we consider a collision of two
protons in cigar shape configurations with the same gluon density for different orientations of
the protons, the enhancement would be proportional to the ratio of the principal axes of the
ellipsoid. Another mechanism for the enhancement of Rfl is the presence of the dispersion in
the gluon density with ωg ∼ 0.15 ÷ 0.2, Eq. (11), which leads to a few percent probability for
the gluon field to be a factor 1.5 larger than average.

These observations are maybe of relevance for the discussion of the high multiplicity (HM)
events studied by the CMS [16]. In the analysis very rare events were selected which have the
overall multiplicity for |η| < 2.4 of at least a factor of ≥ 7 larger than the minimum–bias events.
Probability of such events is very small: PHM ≈ 10−5 ÷ 10−6. The two-particle correlations
were measured as a function of the distance in the pseudorapidity - ∆η and the azimuthal
angle - ∆φ. Three types of correlations were observed : (a) very strong local correlation for
∆η ∼ 0,∆φ ∼ 0, (b) strong correlation for ∆φ ∼ π for a wide range of ∆η, (c) a weak correlation
for 2 < |∆η| < 4.8,∆φ ∼ 0 – so called ridge.

The first question to address is how to get such a large multiplicity. It is pretty obvious
that such events should originate from very central collisions. Based on our knowledge of P2(b)
we find that the probability of the collisions at b < 0.2 fm is ∼2%. Using information about
dispersion of fluctuations of the gluon fields we estimate the probability of fluctuation where
both nucleons have g > 1.5gN (x) is ≥ 10−3. So a natural guess is that the CMS trigger
selected central collisions with enhanced gluon fields in both nucleons. This should result in
a much higher rate of jet production per event. Indeed inspection of the HM data indicates
presence of a large total excess transverse momentum in the ∆φ ∼ π region. Presumably it is
due to production of two back to back jets with the trigger jet generating the narrow same side
correlation. Qualitatively, a large probability of the dijets is maybe due to the combination of
centrality and the gluon density fluctuation. A quantitative analysis of the excess transverse
momenta in the same side and away side regions is badly needed.

Note also that the increase of the multiplicity due to selection of b ∼ 0 and selection of
b ∼ 0 and enhanced dijet production is not sufficient to generate a factor of 7 increase in
the multiplicity - without of the gluon density fluctuations these two effects typically lead to
Nch ∼ 70. The g > gN (x) gluon fluctuations would naturally lead to a further increase of Nch.

The same side ridge could originate from the QCD string effect [17]. This could be tested
by studying collisions with production of dijets with pT ∼ 15 GeV/c without HM trigger.
Alternative mechanism would be fluctuations of the transverse shape of the colliding nucleons
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plus presence of the absorptive effects for pt ≤ 3 GeV/c. Such a scenario appears quite natural
for the high density mechanism we discuss here.

71

Large nonlinear effects at the LHC in wide range of rapidities down to y~0

in proton (A) - proton (A)  collisions a parton with given xR   resolves partons in  another nucleon with x2 = 4p2⊥/xRs

Onset of BDR for interaction of a small 
dipole - break down of LT pQCD 
approximation - natural definition of 
boundary: Γdip(b) =1/2   - corresponds 
the probability for dipole to pass through 
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Figure 2: The pT range where interaction is close to the BDR for the interaction of qq̄ and
color octet dipoles plotted as a function of the energy of the dipole and of x of the interacting
parton for pp interactions at

√
s = 14TeV.

5 Onset of nonlinear regime and suppression
of minijets in pp collisions

One of the important observations of the MC models is that to reproduce the data one needs
to suppress production of minijets. PYTHIA [5] introduces the energy dependent suppression
factor

R(pT ) = p4T /(p
2
T + p20(s))2, (15)

with p0(
√
s = 7 TeV) ≈ 3 GeV/c, corresponding to R(pT = 4 GeV/c) = 0.4. In HERWIG [6]

a cutoff of similar magnitude is introduced of the form θ(pT − p′0(s)). (Need for a cutoff of
similar magnitude can be derived also by considering requirements imposed by the condition
that probability of the pp collision at a given impact parameter (as determined from the data
on elastic scattering) should be larger than the probability of processes with jet production.
One can see that the main minijet contribution to the cross section for

√
s= 7 TeV originates

from xi ∼ 2pT /
√
s ≥ 10−3 and virtualities Q2 ≥ 10 GeV2. This is where kinematics describes

well DIS scattering. So cutoff is not connected to the taming of the parton distributions at
small x. This is consistent with the studies of the elastic small dipole – nucleon interaction
which indicate that for this kinematics partial waves of the scattering amplitude are far from
the limit of complete absorption (Black Disk Regime - BDR) even for small b, for a review
see [2]. The results of this analysis for b = 0 are presented in Fig.2. However interaction of
the colliding partons with the rest of the nucleon corresponds to much larger invariant energies
and hence smaller x. This is because a parton in the nucleon with a given x1 resolves the
gluons in the second nucleon with x2 down to 4p2T /x1s. For example, taking x ∼ 10−2,

√
s=14

TeV and ∼ p2T = 4 GeV2 we find x2(min) = 10−4. For these x interaction is much closer to
BDR, see Fig.2. Hence it appears that BDR for gluons is present in the kinematics relevant for
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the presence of effective cutoff for the minijet production via interactions with the “spectator”
partons. How to implement this effect in the MCs remains an open question. In any case, such
a procedure has to overcome an important deficiency of the current procedure – suppression of
the interaction of leading partons with media which allows a parton with large xF to propagate
through the center of the nucleon without interaction at relatively small virtualities. Such a
scenario clearly contradicts the pattern of strong suppression of the leading particle production
expected in the BDR. These expectations are consistent with the regularities of the leading pion
production in the central deuteron-gold collisions at RHIC where local nuclear gluon density is
comparable to that at the average impact parameters in pp collisions at the LHC, see [18] for
the recent summary.

6 Conclusions

It is important to start developing models of inelastic pp collisions which satisfy constraints on
the transverse distributions of partons from the hard exclusive processes, as well as from the
measurements of MPI. This would require introducing significant correlations in the generalized
double parton distributions. Effects of the BDR dynamics should be also taken into account.

It is important to perform dedicated analyses of the data to test transverse geometry of
the pp collisions and to understand better dependence of the diffractive collisions on impact
parameter. A number of the processes can be used to probe color fluctuations effects in pp
collisions with a hard trigger. Critical tests of the underlying dynamics and in particular effects
of proximity to the BDR could be performed studying hadron production in the fragmentation
region and the long range correlations between hadron production in the forward and central
regions.

Acknowledgements The research was supported by the DOE grant No. DE-FG02-
93ER40771.

References
[1] J. C. Collins, L. Frankfurt and M. Strikman, Phys. Rev. D 56, 2982 (1997).

[2] L. Frankfurt, M. Strikman and C. Weiss, Phys. Rev. D 69, 114010 (2004).

[3] L. Frankfurt, M. Strikman and C. Weiss, Phys. Rev. D83, 054012 (2011), (arXiv:1009.2559 [hep-ph]).

[4] L. Frankfurt, C. E. Hyde, M. Strikman and C. Weiss, Phys. Rev. D 75, 054009 (2007).

[5] For a summary, see: T. Sjostrand and P. Z. Skands, Eur. Phys. J. C 39, 129 (2005).

[6] For a recent summary see M. Bahr et al., Eur. Phys. J. C 58, 639 (2008).

[7] A. Siodmok, Proceedings of “Multi-Parton Interactions at the LHC”, arXiv:1111.0469 [hep-ph].

[8] T. C. Rogers, A. M. Stasto, M. I. Strikman, Phys. Rev. D 77, 114009 (2008). (arXiv:0801.0303 [hep-ph]);
T. C. Rogers, M. Strikman, Phys. Rev. D 81, 016013 (2010). (arXiv:0908.0251 [hep-ph]), T. C. Rogers,
these proceedings

[9] B. Blok, Y. Dokshitzer, L. Frankfurt, M. Strikman, Phys. Rev. D 83 071501 (2011). (arXiv:1009.2714
[hep-ph]); Y. Dokshitzer, these proceedings.

[10] B. Blok, Y. Dokshitzer, L. Frankfurt, M. Strikman, arXiv:1106.5533 [hep-ph].

[11] B. Blok, Y. Dokshitzer, L. Frankfurt, M. Strikman, in preparation.

[12] M. Strikman and D. Treleani, Phys. Rev. Lett. 88 (2002) 031801 (arXiv:0111468 [hep-ph]).

[13] L. Frankfurt, M. Strikman, D. Treleani, C. Weiss, Phys. Rev. Lett. 101, 202003 (2008). (arXiv:0808.0182
[hep-ph]).

8 MPI@LHC 2011

Mark Strikman

104 MPI@LHC 2011



[14] M. Strikman, Phys. Rev. D 84, 011501(R) (2011). (arXiv:1105.2285 [hep-ph]).

[15] B. Abelev et al. [ALICE Collaboration], arXiv:1202.2816 [hep-ex].

[16] V. Khachatryan et al. [CMS Collaboration], JHEP 1009, 091 (2010). (arXiv:1009.4122 [hep-ex]).

[17] Y. L. Dokshitzer, V. A. Khoze, A. H. Mueller and S. I. Troian, “Basics Of Perturbative QCD”, Gif-sur-
Yvette, France: Ed. Frontieres (1991) 274 p.

[18] M. Strikman, Acta Phys. Polon. B 42 (2011) 2607 (arXiv:1112.3834 [hep-ph]).

MPI@LHC 2011 9

Fluctuations of the nucleon transverse parton densities and . . .

MPI@LHC 2011 105
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We show that the contribution from double parton scattering to the inclusive production of
heavy meson pairs is comparable with the conventional single parton scattering mechanism
at the LHC energy. For some species of heavy mesons the double parton scattering is the
dominant mode of their production.

1 Introduction

In the last years it has become obvious that multiple parton interactions play an important
role in hadron-hadron collisions at high energies and are one of the most common, yet poorly
understood [1], phenomenons at the LHC. The presence of such multiple parton interactions in
high-energy hadronic collisions has been convincingly demonstrated by the AFS [2], UA2 [3],
CDF [4, 5], and D0 [6] collaborations, using events with the four-jets and γ+ 3-jets final states,
thus providing new and complementary information on the proton structure.

A greater rate of events containing multiple hard interactions is anticipated at the LHC
(as compared to the experiments mentioned above) due to much higher luminosity and greater
energy of the LHC. Moreover, the reactions with multiple parton interactions will represent
important background to signals from the Higgs production and other interesting processes;
some certain types of multiple interactions will have distinctive signatures facilitating their
detailed experimental investigation.

The main purpose of this talk (based on our previous work [7]) is to bring attention to an-
other important process: the production of heavy meson pairs through double parton scattering,
that is definitely not taken into consideration in the current theoretical estimations [8, 9]. Here,
however, one should mention a recent paper [10], in which the contribution from the double
parton scattering to J/ψ-pair production has been discussed for the first time for the condition
of the LHCb experiment.

Let us recall that, with only assuming the factorization of the two hard parton processes A
and B (Fig. 1), the inclusive cross section of a double parton scattering process in hadron-hadron
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Figure 1: A schematic representation of double parton scattering mechanism.

collisions can be written in the following form [11, 12]

σAB
DPS =

m

2

∑

i,j,k,l

∫
Γij(x1, x2;b1,b2;Q2

1, Q
2
2) σ̂Aik(x1, x

′
1, Q

2
1) σ̂Bjl(x2, x

′
2, Q

2
2)

× Γkl(x
′
1, x

′
2;b1 − b,b2 − b;Q2

1, Q
2
2) dx1dx2dx

′
1dx

′
2d

2b1d
2b2d

2b, (1)

where b is the usual impact parameter, that is, the distance between the centers of colliding
hadrons (e.g., the beam and the target) in transverse plane. Γij(x1, x2;b1,b2;Q2

1, Q
2
2) are the

double parton distribution functions, depending on the longitudinal momentum fractions x1

and x2 and on the transverse positions b1 and b2 of the two partons undergoing the hard
processes A and B at the scales Q1 and Q2; σ̂Aik and σ̂Bjl are the parton-level subprocess cross
sections. The factor m/2 is a consequence of the symmetry with respect to the interacting
parton species i and j: m = 1 if A = B, and m = 2 otherwise.

It is typically taken that the double parton distribution functions may be decomposed in
terms of the longitudinal and transverse components as follows:

Γij(x1, x2;b1,b2;Q2
1, Q

2
2) = Dij

h (x1, x2;Q2
1, Q

2
2)f(b1)f(b2), (2)

where f(b1) is supposed to be an universal function for all kind of partons with its normalization
fixed as ∫

f(b1)f(b1 − b)d2b1d
2b =

∫
T (b)d2b = 1, (3)

and T (b) =
∫
f(b1)f(b1 − b)d2b1 being the overlap function.

If one makes a further assumption that the longitudinal component Dij
h (x1, x2;Q2

1, Q
2
2) re-

duces to a product of two independent one parton distributions,

Dij
h (x1, x2;Q2

1, Q
2
2) = Di

h(x1;Q2
1)Dj

h(x2;Q2
2), (4)
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the cross section of the double parton scattering can be expressed in a simple form

σAB
DPS =

m

2

σASPSσ
B
SPS

σeff
, with σeff = [

∫
d2b(T (b))2]−1. (5)

In this representation and at the factorization of longitudinal and transverse components, the
inclusive cross section of single hard scattering reads

σASPS =
∑

i,k

∫
Di
h(x1;Q2

1)f(b1)σ̂Aik(x1, x
′
1)×Dk

h′(x
′
1;Q2

1)f(b1 − b)dx1dx
′
1d

2b1d
2b

=
∑

i,k

∫
Di
h(x1;Q2

1)σ̂Aik(x1, x
′
1)Dk

h′(x
′
1;Q2

1)dx1dx
′
1. (6)

These simplifying assumptions, though rather customary in the literature and quite convenient
from a computational point of view, are not sufficiently justified and are under revision now.
However, the starting cross section formula (1) was derived in many works (see, e.g., Refs.
[13, 14, 15, 16]) in the momentum representation using the light-cone variables and the same
approximations as those applied to processes with a single hard scattering.

We restrict ourselves to this simple form (5) regarding it as the first estimation of the
contribution from the double parton scattering to the inclusive double heavy meson production.
The presence of the correlation term in the two-parton distributions results in the decrease [13,
17, 18] of the effective cross section σeff with the growth of the resolution scales Q1 and Q2,
while the dependence of σeff on the total energy at fixed scales is rather weak [18]. In fact, we
obtain the minimal estimate for the contribution of interest. The CDF and D0 measurements
give σeff ' 15 mb, which is roughly 20% of the total (elastic + inelastic) pp̄ cross section at the
Tevatron energy. We will use this value in our further estimations.

2 Numerical results and discussion

Let us start from the double J/ψ production, since the LHCb Collaboration has recently re-
ported a first measurement [19] of this process

σJ/ψJ/ψ = 5.6± 1.1± 1.2 nb (7)

with both J/ψ’s in the rapidity region 2 < yJ/ψ < 4.5 and with the transverse momentum

p
J/ψ
T < 10 GeV/c in proton-proton collisions at a center-of-mass energy of

√
s = 7 TeV. Earlier

this collaboration has already measured [20] the single inclusive J/ψ production cross section
with the same kinematic cuts as above

σ
J/ψ
SPS = 7.65± 0.19± 1.10+0.87

1.27 µb. (8)

Using Eq. (5) we obtain immediately a simple estimation of the contribution from the
double parton scattering at the same kinematic conditions

σ
J/ψJ/ψ
DPS =

1

2

σ
J/ψ
SPSσ

J/ψ
SPS

σeff
' 2.0 nb. (9)
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Figure 2: The distributions on the J/ψ − J/ψ pair transverse momentum (left) and the az-
imuthal angle difference between the two J/ψ mesons (right) in the SPS process. Solid, dashed,
and dash-dotted histograms represent calculations with A0, A-, and A+ gluon densities [32],
respectively.

This value is quite compatible with the cross section through the “standard” mechanism of
the double J/ψ production [9]

σ
J/ψJ/ψ
SPS = 4.15 nb, (10)

and the theoretical prediction for the summary contribution for both scattering modes is then

σ
J/ψJ/ψ
SPS + σ

J/ψJ/ψ
DPS = 6.15 nb, (11)

that is very close to the experimentally observed cross section (7) of double J/ψ production. It
is worth mentioning on the other hand that the predictions on the double J/ψ production are
very sensitive to the choice of the renormalization scale (because of the O(α4

s) dependence of

the σ
J/ψJ/ψ
SPS cross section), and so, the LHCb experimental results can also be accommodated

by the SPS mechanism alone (see below).
An even better evidence for the double parton scattering process can be found in the pro-

duction of χc pairs. The production of P -wave states is suppressed relative to the production
of S-wave states because of the hierarchy of the wave functions |RJ/ψ(0)|2 � |R′χc

(0)|2/m2
χ

leading to the inequality σ
J/ψJ/ψ
SPS � σχcχc

SPS . Indeed, as one can learn from Fig. 8 in Ref. [8],
the inclusive double χc production is suppressed in comparison with the inclusive double J/ψ
production by more than two orders of magnitude.

At the same time, the inclusive production of single J/ψ and χc states shows nearly the same
rates. The latter property is supported by both theoretical [21] and experimental [22, 23, 24]
results. The reason for this is, that the χc mesons are produced in a direct 2→ 1 gluon-gluon
fusion g+ g → χc, while the J/ψ mesons are produced in a 2→ 2 subprocess g+ g → J/ψ+ g,
where an additional final state gluon is required by the color and charge parity conservation.
As a consequence, the invariant mass of the produced system is typically much higher in the
J case than in the χc case. (Besides that, the structure of the matrix element is such that it

4 MPI@LHC 2011

Sergey P. Baranov, Alexander M. Snigirev, Nikolai P. Zotov

110 MPI@LHC 2011



vanishes when the co-produced gluon becomes soft. This further suppresses the production of
low-mass states.)

Taken together, the suppression factors coming from the lower wave function on the χc side
and from the higher final state mass and extra αs coupling on the J/ψ side nearly compensate

each other making the inclusive production cross sections comparable in size: σχc

SPS ' σ
J/ψ
SPS . As

a consequence, we get σχcχc

DPS ' σ
J/ψJ/ψ
DPS and σχcχc

DPS � σχcχc

SPS . Thus, if observed, the production
of a χcχc pair would yield a clear and unambiguous indication of the double parton scattering
process. The need in detecting the decay photon χc → J/ψ + γ leads to certain difficulties in
the experimental procedure, but the task seems still feasible as the production cross section is
not small.

Another tempting possibility is to consider the simultaneous production of J/ψ and χc.
In the SPS mode this process is forbidden at the leading order (LO) by the charge parity
conservation but is possible at the next-to-leading order (NLO), g + g → J/ψ + χc + g. The
corresponding cross section is then suppressed by one extra power of αs and by the χc wave
function. Alternatively, it can proceed via the soft final-state gluon radiation (the so called
color octet model). The estimations of the cross section are then model dependent and rather
uncertain, but even with the largest acceptable values for the color octet matrix elements one
arrives at a suppression factor of about two orders of magnitude [8]. For the DPS mode we still

expect no suppression, σ
J/ψχc

DPS ' σJ/ψJ/ψDPS .
Yet another interesting process is the production of particles from different flavor families,

say, J/ψ and Υ mesons. Once again, this process is not possible at the leading order in the
SPS mode and can only occur either at the NNLO (next-to-next-to-leading order) O(α6

s), or
via the color-octet transitions, or by means of the production and decay of P -wave mesons
(i.e., g + g → χc + χb followed by χc → J/ψ + γ and χb → Υ + γ). So, the SPS mode is
always suppressed: either by the extra powers of αs, or by the color-octet matrix elements,
or by the P -state wave function, and the DPS mode becomes the absolutely dominant one:

σ
J/ψ Υ
DPS � σ

J/ψ Υ
SPS .

Now, to be more precise, we will derive some numerical predictions. In doing so, we rely
upon perturbative QCD and nonrelativistic bound state formalism [25, 26] with only the color-
singlet channels taken into consideration. Also, we accept the kt-factorization ansatz [27, 28, 29]
for the parton model. The computational technique is explained in every detail in Ref. [21],
and the parameter setting is as follows. The meson masses are taken from the Particle Data
Book [30], and the heavy quark masses are set equal to one half of the respective meson masses;
the radial wave functions of J/ψ and Υ mesons are supposed to be known from their leptonic
decay widths [30] and are set to |RJ/ψ(0)|2 = 0.8 GeV3 and |RΥ(0)|2 = 6.48 GeV3; the wave
functions of the P -states are taken from the potential model [31], |R′χc

(0)|2 = 0.075 GeV5 and
|R′χb

(0)|2 = 1.44 GeV5; the renormalization scale in the strong coupling αs(µ
2) is chosen as the

meson transverse mass µ2 = m2 + p2
t ; and we use the A0 parametrization from Ref. [32] for

the unintegrated gluon density. In the present note we will restrict ourselves to the conditions
of the LHCb experiment, since the Collaboration has already recorded the production of J/ψ
pairs. Predictions for other experimental conditions can be made in an essentially similar way.

Within the theoretical model described above, we get for the direct inclusive J/ψ production

σ
J/ψ
SPS(direct) = 7.1 µb, (12)

and for the χc mesons
σχ1

SPS = 1.5 µb, σχ2

SPS = 5.1 µb. (13)
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After multiplying these numbers by appropriate branching ratios [30] Br(χc1→J/ψ+γ) = 35%
and Br(χc2→J/ψ+γ) = 20% and additions of the direct and indirect contributions, we get for
the prompt J/ψ yield:

σ
J/ψ
SPS = σ

J/ψ
SPS(direct) + σ

J/ψ
SPS(from χc) = 7.1 µb + 1.6 µb = 8.7 µb. (14)

This result is in reasonable agreement with the experimental measurement (8), thus giving
support to our theoretical model. Quite similarly, we get for the bb̄ mesons

σΥ
SPS(direct) = 140 nb, and σχ1

SPS = 18 nb, σχ2

SPS = 91 nb. (15)

Then one can easily obtain for the DPS mode

σ
J/ψJ/ψ
DPS = 1.7 nb, (16)

σ
J/ψJ/ψ
DPS (both from χc) = 0.9 nb, (17)

σ
J/ψΥ
DPS = 0.07 nb. (18)

The reader can continue deriving predictions for other DPS combinations.

To calculate the background contribution σ
J/ψJ/ψ
SPS we use the code developed in [33] and

extended now [34] to the kt-factorization approach:

σ
J/ψJ/ψ
SPS = 4 nb. (19)

Variations in the renormalization scale µ2
R within a factor of 2 around the default value µ2

R = ŝ/4
result in an increase or decrease on the total production rate by a factor of 1.6. Employing some
different parametrizations for the unintegrated gluon densities (A+ or A- sets from Ref. [32])
also changes the predicted cross section by a factor of 1.6 up or down. Our central prediction
(19) is in reasonable agreement with the data (7).

The proportion between the visible SPS and DPS contributions can, in principle, depend
on the experimental cuts on the J/ψ transverse momentum. However, in the particular case
which we are considering here, the LHCb Collaboration refers to no cuts on pT (J/ψ). In fact,
there are some soft restrictions on the momenta of the decay muons, pT (µ) > 600 MeV, but
they are taken into account as corrections to the acceptance. The final results reported by the
collaboration to compare with are the acceptance-corrected ones.

It is also worth noting that even in the general case the sensitivity of the ratio σDPS/σSPS

to the pT cuts is rather weak, because the DPS and SPS contributions show the same pT
dependence. This is explained in detail in Ref. [34]. Irrespective of the particular properties
of the subprocess matrix element, the pT of the final state is dominated by the transverse
momentum of the initial gluons, and the individual J/ψ spectra behave as 1/p4

T in both SPS
and DPS modes. Moreover, the momenta of the two J/ψ mesons are not correlated. The latter
is evident in the DPS case and was not a priori evident in the SPS case, but turned out to be
true (Fig.5 in Ref. [34]). So, the SPS and DPS event topologies are rather similar to each other
and can hardly be distinguished from one another.

Our calculations agree with the observation made in Ref. [10] that the effects of initial
parton radiation (that are automatically present in the kt-factorization approach) destroy the
original back-to-back J/ψJ/ψ kinematics completely washing out the azimuthal correlations
(see Fig. 2). One can potentially distinguish the SPS and DPS modes with rapidity correlations,
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but we anyway find that looking at some other meson species is more indicative. In particular,
the production of χcχc, J/ψχc or J/ψΥ pairs is totally dominated by the DPS mechanism
because the SPS mechanism is suppressed for the reasons given earlier. A similar study has
been carried out in Ref.[35].

Summing up, we conclude that the processes with pairs of heavy quarkonia in the final state
(J/ψJ/ψ, χcχc, J/ψχc, J/ψΥ ) can serve as precise probes of the double parton scattering
at the LHC and can stimulate important steps towards understanding the multiparticle QCD
dynamics.
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Measurement of hard double-partonic interactions

in W→ lν + 2 jet events using the ATLAS

detector at the LHC
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The production of W bosons in association with two jets has been investigated using proton-
proton collisions at a centre-of-mass energy of

√
s = 7 TeV. The fraction of W+2 jet events

arising from double parton scattering was measured to be fR
DP = 0.16 ± 0.01 (stat) ±

0.03 (sys) for jets with transverse momentum pT > 20 GeV and rapidity |y| < 2.8. This
corresponds to an effective cross section for hard double partonic interactions of σeff =
11 ± 1 (stat) +3

−2 (sys) mb, which is consistent with previous measurements performed
at lower centre-of-mass energies in different channels. This measurement was performed
using data collected with the ATLAS detector corresponding to an integrated luminosity
of 33 pb−1 .

1 Principle of the measurement

The aim of this analysis, described in detail in [1], is to extract the fraction of W + 2j events1

containing hard double parton interactions (DPI) produced in proton-proton collisions recorded
by the ATLAS detector. The method of extraction is to fit over the distribution of a variable
that has good discrimination between a W boson produced in direct association with 2 jets
(W +2jD) and a W boson produced in association with zero jets in addition to a double-parton
scatter resulting in two jets (W0 + 2jDPI).

The fraction of W0 + 2jDPI events in the selected W + 2j sample at reconstruction level R,
fR

DP, is defined as

fR
DP =

NW0+2jDPI

NW+2j
, (1)

where NW0+2jDPI
is the number of W0 +2jDPI events passing W +2j selection, and NW+2j is the

total number of events passing W + 2j selection. Although these quantities will be measured
at detector level, it is shown in Section 5.3 that fR

DP is closely related to its parton-level (P )
equivalent, fP

DP. It is possible to define the effective cross section [2] σeff

σeff =
σW0
· σ2j

σW0+2jDPI

, (2)

where σW0
, σW0+2jDPI

and σ2j are the cross-sections of W + 0j, W0 + 2jDPI and dijet (2j) events

1W + nj will be used to denote processes in which W is produced in association with n-jets
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respectively. Each cross-section can be calculated using

σ =
N

A ε L
, (3)

where N is the number of events, A is the acceptance after reconstruction and unfolding correc-
tions, ε is the trigger efficiency and L is the integrated luminosity. Equation (2) can therefore
be rewritten as

σeff =
1

fR
DP

· NW0
N2j

NW+2j
· AW0+2jDPI

AW0
A2j

· εW0+2jDPI

εW0
ε2j
· LW0+2jDPI

LW0
L2j

. (4)

In this analysis, a factorisation ansatz between the W and the 2j systems is assumed. This
leads to a number of conclusions regarding the quantities in equation (4). First, the kinematics
of the W do not influence the kinematic distributions of the DPI system. This implies that

AW0+2jDPI = AW0 ·A2jDPI , (5)

once corrections involving the impact of jets on W reconstruction and vice versa have been made
(discussed in detail in Section 5.4). Secondly, the kinematics of the jets in the DPI system may
be modelled by the kinematics of single-scatter dijet events, which implies that

A2jDPI = A2j. (6)

Finally, the W0 + 2jDPI and W0 events will be selected online using the same trigger selection.
This results in luminosity and efficiency cancellations and equation (4) simplifies to

σeff =
1

fR
DP

· NW0 N2j

NW+2j
· 1

ε2j
· 1

L2j
. (7)

In this analysis the terms in equation (7) are determined as separate quantities allowing the
evaluation of σeff with its associated uncertainty.

2 Event selection

The measurement was performed using 33 pb−1of data taken with the ATLAS detector [3]
during 2010. Events were required to contain at least one primary vertex that was reconstructed
within 200 mm of the interaction point and contained at least three tracks. Additional cuts
were applied to reduce the contamination from noisy calorimeter cells, beam backgrounds and
cosmic rays.

The selection of the W → `ν signal was similar to that used in the W → `ν + jets cross-
section analysis [4]. Dedicated single-electron and single-muon trigger selections were used to
retain W → eν and W → µν events, respectively.

In the electron channel, events were required to contain one electron that satisfied tight
identification criteria with transverse momentum pT > 20 GeV and pseudorapidity |η| < 2.47.
Electrons reconstructed in the transition region between the barrel and endcap calorimeters
(1.37 < |η| < 1.52) were excluded from the analysis. Additional requirements were applied to
remove electrons falling into inactive regions of the calorimeter.

In the muon channel, events were required to contain an isolated, prompt muon with pT >
20 GeV and pseudorapidity |η| < 2.5. The muon was reconstructed from information from both
the muon spectrometer and the inner detector.
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In both channels, additional requirements were placed on Emiss
T and transverse mass MT.

Events were required to have transverse missing energy Emiss
T > 25 GeV and MT > 40 GeV.

Jets are defined using the anti-kt [5] algorithm with R = 0.6 and full four momentum
recombination. The jets are reconstructed from electromagnetic scale topological clusters that
are built from calorimeter cells. Each jet is subsequently corrected using pT and η dependent jet
energy scale (JES) calibration factors derived from simulated Monte Carlo (MC) events [6]. Jets
were required to have pT > 20 GeV and |y| < 2.8. All jets within ∆R < 0.5 of a reconstructed
electron or muon were removed from the analysis. Jets originating from pile-up interactions
were removed by applying a cut on the jet-vertex fraction (JVF), which was defined for each
jet in the event.

Events were subsequently divided into two orthogonal datasets. The first was a W + 0j
sample, in which no jets were reconstructed – in accordance with the definition above – in
addition to the W decay products. The second was the W + 2j sample, in which exactly two
additional jets were reconstructed. The W + 0j sample is only used for the evaluation of σeff .

Dijet events were selected online using a trigger selection derived from the Minimum Bias
Trigger Scintillators and Zero Degree Calorimeters, which have been shown to be unbiased and
fully efficient for jet-based measurements [6]. Dijet events were required to contain exactly two
jets, reconstructed using the same algorithm, input objects and kinematic selection as in the
previous section.

3 Monte Carlo simulation

Alpgen [7] was used to generate W + nj signal events. MLM [8] matching was used, with the
matching scale cut set at 20 GeV, to prevent any double counting caused by the parton shower.
Alpgen is a matrix element generator that is interfaced to Herwig [9] v6.510, for parton
showering and hadronisation, and to Jimmy [10] v4.31, for the underlying event. The event
generator tune was AUET1 [11]. Sherpa [12] v1.3.1 was also used to generate an alternative
sample of W + nj signal events. Sherpa is a matrix element generator that uses CKKW [13]
matching to prevent double counting from the parton shower. The Sherpa samples were
generated with the default underlying event tune and the CKKW matching cut at 30 GeV. As
a final comparison for signal events, Pythia6 [14] was used to generate inclusive W events,
with the AMBT1 tune [15] for the underlying event activity.

Various generators were used to simulate the effect of physics backgrounds to the W signal
events. tt̄ events were generated at next-to-leading order accuracy using the
MC@NLO [16] generator. MC@NLO was interfaced to Herwig and Jimmy, and the AUET1
tune for the underlying event was used in the sample generation. Backgrounds from dijet and
inclusive Z production were simulated using Pythia6 with tune AMBT1 for the underlying
event.

Each generated event was passed through the standard ATLAS detector simulation [17],
which is based on Geant4 [18]. The MC events were reconstructed and analysed using the same
chain as applied to the data.

3.1 Event generator samples without double parton scattering

In addition to the standard MC simulation, W + 2j events with no multiple parton interactions
were generated using Sherpa and Alpgen+Herwig+Jimmy. These samples model the jet-
jet correlations in the non-DPI production of W + 2j events and were used to extract fR

DP
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from the data. DPI was switched off in Sherpa using the MI HANDLER switch. This prevents
secondary parton-parton scattering with pT & 5 GeV. The initial/final state radiation from
the incoming/outgoing legs of the leading-order matrix element is retained, in addition to the
generation of intrinsic transverse momentum and fragmentation of beam remnants.

To create a corresponding Alpgen+Herwig+Jimmy sample with DPI switched off, the
standard generation of W+2j was used, but events were rejected if the two jets were identified as
originating from a non-primary parton-parton scatter. This jet-parton matching was performed
using the Herwig event record, by identifying the parton with status code 123/124 and pT > 3.5
GeV that was closest to each jet2.

4 Characteristics of DPI events in data and MC

The goal of this study is to identify the fraction of W + 2j events that are produced via double
parton scattering. It is expected that the two partonic scatters are independent and therefore
the jets produced in DPI events will typically be produced more back-to-back in azimuth than
those produced in single scatter events. The independence of the two scatters can also be seen
in variables that parameterise the transverse momentum imbalance between the jets, such as

∆jets =
∣∣~pT,1 + ~pT,2

∣∣ and ∆n
jets =

∣∣~pT,1 + ~pT,2

∣∣
∣∣∣~pT,2

∣∣∣+
∣∣∣~pT,2

∣∣∣
, (8)

where the indices 1 and 2 identify the two jets in the event.
The Sherpa and Alpgen+Herwig+Jimmy predictions for ∆jets are shown in Figure 13,

with and without the contribution from double parton scattering. The effect of including the
DPI in each generator is an enhancement in the region ∆jets ∼ 10 GeV. It is concluded that
this enhancement is related to the DPI contribution, for which the two jets are produced back-
to-back in azimuth and with similar transverse momenta. The distribution of the ∆n

jets variable
is also shown in Figure 1. This variable is constructed such that the region close to ∆n

jets=1
contains no DPI, and that near ∆n

jets=0 contains a larger fraction of DPI. The ∆n
jets variable

is particularly useful, because, as a ratio, it has reduced sensitivity to jet energy uncertainties
whilst remaining sensitive to the presence of DPI.

5 Extraction of fR
DP

The extraction of fR
DP from the data was performed using a χ2 minimisation to the normalised

∆n
jets distribution of the form

(1− fR
DP) ·A+ fR

DP ·B, (9)

where template A is the normalised distribution for W + 2jD and template B is the normalised
distribution for W0 + 2jDPI. The construction of these templates is discussed in Section 5.1. To
minimise the dependence on near-collinear jets, the two bins covering 0.933 < ∆n

jets < 1.0 were
not used in the fit.

2The threshold was chosen to be 3.5 GeV to approximately match the PTJIM parameter (3.86 GeV), which
is used in Jimmy to set the transverse momentum scale of secondary scatters.

3as for all figures in this note, these have been reproduced from [1].
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Figure 1: Predicted distributions of ∆jets (a) and ∆n
jets (b) in W → `ν+2 jet events in Sherpa

and Alpgen+Herwig+Jimmy (A+H+J) Monte Carlo simulation when DPI is switched on
and off in the manner described in Section 3. The Pythia prediction (with DPI switched on)
is also shown for comparison. All distributions are normalised to unity.

5.1 Template construction

The model for the W + 2jD contribution (template A) was taken from the event generator
predictions. The first model for this template was the Sherpa prediction with the MPI switched
off. The second model was the Alpgen+Herwig+Jimmy prediction with the MPI removed.
The procedure to switch off or remove MPI in the generators was discussed in Section 3. There
is a small difference between the Sherpa and Alpgen+Herwig+Jimmy predictions, which
will be used as a generator modelling uncertainty in the extraction of fR

DP. This is discussed
further in Section 5.3.

Template B, the model for W0 + 2jDPI kinematics, is constructed from dijet data using the
selection outlined in Section 2. The fractional difference between the extracted value of fR

DP

when using dijet MC in place of dijet data was found to be negligible.

5.2 Fit results

The result of fitting the templates to the data is shown in Figure 2. The fraction of DPI events
was found to be fR

DP = 0.18, using the Sherpa prediction for template A. The associated quality
of the fit was χ2/Ndf = 1.4 (Ndf = 27). The fraction of DPI was observed to be fR

DP = 0.14
using the Alpgen+Herwig+Jimmy prediction for template A, with a χ2/Ndf of 0.9. The
final value of fR

DP was taken to be the average of these results (fR
DP = 0.16). The statistical

uncertainty was obtained by varying the χ2 by one unit and was found to be ' 0.07fR
DP. The

systematic uncertainties on the extracted value of fR
DP are discussed in Section 5.4.

The value fR
DP extracted from the fit to ∆n

jets can be used to normalise appropriate templates
for ∆jets. Figure 3 shows the distribution obtained in data compared to these normalised
templates.
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Figure 2: Comparison of ∆n
jets distribution in the data with expectations after χ2 minimisation

fits of the templates to data to extract fR
DP. The result obtained using Sherpa for template A is

shown in (a) and the result obtained using Alpgen+Herwig+Jimmy (A+H+J) for template
A is shown in (b). The physics background (physics BG) is added to template A in the figure
(dotted line). The fit region is the region to the left of the dotted line. Data and the overall fit
were normalised to unity, template A to 1− fR

DP and template B to fR
DP.

5.3 Transition of results from detector to parton level

In this section, the relationship between the parton-level, fP
DP, and reconstruction level, fR

DP,
quantities is established. The fraction of events originating from double parton scattering is
defined at parton-level by

fP
DP =

NP
W0+2jDPI

NP
W0+2jDPI

+ NP
W+2jD

. (10)

where NP
W0+2jDPI

is the number of events generated with the two partons originating from DPI

and NP
W+2jD

is the number of events generated with the two partons produced directly from
the W + 2j matrix element. The partons are required to pass the same selection criteria as the
reconstructed jets, pT > 20 GeV and |y| < 2.8. The value of fP

DP was evaluated to be 0.18 in
the nominal Alpgen+Herwig+Jimmy settings.

DPI events were weighted with a factor x to vary this default value of fP
DP in the sample. A

χ2 minimisation fit to this weighted sample was then performed, with the SHERPA prediction
for template A and the dijet data for template B. The result of the fit yields an estimate of
the fraction of DPI present in the detector level Monte Carlo, fT

DP.
The result of the fit is shown in Figure 4(a) for fP

DP = 0.18 (x = 1). The relationship between
fT

DP and fP
DP is obtained by varying x and is shown in Figure 4(b). In general, there is a strong

correlation between the extracted value of fT
DP and the input value of fP

DP. There is, however, a
small bias of fT

DP at small values of fP
DP. This bias arises from (i) modelling differences between

the two generators and (ii) physics and detector effects present in the transition from parton-
level to detector-level. As the fraction of DPI is increased, the fit result becomes increasingly
insensitive to the details of template A and the extracted value of fT

DP converges towards the
input value of fP

DP.
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Figure 3: Comparison of ∆jets distribution in the data with expectations of template A and B
combined in the ratio NB/NA=fR

DP/(1-fR
DP), where fR

DP is fixed to the value obtained in the
fit to the ∆n

jets distribution. The prediction using Sherpa for template A is shown in (a) and
Alpgen+Herwig+Jimmy is shown in (b). The physics background (physics BG) is added
to template A in the figure (dotted line). Data and the overall fit were normalised to unity,
template A to 1− fR

DP and template B to fR
DP.

5.4 Systematic uncertainty on fRDP

In Section 5.2, the final value of fR
DP = 0.16 was determined using both the Sherpa and the

Alpgen+Herwig+Jimmy predictions for template A. In particular, the value of fR
DP was

taken to be the average of the values extracted using the two event generators. The systematic
uncertainty associated with the event generator modelling of W + 2jD is taken to be the differ-
ence between this average and the generator-based predictions. This is the largest systematic
uncertainty in the measurement and observed to be 0.12fR

DP. Furthermore, in Section 5.3, the
shift between fP

DP and fT
DP at fT

DP = 0.16 was observed to be 0.1fR
DP. This is taken to represent

the systematic uncertainty in the use of reconstructed objects to measure a quantity that is
formally defined at the parton-level. It is noted that these estimates partially double count the
effects of the modelling differences between Sherpa and Alpgen+Herwig+Jimmy.

Events in which W + 1jD is produced in conjunction with a DPI scatter were observed to
have little impact on the analysis. At parton level, the shift in fP

DP was found to be negligible
if these events were included. Furthermore, the addition of these events at reconstruction level
did not significantly alter the shape of template A. It is therefore concluded that the systematic
uncertainty due to such combinatoric events is negligible. The impact of physics modelling was
observed to be negligible for the electroweak and tt backgrounds. For the QCD background,
the normalisation uncertainty derived in [4] was included, resulting in a physics background
modelling uncertainty of 1% on fR

DP.

The systematic uncertainty on fR
DP due to jet energy scale calibration was found to be 0.1fR

DP.
The systematic uncertainty due to the jet energy resolution was observed to be negligible. Both
of these effects were calculated after varying the jet energy scale and resolution within the known
uncertainties [6]. The impact of pileup was obtained by studying the fit results as a function
of the number of primary vertices reconstructed in the event. The effect of removing the JVF
selection criterion was studied, as an additional estimate of the uncertainty due to pile-up. The
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Figure 4: (a) Comparison of ∆n
jets distribution predicted by the Alpgen+Herwig+Jimmy

default (x = 1) with χ2 minimisation fits of templates A (Sherpa) and B, to extract fT
DP. The

template construction and normalisation is the same as in Figure 2. (b) Extracted value of fT
DP

as a function of fP
DP. A one-to-one correspondence line (dashed line) and a linear fit (unbroken

line) to the points are also shown. The data extracted value fR
DP (using the Sherpa prediction

of template A) with its statistical uncertainty of 0.07 fR
DP is also shown extrapolated to the

parton level using the linear fit.

overall systematic uncertainty on fR
DP due to pileup was estimated to be 0.08fR

DP. The trigger
used to select dijet events is 100% efficient in selecting dijet events and so should not bias their
observed kinematics [6]. However, an additional uncertainty of 5% was included after studying
the variation in the template B shape when the calorimeter jet trigger was used to select the
events.

The sources of systematic uncertainty discussed in this section are summed in quadrature
to give an overall systematic uncertainty of 21% in the measurement of fR

DP.

5.5 Dependence of fRDP on phase space cuts

Figure 5 shows the values of fP
DP, fT

DP and fR
DP as a function of the minimum jet pT requirement.

The extracted values of fT
DP and fR

DP are presented only for phase space regions in which the jet
energy scale is well understood and the measurement is statistically feasible. The decrease of
fR

DP with increasing jet pT is consistent with the MC predictions for fP
DP and fT

DP. This decrease
reflects the fact that the partons originating from the additional scatters have a steeper pT

distribution than the partons from the primary scatter. The values of fP,T,R
DP were observed to

be only weakly correlated with the maximum rapidity requirement applied to the partons/jets
and is not discussed further.

6 Evaluation of σeff

The value of σeff was evaluated using equation 7. The fraction of events from double parton
scattering was extracted from the data as discussed in the previous section. The exclusivity
ratio, NW0

/NW+2j was obtained using the inclusive W dataset produced with the selection
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Figure 5: (a) Extracted values of fT
DP, fP

DP and fR
DP (using Sherpa prediction for template A)

as a function of jet/parton pT, and (b) the centre-of-mass
√
s dependence of σeff extracted in

different processes in different experiments, for an energy range between 63 GeV and 7 TeV.

criteria outlined in Section 2. This ratio was observed to be 11, with an associated systematic
uncertainty of 5% due to background modelling [4]. The statistical uncertainty was negligible.
The number of (exclusive) dijet events was found to be 28820 following the event selection
criteria outlined in Section 2. The integrated luminosity was L = 184 µb−1, with a systematic
uncertainty of 3.4% [19]. The trigger selection for dijet events is fully efficient (ε2j = 1).

The lepton-jet overlap removal was only applied to jets in the W + 2j sample. A small cor-
rection was applied to account for any bias in the acceptance cancellation assumed in equation
5. The effect of Emiss

T resolution on the acceptance cancellation was found to be negligible.

The final result is σeff (7 TeV) = 11±1 (stat) +3
−2 (sys) mb. This is compared to results from

previous experiments [20–24] as a function of centre-of-mass energy in Figure 5. The value of
σeff obtained in this measurement is consistent with the Tevatron results assuming no energy
dependence. However, given the quoted uncertainties on each measurement, a dependence on
the centre-of-mass energy cannot be excluded.
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The samples of inclusive γ+3 jet and γ+2 jet events collected by the DØ experiment with
an integrated luminosity of 1 fb−1 in pp̄ collisions at

√
s = 1.96 TeV were used to study

processes with multiple parton interactions (MPI). Using the sample of γ+ 3 jet events we
measured: (a) the fraction of events with double (fDP) and triple (fTP) parton interactions,
(b) effective cross section, σeff , a scale parameter related to the parton density inside the
nucleon and (c) cross section as a function of the angle between the transverse momentum
(pT) of the γ+leading jet system and pT sum of the two other jets. The sample of γ +
2 jet events allowed us to measure the fraction of events with double parton interactions
and cross sections as a function of the angle between the pT of the γ+leading jet system
and pT of the other jet. We also estimated the contribution of events with double parton
interactions as a background to the associated Higgs boson (H) and W production (with
H → bb̄ decay) at the Tevatron.

1 Introduction

High energy inelastic scattering of nucleons occurs mainly through a single parton-parton inter-
action but the contribution from multiple parton interactions (MPI) can be significant. Study-
ing the MPI at high pT regime gives the important information about hadron structure and is
needed for precise estimates of backgrounds to many rare processes.

2 Double parton interactions in γ + 3 jet events

The cross section of a process with double parton (DP) interaction is proportional to cross
sections of two partonic scatterings A and B.

σDP ≡
σAσB

σeff
. (1)

The scaling parameter σeff has the units of cross section and characterizes a size of the effective
interaction region. We use a sample of γ + 3 jet events collected by the DØ experiment with
an integrated luminosity of about 1 fb−1. The DØ detector is a general purpose detector
described in [1]. The events should pass triggers based on the identification of high pT cluster
in the electromagnetic calorimeter with loose shower shape requirements for photons. Jets are
reconstructed using the DØ Run II iterative midpoint cone algorithm [2] with a cone size 0.7.
Each event must contain at least one photon in the rapidity region |y| < 1.0 or 1.5 < |y| < 2.5
and at least three jets with |y| < 3.0. Events are selected with photon transverse momentum
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60 < pγT < 80 GeV, leading (in pT ) jet pT > 25 GeV, while the next-to-leading (second) and

third jets must have pT > 15 GeV. The DP fractions and σeff are determined in three pjet2
T

bins: 15–20, 20–25, and 25–30 GeV.
In order to extract σeff we compare rates of double interaction (DI) events (events with

interactions at two separate pp̄ collisions) and DP events. Assuming that scatterings in the
two DP hard processes are uncorrelated, DP and DI events should be kinematically identical.
The DP γ + 3 jet event sample is selected from data with a single pp̄ collision vertex, while DI
γ + 3 jet event sample contains events with two separate pp̄ vertices. Effective cross section is
extracted from the ratio of observed DP and DI γ + 3 jet event rates.

An event in DP γ + 3 jet sample can be produced by the two independent parton-parton
scatterings or by a single parton-parton (SP) scattering with gluon radiation in initial or final
state as well.

To identify the events with two independent parton-parton scatterings that produce γ +
3 jet final state, we use an angular distribution sensitive to the kinematics of the DP events.
We define a variable:

∆S ≡ ∆φ
(
~p γ, jet1

T , ~p jet2, jet3
T

)
, (2)

where ∆φ is an azimuthal angle between the pT vectors of the total transverse momenta of the

two two-body systems, ~p γ, jet1
T and ~p jet2, jet3

T , in γ + 3 jet events. This angle is schematically
shown in Fig. 1. The distribution of ∆S variable reflects angular properties of a mixture of

a

Tp

jet1
T
p

jet2
Tp

jet3
T
p

A
TP

B
TP

S6

Figure 1: A possible orientation of photon and jets transverse momenta vectors in γ +
3 jet events. Vectors ~PA

T and ~PB
T are the pT imbalance vectors of γ+jet and jet-jet pairs.

The figure illustrates a general case for the production of γ+3 jets +X events.

γ + 3 jet events containing both single and double parton scatterings. To extract fraction of
DP events (fDP) we consider a data-driven method which uses two adjacent pT intervals of the
second jet. Since we know properties of data and DP model, the only unknown parameter is
the fraction of DP events in one pjet2

T bin. It is obtained from a minimization.

The found fDP values with total uncertainties are 0.466 ± 0.041 for 15 < pjet2
T < 20 GeV,

0.334 ± 0.023 for 20 < pjet2
T < 25 GeV, and 0.235 ± 0.027 for 25 < pjet2

T < 30 GeV. They are
shown on the left plot of Fig. 2 (three sets of the points correspond to three possible definitions
for the ∆S variable [3]). The values of σeff are shown in Fig. 2 (right). The main systematic
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uncertainties are caused by determinations of the DI and DP fractions giving a total systematic
uncertainty of (20.5 − 32.2)%. The obtained σeff values in different pjet2

T bins agree with each
other within their uncertainties. They are highly uncorrelated and are used to calculate the
average value:

σave
eff = 16.4± 0.3(stat)± 2.3(syst) mb. (3)

This average value is in the range of those found in previous measurements [4, 5, 6, 7] performed
at different energy scales of parton interactions.
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Figure 2: Left: Fractions of γ + 3 jet events with double parton interactions in the three pjet2
T

intervals. Right: Effective cross section σeff (mb) measured in the three pjet2
T intervals.

3 Azimuthal decorrelations and multiple parton interac-
tions in γ + 2 jet and γ + 3 jet events in pp̄ collisions

As an extension of our study of γ + 3 jet events described in previous section we measure
normalized differential cross sections of the azimuthal angle between the pT vectors obtained
by pairing the photon and leading jet and the pT vector of the other one (two) jet(s) in γ+2(3)-
jet+X events [8]. These cross sections are very sensitive to the contribution from jets originating
from additional parton hard interactions (beyond the dominant one) and can be used to tune
existing MPI models and to estimate the fractions of such events.

Samples of γ+2(3) jet events with the same cuts as [3] are considered. The next modifications
are applied: each event must contain at least one γ in the pseudorapidity region |y| < 1.0 or
1.5 < |y| < 2.5 and at least two (or three) jets with |y| < 3.5. Events are selected with
γ transverse momentum 50 < pγT < 90 GeV, leading jet pT > 30 GeV, and the second jet
pT > 15 GeV. If there is a third jet with pT > 15 GeV that passes the selection criteria, the
event is also considered for the γ + 3 jet analysis.

To identify events with two independent parton-parton scatterings which produce γ+3 jet fi-
nal state we use the variable defined in (2). Analogously, to be sensitive to DP events in
γ + 2 jet final state, we define an azimuthal angle between pT vectors obtained by pairing
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photon and leading jet pT vectors (~p A
T ) and the second jet pT vector:

∆φ ≡ ∆φ
(
~p A

T , ~p jet2
T

)
, (4)

where ~p A
T = ~p γ

T +~p jet1
T . Figure 3 illustrates a possible disposition of photon and jets transverse

momenta vectors in γ + 2 jet events.

a

Tp

jet1
T
p

jet2
T
p

A
TP q6

Figure 3: Diagram showing the pT vectors of the γ+leading jet system (pA
T), and pjet2

T in
γ + 2 jet events.

We consider a few MPI models and two models without MPI simulated by pythia [9] and
sherpa [10] MC generators. Figure 4 shows the measured cross section for the two angular
variables ∆S (left plot) and ∆φ (right plot). The data have a good sensitivity to the various
MPI models, which predictions vary significantly and differ from each other by up to a factor
2 at small ∆S and ∆φ, i.e. in the region where the relative DP contribution is expected to be
highest.

From these plots we may conclude that: (a) a large difference between single parton-parton
interaction (SP) models and data confirms a presence of DP events in the data sample; (b) the
data favor the predictions of the MPI models with Perugia-0, S0 and Sherpa MPI tunes with
pT-ordered parton showers; (c) the predictions from tune A and DW MPI models are disfavored.
It is important that our preferable choice of MPI models is stable for all our measurements.

In γ+ 2 jet events in which the second jet is produced in the additional independent parton
interaction, the ∆φ distribution should be flat. Using this fact and also SP prediction for ∆φ,
we can get the DP fractions from a fit to data. The distributions in data, SP, and DP models,
as well as a sum of the SP and DP distributions, weighted with their respective fractions
for 15 < pjet2

T < 20 GeV, are shown in the left plot of Fig. 6. The DP fractions in the

γ + 2 jet samples decrease in the bins of pjet2
T as (11.6 ± 1.0)% for 15 − 20 GeV, (5.0 ± 1.2)%

for 20 − 25 GeV, and (2.2 ± 0.8)% for 25 − 30 GeV. To determine the fractions as a function
of ∆φ, we perform a fit in the different ∆φ regions by excluding the bins at high ∆φ. We find
that they grow significantly towards the smaller angles and are higher for smaller pjet2

T (right
plot of Fig. 6).

We also estimate the fraction of γ+3 jet events from triple parton interactions (TP) in data

as a function of pjet2
T . In γ + 3 jet TP events, the three jets come from three different parton
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Figure 4: Left: Normalized differential cross section in the γ+3-jet events, (1/σγ3j) dσγ3j/d∆S,
in data compared to MC models and the ratio of data over theory, only for models including
MPI, in the range 15 < pjet2

T < 30 GeV. Right: Normalized differential cross section in γ+ 2-jet
events, (1/σγ2j) dσγ2j/d∆φ, in data compared to MC models and the ratio of data over theory,

only for models including MPI, in the range 15 < pjet2
T < 20 GeV.
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Figure 5: Normalized differential cross sections in γ+2-jet events, (1/σγ2j) dσγ2j/d∆φ, in data
compared to MC models and the ratio of data over theory, only for models including MPI, in
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T < 25 GeV (left) and 25 < pjet2
T < 30 GeV (right).
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interactions, one γ + jet and two dijet final states. In each of the two dijet events, one of the
jets is either not reconstructed or below the 15 GeV pT selection threshold. The fractions of TP
events in the γ + 3 jet data have been estimated and are shown in Fig. 7. As we see, they vary
in the pjet2

T bins as (5.5±1.1)% for 15−20 GeV, (2.1±0.6)% for 20−25 GeV, and (0.9±0.3)%
for 25− 30 GeV.
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Figure 7: Fractions of γ+3 jet events with triple parton interactions in the three pjet2
T intervals.
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4 Conclusions

In recent DØ measurements we have studied properties of events with multiple parton interac-
tions using γ + 3 jet and γ + 2 jet final states. We measured fractions of DP events which vary
from 46.6% to 23.5% in γ + 3 jet and from 11.6% to 2.2% in γ + 2 jet events at 15 < pjet2

T < 20

GeV and 25 < pjet2
T < 30 GeV respectively. For the first time the triple event fraction has been

determined in γ + 3 jet events. It drops from 5.5% to 0.9% in the same pjet2
T intervals. The

process independent parameter σeff , which defines the rate of DP events has been measured and
found to be σave

eff = 16.4 ± 0.3(stat) ± 2.3(syst) mb. Measured ∆S and ∆φ cross sections can
be useful to tune theoretical MPI models. As an application, we studied events with W+dijet
final state, produced in DP interactions. We found that these events can compose quite sizable
background to the associated HW production with H → bb̄ decay [11]. Its relative fraction
is found to be 4–8% in the dijet mass region 115 < Mjj < 150 GeV. A set of angular and
pT variables that are sensitive to the difference between the HW and DP kinematics was sug-
gested. A neural network built using these variables allows to significantly suppress the DP
background to a desirable level.

References
[1] DØ Collaboration, Nucl. Instrum. Methods Phys. Res. A 565 (2006) 463.

[2] G.C. Blazey et al., arXiv:hep-ex/0005012.

[3] DØ Collaboration, Phys. Rev. D 81 (2010) 052012.

[4] AFS Collaboration, Z. Phys. C 34 (1987) 163.

[5] UA2 Collaboration, Phys. Lett. B 268 (1991) 145.

[6] CDF Collaboration, Phys. Rev. D 47 (1993) 4857.

[7] CDF Collaboration, Phys. Rev. D 56 (1997) 3811.

[8] DØ Collaboration, Phys. Rev. D 83 (2011) 052008.
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We present a review of the latest exclusive diffraction results achieved at HERA, discussing
in particular the W and t dependence of the measured cross sections in both DIS and
photo-production regimes.

1 Introduction

Exclusive diffractive processes, ep→ eXp, where the system X is a vector meson (VM) or a real
photon, have been extensively studied by the H1 and ZEUS Collaborations at HERA [1, 2, 3, 4].
These processes help to understand the transition from soft to hard Quantum Chromo-Dynamics
(QCD) and to study hard diffraction at HERA at a large γp centre-of-mass energy W with a
variable hard scale provided by the photon virtuality Q2.

Hard diffraction can be described in terms of perturbative QCD, at the leading order, by
the exchange of two partons with different longitudinal and transverse momenta in a colour-
less configuration. In addition, at the HERA energies, the measurement of the Deeply Virtual
Compton Scattering (DVCS) cross sections provide constraints on the generalised parton dis-
tributions (GPDs)[5]. The dependence of the GPDs on the four-momentum transfer squared at
the proton vertex, t, gives information on the transverse distribution of partons in the proton
which is not accessible through the measurements of the F2 structure function.

In this contribution we will concentrate on the latest HERA results on exclusive diffraction
discussing in particular the W and t dependence in both the Deeply Inelastic Scattering (DIS)
and photo-production regimes (Q2 < 2 GeV2).

2 W dependence

It is expected that the VM production cross section increases with increasing W energy with a
power law (σ ∼ W δ), where the power factor δ grows with Q2. Figure 1 (left) shows the total
γp cross section together with a compilation of light and heavy VM cross section measurements
in photo-production (Q2 ∼ 0) as a function of W . The lines with slope δ guide the eyes. The W
dependence of the total γp cross section is typical of soft interactions and a similar behavior is
visible also for light VMs. A different and stronger energy dependence can instead be observed
for heavy VM (e.g. J/ψ) with the power δ increasing as the mass of the vector meson increases.
This is interpreted as the evidence of gluon participation in the interaction, since the higher
the scale at which the gluons are probed, the faster the rise with W . The power δ is shown as a
function of the scale (Q2 +M2) in fig. 1 (right), for a similar compilation of exclusive processes
in DIS, including also DVCS and photo-production measurements.

MPI@LHC 2011 1MPI@LHC 2011 137



Figure 1: (left) Compilation of the total and exclusive VM photo-production cross sections as
a function of W ; the curves are the result of a fit of the form W δ. (right) Compilation of the
parameter δ as a function of the scale (Q2 + M2), obtained from the measured cross sections
for the exclusive VM in DIS, including also DVCS and photo-production measurements.

Still not included in fig. 1 (left) is the new preliminary H1 result on J/ψ → e+e− in photo-
production [7], which is shown in fig. 2. This measurement is based on the last part of the
HERA data taking, when three different proton beam energies were provided (920 GeV, 575
GeV and 460 GeV). The different proton beam energies allow to extend the diffractive J/ψ
measurements towards lower W energies.

Figure 2 (left) shows the elastic ep→ eJ/ψ p cross sections as a function of W compared with
previous fixed targed and H1 measurements and the resulting value of the fit of the data to W δ

is in very good agreement with previous H1 and ZEUS (not shown in the figure) measurements.
In the same figure (right) the proton dissociative cross section ep → eJ/ψ Y is presented in
which the proton dissociates into a low-mass state Y . The curve is the result of the fit to a
power δ. The different value of the slope δ can be noticed.

3 t dependence

The t dependence of the exclusive diffractive differential cross section, dσ/dt ∝ e−bt, has been
also investigated at HERA. We expect that because of the increasing hardness of the interaction,
the t distribution becomes universal, independent of the scale and the final state observed. The
asymptotic value of b, the parameter of the exponential slope of the t distribution, reflects the
size of the proton.

Figure 3 shows a compilation of the b slope values obtained from an exponential fit to
the differential cross sections dσ/dt as a function of the scale (Q2 + M2) for various VMs,
including the new ZEUS Υ(1S) [9] measurement and recent DVCS (for which M = 0) [2, 3, 4]
measurements. A transition from the soft to the hard regime is visible, with b decreasing with
the increase of the scale to an asymptotic value close to 5 GeV−2, which is an indication that
the gluons are well contained within the proton. In fig. 3 the ZEUS DVCS measurement [4]
at Q2 = 3.2 GeV2 has been obtained for the first time from the direct measurement of the t
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Figure 2: J/ψ photo-production cross sections as a function of W for elastic (left) and proton
dissociative measurements (right). The curves are fits of the form W δ.

variable with a dedicated spectrometer [8]. In the H1 DVCS measurements [2, 3], the t variable
is computed as the vector sum of the transverse momenta of the final state photon and the
scattered lepton; the kinematic region covered is 6.5 < Q2 < 80 GeV2, 30 < W < 140 GeV and
t < 1 GeV2. H1 has also published the differential cross section as a function of t for different
values of Q2 and W and observes a soft Q2 dependence of the parameter b, while no dependence
has been observed as a function of W .

In addition, Figure 3 shows the first determination of the b parameter for Υ(1S) production.
The exclusive photo-production reaction γp→ Υ(1S)p was studied by the ZEUS detector using
the entire HERA data sample. The covered kinematic range is 60 < W < 220 GeV and
Q2 < 1 GeV2. The measurement of b, shown in fig. 4 (top), yielded b = 4.3+2.0

−1.3 (stat.) +0.5
−0.6

(syst.) GeV−2, consistent with predictions based on pQCD models (b = 3.68 GeV−2) [10]. The
result is in agreement with expectations of an asymptotic behavior of the slope parameter as a
function of the scale and extends the scale range to ∼ 90 GeV2, the highest value achieved so
far for a vector meson.

In fig. 4 (bottom) the already discussed H1 preliminary results for J/ψ are presented as
differential cross section dσ/dt for elastic photo-production, together with the results of the
exponential fit, for two energy values,

√
s = 318 GeV and

√
s = 225 GeV, corresponding to an

higher and lower W region, respectively.
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Figure 3: Comparison of the HERA measurements of the slope parameter b as a function of
the scale Q2 +M2

VM for exclusive VM production and for DVCS.

Figure 4: (top) Measured |t| distribution (full dots) with error bars denoting statistical un-
certainties. Fitted distributions for simulated events are shown for the Bethe-Heitler (dashed
line), exclusive Υ(1S) (dotted line) and proton dissociative Υ(1S) (dashed-dotted line) pro-
cesses. The solid line shows the sum of all contributions. (bottom) Differential cross section for
exclusive J/ψ photo-production as a function of t for two proton beam energies. The lines are
the results of an exponential fit.
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4 Exclusive two-pion production in DIS

A new interesting result presented by ZEUS is the exclusive DIS production of two pions [11]
in the mass range 0.4 < Mππ < 2.5 GeV. The measurement is performed in the kinematic
range 2 < Q2 < 80 GeV2, 32 < W < 180 GeV and t < 0.6 GeV2 and is shown in fig. 5 (left),
where the two-pion acceptance-corrected data are compared with the pion electromagnetic form
factor |F (Mππ)| assuming that the mass range includes the contribution of the ρ, ρ′(1450) and
ρ′′(1700) vector meson states.

ZEUS

M  (GeV)

N

ZEUS 82 pb-1

|F  (M )|2

background
total fit

10 2

10 3

10 4

10 5

0.4 0.6 0.8 1 1.2 1.4 1.6 1.8 2 2.2 2.4

Figure 5: (left) The two-pion invariant-mass distribution Mππ, where Nππ is the acceptance
corrected number of events. The full line is the result of a fit using the Kuhn-Santamaria
parameterization [12]. The dashed line is the result of the pion form factor normalized to the
data and the dash-dotted line denotes the background contribution. (right) The ratio RV as a
function of Q2 for V = ρ′ (full circles) and V = ρ′′ (open squares).

The Q2 dependence of the pion form factor has been also investigated. The data sample has
been divided in three Q2 bins and a fit to Mππ performed. Figure 5 (right) shows the ratios
Rρ′ = σ(ρ′ → ππ)/σ(ρ) and Rρ′′ = σ(ρ′′ → ππ)/σ(ρ) as a function of Q2. We observe a strong
Q2 dependence of the ratio Rρ′ , as expected in QCD-inspired models [19]. No conclusions are
possible regarding the Q2 dependence of Rρ′ due to the large uncertainties.

The last result presented, shown in Figure 6, is the pion form factor |Fπ|2 resulting from
the fit for the three Q2 regions and measurements of e+e− → π+π− in the time-like regime [13,
14, 15, 16, 17]. A Q2 dependence of |Fπ(Mππ)|2 is observed. In particular, it is visible that in
the interference region between ρ′ and ρ′′ (left) the distribution of the γ∗p data is higher than
the e+e− data and lower in the ρ mass range (right). The measurements are compatible for
Mππ > 1.8 GeV.
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Figure 6: (left) The pion form factor squared |Fπ|2 as a function of the π+π− invariant mass
Mππ as obtained from the reaction e+e− → π+π−. The shaded bands represent the square of
the pion form factor and its total uncertainty obtained in the γ∗p analysis for three ranges of
Q2. (right) The ρ mass region of the left-hand-side figure is shown in a linear scale.
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The concept of self-similarity in the contemporary physics of Deep Inelastic Scattering
(DIS) was introduced in 2002 when Lastovicka proposed a functional form of the struc-
ture function F2(x,Q2) at small x. In this paper, we use the original Lastovicka’s model

to compute the momentum sum rule
1∫
0

(
F2(x,Q2) +G(x,Q2)

)
dx = 1, which relates the

fraction of momentum carried by quarks and gluons inside the proton. There exists a sin-
gularity at x ≈ 0.019 in this model. Therefore, we use Cauchy’s principal value integration
method to construct the fraction of momentum carried by quarks and gluons defined as

〈x〉q =
1∫
0

F2(x,Q2)dx and 〈x〉g =
1∫
0

G(x,Q2)dx respectively. We suggest that the relation

between quarks and gluons is given as G(x,Q2) = x−λ(Q
2)F2(x,Q2), where λ(Q2) is the

function of Q2.

1 Introduction

Self-similarity is a possible feature of multi-partons inside a proton at small Bjorken-x, first
suggested by Lastovicka of DESY, Germany in the year 2002 [1]. Based on this notion, a form
of structure function F2(x,Q2) was proposed which could explain the H1 and ZEUS data for
6.2× 10−7 6 x 6 0.01. In the present work, we use the momentum sum rule [2]

1∫

0

(
F2(x,Q2) +G(x,Q2)

)
dx = 1 (1)

and explore the possibility of pinning down the gluon distribution G(x,Q2) from it. The
momentum sum rule is to be satisfied by any reasonable model of structure function. However,
such requirement calls for information about the entire physical regime of x (0 6 x 6 1). It is
also well-known that the gluon PDFs are, on the other hand, not directly measurable although
there are several indirect ways of measuring like the longitudinal structure function or the slope
and curvature of the structure function. We summarize the preliminary results of our analysis.

∗Speaker, Email: akbari.jahan@gmail.com
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2 Formalism

A description of the proton structure function F2(x,Q2) reflecting self-similarity was proposed
with a few parameters which were fitted from the HERA data [3, 4]. The concept of self-
similarity, when applied to proton structure, leads to a simple parameterization of quark

densities within the proton. The structure function (using two magnification factors
1

x
and

(
1 +

k2t
Q2

0

)
) is subsequently obtained as:

F2(x,Q2) =
eD0 Q2

0 x
−D2+1

1 +D3 −D1 log x

(
x
−D1 log

(
1+Q2

Q2
0

)(
1 +

Q2

Q2
0

)D3+1

− 1

)
(2)

where the parameters are

D0 = 0.339± 0.145

D1 = 0.073± 0.001

D2 = 1.013± 0.01

D3 = −1.287± 0.01

Q2
0 = 0.062± 0.01 GeV2 (3)

Here D1, D2 and D3 are the parameters identified as the relevant fractal dimensions [1].
This specific parameterization provides an excellent description of the data in the region of four
momentum transfer squared, 0.045 6 Q2 6 120 GeV2 and Bjorken-x, 6.2 × 10−7 6 x 6 0.01.
We assume, for simplicity, the following relation between the structure function and the gluon
distribution [5]:

G(x,Q2) = c(x,Q2) · F2(x,Q2) (4)

where the function G(x,Q2) is to be determined from momentum sum rule. The momentum
sum rule is given as:

1 =

1∫

0

{
F2(x,Q2) +G(x,Q2)

}
dx

=

1∫

0

{
F2(x,Q2) + c(x,Q2)F2(x,Q2)

}
dx

⇒
1∫

0

{
c(x,Q2)F2(x,Q2)

}
dx = 1−

1∫

0

F2(x,Q2)dx (5)

Thus, knowing the value of
1∫
0

F2(x,Q2)dx, the gluon content of the proton can be determined.

For simplicity, we assume that c(x,Q2) has the following form:

c(x,Q2) = x−λ(Q
2) (6)
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where λ(Q2) is to be determined from momentum sum rule. Eq. (6) conforms to the expectation
that for small x gluon dominates.
Integrating the structure function of Eq. (2), we have:

1∫

0

F2(x,Q2)dx =

1∫

0

eD0 Q2
0 x
−D2+1

1 +D3 −D1 log x

(
x
−D1 log

(
1+Q2

Q2
0

)(
1 +

Q2

Q2
0

)D3+1

− 1

)
dx (7)

Substituting the corresponding values of the parameters in the above equation, we get:

1∫

0

F2(x,Q2)dx =

1∫

0

e0.339 0.062
(
1
x

)0.013

0.073 log( 1
x )− 0.287



(

1

x

)0.073 log
(
1+ Q2

0.062

)(
1 +

Q2

0.062

)−0.287
− 1


 dx

(8)
Using Eq. (2) and after a few steps following Cauchy’s principal value integration method [6],
we arrive at the following form of the integrated structure function (for any Q2):

1∫

0

F2(x,Q2)dx =
e0.339 0.062

0.073

(
1 +

Q2

0.062

)−0.287
e−µy0 ·

(
log
∣∣∣ymax − y0

y0

∣∣∣− µymax +

∞∑

n=2

(−1)nµn

n · n!

{
(ymax − y0)

n
+ (−1)n+1yn0

}
)

−e
0.339 0.062

0.073
e−ρy0 ·

(
log
∣∣∣ymax − y0

y0

∣∣∣− ρymax +

∞∑

n=2

(−1)nρn

n · n!

{
(ymax − y0)

n
+ (−1)n+1yn0

}
)

(9)

where

µ = 1−
(

0.013 + 0.073 log

(
1 +

Q2

0.062

))

ρ = 0.987

y0 = 3.93

ymax = log

(
1

xmin

)
(10)

and xmin is introduced to take care of the end-point singularity x = 0 in the model. Taking
only the first term in the infinite series of RHS of Eq. (9), we get [7, 8]

1∫

0

F2(x,Q2)dx = 0.024607 · log
∣∣∣ymax − y0

y0

∣∣∣ · Q2

0.062
(11)

leading to

xmin ≈ 3.58× 10−4. (12)
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Using this value of xmin, we calculate

〈x〉q =

1∫

xmin

F2(x,Q2)dx (13)

and
〈x〉g = 1− 〈x〉q (14)

for any Q2 using the RHS of Eq. (9), where 〈x〉q and 〈x〉g are fraction of momentum carried
by quarks and gluons respectively.

3 Results

In Table 1, we record the values of 〈x〉q and 〈x〉g for several representative values of Q2:

Q2 (GeV2) 〈x〉q 〈x〉g
10 0.0716 0.9283
20 0.1433 0.8567
30 0.2149 0.7850
35 0.2508 0.7492
40 0.2867 0.7133
45 0.3225 0.6775
50 0.3583 0.6418
55 0.3942 0.6058
60 0.4299 0.5700
65 0.4658 0.5342
70 0.5017 0.4983
75 0.5375 0.4625
80 0.5733 0.4267
85 0.6092 0.3908
90 0.6449 0.3550

Table 1: Values of 〈x〉q and 〈x〉g for a few representative values of Q2.

In Figure 1, it is shown that within the leading term approximation used, 〈x〉q increases

with Q2 while 〈x〉g decreases. At Q2 ≈ 70 GeV2, both of them become nearly equal, i.e. both
quarks and gluons share momentum equally.

It is to be noted that one usually expects the other pattern, i.e. 〈x〉g =
1∫
0

G(x,Q2)dx should

increase with Q2 and 〈x〉q =
1∫
0

F2(x,Q2)dx should decrease [9]. This feature is presumably

due to the overestimation of the large x quarks in the original Eq. (2) used and the crude
approximation of taking only the first term of the infinite series in Eq. (9). The effects of large
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x and higher order terms are currently under study. It will then lead to proper evaluation of
the exponent λ in the definition of gluon in Eq. (6).

Figure 1: 〈x〉q and 〈x〉g vs Q2.

4 Conclusion

In this paper, we have reformulated the gluon distribution function based on momentum sum
rule. We also report some preliminary results of how quark and gluon momenta are shared
in the proton. Inclusion of higher order terms in the infinite series and the large x effect will
hopefully pin down the gluon accurately.
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We discuss, for the evolution of double-parton densities, a first step beyond the double
DGLAP approximation.

1 Introduction

In recent years multiple interactions have received increasing interest, both for event generators
and for precision calculations of inclusive cross sections[2, 3, 4, 5, 6, 7, 8, 9]. As an example,
the double inclusive cross section in the standard collinear approximation

dσ =
∑

i1i2

∫
dx1dx2fi1(x1, µ)dσ̂i1i2→2 jet(x1, x2, µ;p1, Y1,p2, Y2)fi2(x2, µ) (1)

receives corrections from the two chain configuration (see fig.1, left)):

dσDP =
m

σeff

∑

i1,j1,i2,j2

∫
dx1dy1dx2dy2Hi1j1(x1, y1, µa, µb)

dσ̂i1i2→ jet(x1, y1, µa;p1, Y1)dσ̂j1j2→jet(y2, y2, µb;p2, Y2)Hi2j2(x2, y2, µa, µb) (2)

In a popular approximation the double parton density is the product of two single parton
densities (double DGLAP approximation):

Hij(x, y, µaµb) = fi(x, µa)fj(y, µb) (3)

where each parton density obeys the standard DGLAP evolution equations. On general grounds,
however, one expects the evolution of multiparton densities to be more complicated: there
should be correlations between the two densities and there are transitions between parton
states with different parton numbers. In this contribution we want to make a few comments on
aspects of multiparton evolution which go beyond this ’double DGLAP’ approximation.

2 General aspects of evolution equations

In the context of deep inelastic electron proton scattering and HERA measurements it has
become clear that evolution equations can be formulated either in terms of the momentum
scale (DGLAP) or in rapidity (BFKL). In the former case, evolution equations can be classified
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Figure 1: illustration of double and single chain cross sections.

in powers of 1/Q2 (twist): the DGLAP evolution equations belong to the leading twist, and they
determine the scale dependence of (single) parton densities. Splitting functions are now known
in NLLO accuracy. Higher twist evolution equations, in the context of deep inelastic scattering,
have been formulated and investigated in [10]. As an example, twist 4 introduces t-channels
with four gluons, and their evolution shares many features with double parton densities. In
leading order, the evolution of n-gluon states is described by the sum over pairwise 2 → 2
interactions, the nonforward DGLAP splitting functions. Mixing between different twist 4
operators leads to transitions from two to four-parton states. In NLO, the evolution equations
will contain also three body interactions. Evolution in rapidity, on the other hand, starts
from the BFKL evolution equations and describes BFKL Green’s functions of reggeized gluons
(sometimes also referred to as unintegrated smallx-gluon densities). Their evolution kernels
(presently known in NLO accuracy) are different from the DGLAP kernels, but there exists a
common region of validity. The generalization of the BFKL equation to multi-gluon Green’s
functions (known as the BKP equations [12]) is the analogue of the higher twist evolution, and
the evolution, in leading order, is given by the sum of pairwise two-body interactions, described
by the nonforward BFKL kernels. Transitions between different gluon states are described by
momentum dependent transition kernels, e.g. the 2 → 4 transition vertex (triple Pomeron
vertex). We illustrate the situation in Fig.2.

As mentioned before, the notion of higher twist has been introduced and discussed mainly
in the context of deep inelastic scattering where the twist expansion is a power series expansion
in 1/Q2. When searching for an analogous power suppression of a double parton cross section
where the large momentum scale is set, for example, by the transverse momenta of the produced
jets such a power counting has to be applied with care: there exist regions of momenta where
the contributions from double parton scattering are of the same order as those due to single
parton scattering; it is only after the integration of the outgoing momenta where a higher
twist suppression holds. In contrast to the single parton density cross section no factorization
theorem exists for the double scattering formula.
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Figure 2: Building blocks of the evolution of double parton densities. The diagrams illustrate
both the higher twist evolution and rapidity evolution.
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From studies of deep inelastic scattering we know that, at small x, the rapidity evolution
starts to compete with the momentum scale evolution equations. Furthermore, the logarithms
in 1/x start to compensate the higher twist suppression (multi-ladder exchanges), and the twist-
expansion in powers 1/Q2 becomes useless. The same small-x enhancement is at work also in
the double parton cross section: this is why rapidity evolution (BFKL and BKP evolution
equations) become increasingly important. This framework also allows to address the question
of (soft) rescattering corrections to the double parton formula: from the AGK[11] rules we know
that exchanges across the production vertices cancel, not only for single inclusive cross sections
but also for double (and higher) inclusive cross sections. A prerequisite for the AGK rules to
be valid is the symmetry of the coupling of the four gluons to the proton (Fig.2): this coupling
has to be invariant under the exchange of gluons lines (color and momenta), and independent
of the position of the cutting line.

3 Recombination effects in the two-chain evolution

As we have already indicated (and illustrated in Fig.2), the evolution of double parton densities
contains the sum over pairwise 2→ 2 interactions (ignoring, for the moment, transitions from
two to four gluon states). In the factorization approximation (’double DGLAP’), when viewed
from the t-channel, two color singlet ladders are formed, and each ladder, evaluated at zero mo-
mentum transfer (Fig.3a) obeys the standard DGLAP evolution equation. This approximation
can be justified: the color singlet two gluon system has, at least at small x, the largest anoma-
lous dimension, and from the initial condition at the proton, there is a strong damping which
suppresses large momentum transfer across the ladder. Nevertheless, it is an approximation,
and there are corrections to it.

In the following we will consider a special set of corrections which we name ’recombinations’.
Counting powers of the strong coupling and powers of large logarithms, this is the first correction
to the double DGLAP approximation. A pair of such recombinations is illustrated in Fig.3b:
starting from the lower proton we have, initially, two separate ladders, formed by gluons ’1’
and ’4 and by gluons ’2’ and ’3’. After a few steps, there is a recombinations of gluons: gluon
’1’ goes with gluon ’3’, and gluon ’2’ with gluon ’4’. The first rungs after this rearrangement
define the ’recombination vertex’. It is important to note that, in the double logarithmic
approximation (leading power in ln 1/x and ln k2⊥), this recombination is of the same order as
the two independent ladders in Fig.3a, i.e. the recombination does not lose any logarithm.
There is, however, a color suppression factor of the form

1

N2 − 1
(4)

In order to become a non-negligible effect, this recombination requires a subtle interplay of
momentum and rapidity dependence.

In the following we will give a brief sketch of the argument.
For the further analysis it is important to keep in mind that there are three transverse loop

momenta (in Fig. 3c denoted by l′, q, and l). Beginning with the analysis of transverse mo-
mentum integrals, one looks for configurations where transverse momenta are strongly ordered,
both above and below the two production vertices. Smallest momenta are near the proton,
largest near the production vertices. A straightforward analysis leads to the observation that
the dependence on the loop momentum q resides near the two recombination vertices above
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Figure 3: (a) double DGLAP evolution, (b ) two recombinations, (c) and a schematic redrawing
of the recombination in (b): rungs in (b) are replaced by BFKL amplitudes.

and below the production vertices, and its integral diverges in the infrared region:

∫
d2q

(q2)2
. (5)

As a result, the dominant values are small, the transverse logarithms of the ladders between the
recombination vertices and the protons are destroyed, and the recombination vertices become
parts of the nonperturbative protons. The situation changes if we allow for small values of x
and include into our analysis the rapidity dependence of the ladders. For this it is convenient
to replace the rungs in Fig.3b by BFKL amplitudes, as shown in Fig.3c. The main observation
is that, once rapidity intervals may become large, sizable anomalous dimensions will affect
the momentum integrals, in particular the integration over q. The analysis starts from the
expression of Fig.3c:

dσ

dY1dY2d2p1d
2p2

∼ 1

R2
c

1

R2
c

1

(p2
1)2

1

(p2
2)2

∫
dµ′

2πi

∫
dµ

2πi

∫
dµ′1
2πi

∫
dµ1

2πi

∫
dµ′2
2πi

∫
dµ2

2πi
·

∫
dY

∫
dY ′

∫
d2q

q4

[( q2

Q2
0

)µ′

e(Ytot−Y ′)χ(µ′)
]2
·

[(p2
1

q2

)µ′
1

e(Y
′−Y1)χ(µ

′
1)
][(p2

1

q2

)µ1

e(Y1−Y )χ(µ1)
][(p2

2

q2

)µ′
2

e(Y
′−Y2)χ(µ

′
2)
][(p2

2

q2

)µ2

e(Y2−Y )χ(µ2)
]
·

·
[( q2

Q2
0

)µ
eY χ(µ)

]2
. (6)

Here Ytot denotes the total rapidity, and Y ′ and Y are the rapidities of the recombination
vertices above and below the production vertices, resp.. For an analysis of this formula one
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searches for saddle points of the integrations. Details are described in [1] and in this contribution
we only discuss a few results.

An interesting possibility is to put the recombination vertices, in rapidity, as close as possible
to the high ET dijet production matrix elements. In this case there is no BFKL or DGLAP
evolution in the intervals between the produced pairs of jets and the recombination vertices.
That is, in the centre of Fig.3, we simply delete the four ’BFKL blobs’ nearest to the produced
jet pairs. Correspondingly, in (6) we eliminate the third line, together with the integrations
over µ1, µ2, µ

′
1, µ
′
2. The rapidities Y, Y ′ are close to Yi, and the q2 integral takes the form

∫
d ln q2

q2
q4(µs+µ

′
s) , (7)

where the saddle point values, µs and µ′s, follow from the conditions:

0 = χ′(µs)Y + ln
q2

Q2
0

(8)

and

0 = χ′(µ′s)(Ytot − Y ′) + ln
q2

Q2
0

. (9)

Their approximate value are values are:

µs ≈
1

2
− 1

χ′′( 1
2 )

ln q2

Q2
0

Y
, (10)

i.e. the integral over q2 receives its main contribution from q2 close to min{p21, p22}.
Let us consider also a more realistic situation with Y1 = Y2 but p2 < p1. Recall that the

true argument of the BFKL amplitude is not rapidity but the momentum fraction x, that is
actually we have to write ln(1/xi) instead of Yi. When p2 � p1 for the same rapidities Y1 = Y2
we find, in the right ladder, the momentum fraction x2 ∼ 2p2/

√
s << x1 ∼ 2p1/

√
s. In other

words, in this configuration we may put, in Fig.3c, the recombination vertex just into the cell
nearest to the left dijet. But then there will be a large lnx (and may be ln q2) interval for
the evolution of the right ladders (between the dijets on the rhs and the two recombination
vertices). In other words in Fig.3c. we delete only the two ’BFKL blobs’ on the lhs below and
above the dijet production. Assuming that, in (6), the total rapidity interval Ytot is very large,
we may perform first the rapidity integral

∫
dY exp[−Y (χ(µ2)− 2χ(µ))] =

1

χ(µ2)− 2χ(µ)
(11)

where for the BFKL blobs on the lhs we have set χ(µ1) = 0, and for µ we put its asymptotic value
µ = 1/2. Now we close the countor of the µ2 integration around the pole χ(µ2) − 2χ(µ) = 0:
this leads to µ2 ' 0.18. The same result is obtained for µ′2. Finally, the q2 integral takes the
form ∫ p22

d ln q2q2(1−µ2−µ′
2), (12)

and the major contribution comes from the domain close to upper limit q2 ∼ p22.
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A closer look reveals still another detail. In the region of interest, for example in a 14
TeV pp-collision at the LHC, we observe in the central region the dijet with p1 ∼ 20GeV ,
corresponding to x ∼ 2p1/

√
s ∼ 0.003. For such x-values, the anomalous dimension observed

at HERA is not so large. For x < 0.01 the behaviour of the structure function F2(x, q2) can be
parametrized as

F2 = c(q2)x−λ (13)

with c(q2) ' const and λ = (0.048 ± 0.004) · lnQ2/Λ2 [16]. This means that the effective
anomalous dimension µeff = λ ln(1/x) ∼ 0.28 for x = 3 · 10−3. This value is still large enough
to provide the convergence of the q2 integral (7) in the large q2 domain for the case considered
above where both recombination vertices are just near the dijet production cell. However it is
not evident that the parametrization (13) reflects the behaviour of a single ladder. At not large
q2 the experimentally measured F2 already includes some absorptive effects which reduce the
growth of F2 with x decreasing and thus leads to a lower value of λ in comparison with a single
ladder contribution. In other words the true value of µeff which corresponds to a single lad-
der may be even larger, pushing the characteristic values of q2 closer to the (lower) hard scale p22.

4 Generalizations

So far we have discussed the effect of two recombinations inside a two-chain contribution: one
recombination on each side of the produced jet pairs. Let us first comment on the case where
we have no second recombination vertex above the jet pairs: as far as only one recombination
vertex is concerned, the integration over q is logarithmic. However, q runs also through both
upper ladders and defines the low momentum scale Q2

0 where the evolution starts: a large
value of q therefore kills the evolution in the upper ladders, whereas a low value prevents the
evolution in the lower ladders. Therefore, a single recombination vertex is suppressed.

Next a comment on the color suppression factor (4). This suppression applies to the case
when, as illustrated in Fig.2, there is evolution above and below the recombination vertex.
As we have discussed before, in a preferred situation we have little or no evolution between
the recombination vertices and the dijet production vertices. In this case there is no need
to reconnect, between the two recombination vertices, the four t-channel gluon lines to color
singlet pairs. As result, the color suppression becomes much weaker.

Next we mention another important possibility. Besides the recombination illustrated in
Fig.3 there exists another configuration to which our discussion applies. We show this in Fig.4.
Below the lower (or above the upper) recombination vertex, color singlet gluon ladders to the
right and to the left of the cutting line allow for final states with rapidity gaps . Such config-
urations are absent in the double DGLAP approximation. Applying our previous discussion,
we conclude that the momentum scale at the upper end of the lower rapidity gap, q2, will be
above Q2

0 but not too close to the jet momenta p21 = p22: this allows for ’semihard’ diffraction
and is in qualitative agreement with inclusive diffraction seen at HERA.

Finally we consider the case of more than two chains, say three chains with three produced
pairs of jets. In this case a pair of two recombination vertices can be attributed to any pair of

chains, i.e. we have three possibilities. Similarly, for n chains we have n(n−1)
2 possiblities: these

counting factors can easily overcome the color suppression factor in (4). As an example, for
n = 4, the overall counting factor is already 3/4, and it exceeds unity for n ≥ 5. This counting
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Figure 4: A recombination of two ladders which allows for diffractive states

argument is particularly important for event generators where the number of participating
chains may become quite sizable.

The recombination considered is this contribution is very closely related to a recent expla-
nation [13, 14] of the ridge effect observed in pp collisions at the LHC [15].

5 Conclusions

We view this analysis only as first step of investigating the evolution of double parton densities
beyond the factorizing approximation. Clearly our analysis has to be made quantitative. Also,
it is necessary to go beyond the double leading-log approximation. Work along these lines is in
progress.

References
[1] J. Bartels and M. G. Ryskin, arXiv:1105.1638 [hep-ph].

[2] D. Treleani, Phys. Rev. D 76 (2007) 076006 [arXiv:0708.2603 [hep-ph]].

[3] E. L. Berger, C. B. Jackson and G. Shaughnessy, Phys. Rev. D 81 (2010) 014014 [arXiv:0911.5348 [hep-ph]].

[4] J. R. Gaunt and W. J. Stirling, JHEP 1003 (2010) 005 [arXiv:0910.4347 [hep-ph]].

[5] J. R. Gaunt, C. H. Kom, A. Kulesza and W. J. Stirling, Eur. Phys. J. C 69 (2010) 53 [arXiv:1003.3953
[hep-ph]].

[6] M. Strikman and W. Vogelsang, Phys. Rev. D 83 (2011) 034029 [arXiv:1009.6123 [hep-ph]].

[7] M. Diehl and A. Schafer, Phys. Lett. B 698 (2011) 389 [arXiv:1102.3081 [hep-ph]].

[8] C. Flensburg, G. Gustafson, L. Lonnblad and A. Ster, arXiv:1103.4320 [hep-ph].

[9] M. G. Ryskin and A. M. Snigirev, arXiv:1103.3495 [hep-ph].

8 MPI@LHC 2011

Jochen Bartels

158 MPI@LHC 2011



[10] A. P. Bukhvostov, G. V. Frolov, L. N. Lipatov and E. A. Kuraev, Nucl. Phys. B 258 (1985) 601.

[11] V. A. Abramovsky, V. N. Gribov and O. V. Kancheli, Yad. Fiz. 18 (1973) 595 [Sov. J. Nucl. Phys. 18;
M. Salvadore, J. Bartels and G. P. Vacca, arXiv:0709.3062 [hep-ph].

[12] J. Bartels, Nucl. Phys. B175 (1980) 365.
J. Kwiecinski, M. Praszalowicz, Phys. Lett. B94 (1980) 413.
T. Jaroszewicz, Acta Phys. Polon. B11 (1980) 965.

[13] A. Dumitru, K. Dusling, F. Gelis, J. Jalilian-Marian, T. Lappi, R. Venugopalan, Phys. Lett. B697 (2011)
21-25. [arXiv:1009.5295 [hep-ph]].

[14] K. Dusling and R. Venugopalan, arXiv:1201.2658 [hep-ph].

[15] V. Khachatryan et al. [CMS Collaboration], JHEP 1009 (2010) 091. [arXiv:1009.4122 [hep-ex]].

[16] C. Adloff et al. [ H1 collaboration ], Phys. Lett. B520 (2001) 183.

MPI@LHC 2011 9

Evolution in multiple interactions: a first step beyond . . .

MPI@LHC 2011 159





Low-x evolution of parton densities

Alexey Yu. Illarionov1, Anatoly V. Kotikov2∗

1Integrated Systems Laboratory, ETH, CH-8092 Zürich, Switzerland
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It is shown that a Bessel-like behaviour of the structure function F2 at small x, obtained
for a flat initial condition in the DGLAP evolution equations, leads to good agreement
with the deep inelastic scattering experimental data from HERA.

1 Introduction

The fairly reasonable agreement between HERA data [1]-[4] and the next-to-leading-order
(NLO) approximation of perturbative QCD has been observed for Q2 ≥ 2 GeV2 (see reviews in
[5] and references therein) and, thus, perturbative QCD can describe the evolution of F2 and
its derivatives down to very low Q2 values.

The standard program to study the x behaviour of quarks and gluons is carried out compa-
ring the experimental data with the numerical solution of the DGLAP equations [6] by fitting
the QCD energy scale Λ and the parameters of the x-profile of partons at some initial Q2

0 [7, 8].
However, to investigate exclusively the small-x region, there is the alternative of doing the
simpler analysis by using some of the existing analytical solutions of DGLAP in the small-x
limit [9]-[12]. It was pointed out in [9] that the HERA small-x data can be well interpreted in
terms of the so-called doubled asymptotic scaling (DAS) phenomenon related to the asymptotic
behaviour of the DGLAP evolution discovered many years ago [13].

The study of [9] was extended in [10]-[12] to include the finite parts of anomalous dimensions
(ADs) of Wilson operators and Wilson coefficients1. This has led to predictions [11, 12] of
the small-x asymptotic form of parton distribution functions (PDFs) in the framework of the
DGLAP dynamics, which were obtained starting at some Q2

0 with the flat function

fa(Q2
0) = Aa (hereafter a = q, g), (1)

where fa are PDFs multiplied by x and Aa are unknown parameters to be determined from the
data.

We refer to the approach of [10]-[12] as generalized DAS approximation. In this approach
the flat initial conditions, Eq. (1), determine the basic role of the AD singular parts as in the
standard DAS case, while the contribution from AD finite parts and from Wilson coefficients
can be considered as corrections which are, however, important for better agreement with
experimental data.

∗Speaker
1In the standard DAS approximation [13] only the AD singular parts were used.
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The use of the flat initial condition, given in Eq. (1), is supported by the actual experimental
situation: low-Q2 data [15, 16, 3] are well described for Q2 ≤ 0.4 GeV2 by Regge theory with
Pomeron intercept αP (0) ≡ λP + 1 = 1.08, close to the adopted (αP (0) = 1) one. The small
rise of HERA data [1, 4, 16, 17] at low Q2 can be explained, for example, by contributions of
higher twist operators (see [12]).

The purpose of this paper is to demostrate a good agreement [14] between the predictions
of the generalized DAS approach [11] and the HERA experimental data [1] (see Fig. 1 below)
for the structure function (SF) F2. We also compare the result of the slope ∂ lnF2/∂ ln(1/x)
calculation with the H1 and ZEUS data [2, 3]. Looking at the H1 data [2] points shown in
Fig. 2 one can conclude that λ(Q2) is independent on x within the experimental uncertainties
for fixed Q2 in the range x < 0.01. The rise of λ(Q2) linearly with lnQ2 could be tracted
in strong non-perturbative way (see [18] and references therein), i.e., λ(Q2) ∼ 1/αs(Q

2). The
analysis [19], however, demonstrated that this rise can be explained naturally in the framework
of perturbative QCD.

The ZEUS and H1 Collaborations have also presented [3] the preliminary data for λ(Q2)
at quite low values of Q2. The ZEUS value for λ(Q2) is consistent with a constant ∼ 0.1 at
Q2 < 0.6 GeV2, as it is expected under the assumption of single soft Pomeron exchange within
the framework of Regge phenomenology. It was important to extend the analysis of [19] to low
Q2 range with a help of well-known infrared modifications of the strong coupling constant. We
used the “frozen” and analytic versions (see [14]).

2 Generalized DAS approach

The flat initial condition (1) corresponds to the case when PDFs tend to some constant
value at x→ 0 and at some initial value Q2

0. The main ingredients of the results [11, 12], are:

• Both the gluon and quark singlet densities 2 are presented in terms of two components
(” + ” and ”− ”) which are obtained from the analytic Q2-dependent expressions of the
corresponding (” + ” and ”− ”) PDF moments.

• The twist-two part of the ” − ” component is constant at small x at any values of Q2,
whereas the one of the ” + ” component grows at Q2 ≥ Q2

0 as

∼ eσ, σ = 2

√[
d̂+s−

(
D̂+ + d̂+

β1

β0

)
p

]
ln

(
1

x

)
, ρ =

σ

2 ln(1/x)
, (2)

where σ and ρ are the generalized Ball–Forte variables,

s = ln

(
as(Q

2
0)

as(Q2)

)
, p = as(Q

2
0)− as(Q2), d̂+ =

12

β0
, D̂+ =

412

27β0
. (3)

Hereafter we use the notation as = αs/(4π). The first two coefficients of the QCD β-function
in the MS-scheme are β0 = 11 − (2/3)f and β1 = 102 − (114/9)f with f being the number of
active quark flavors.

Note here that the perturbative coupling constant as(Q
2) is different at the leading-order

(LO) and NLO approximations. Hereafter we consider for simplicity only the LO approxima-
tion3, where the variables σ and ρ are given by Eq. (2) when p = 0.

2The contribution of valence quarks is negligible at low x.
3The NLO results may be found in [11].
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2.1 Parton distributions and the structure function F2

The SF F2 and PDFs have the following form

F2(x,Q2) = e fq(x,Q
2), fa(x,Q2) = f+

a (x,Q2) + f−a (x,Q2), (a = q, g) (4)

where e = (
∑f

1 e
2
i )/f is the average charge square.

The small-x asymptotic results for PDFs f±a are

f+
g (x,Q2) =

(
Ag +

4

9
Aq

)
Ĩ0(σ) e−d+(1)s +O(ρ), f+

q (x,Q2) =
f

9

ρĨ1(σ)

Ĩ0(σ)
+O(ρ),

f−g (x,Q2) = −4

9
Aqe

−d−(1)s + O(x), f−q (x,Q2) = Aqe
−d−(1)s + O(x), (5)

where d−(1) = 16f/(27β0) and d+(1) = 1 + 20f/(27β0) is the regular part of AD d+(n) in the
limit n→ 14. Here n is the variable in Mellin space. The functions Ĩν (ν = 0, 1) are related to
the modified Bessel function Iν and to the Bessel function Jν by:

Ĩν(σ) =

{
Iν(σ), if s ≥ 0
i−νJν(iσ), i2 = −1, if s ≤ 0

. (6)

2.2 Effective slopes

As it has been shown in [11], the behaviour of PDFs and F2 given in the Bessel-like form by
generalized DAS approach can mimic a power law shape over a limited region of x and Q2

fa(x,Q2) ∼ x−λeff
a (x,Q2) and F2(x,Q2) ∼ x−λeff

F2
(x,Q2).

The effective slopes λeff
a (x,Q2) and λeff

F2
(x,Q2) have the form:

λeff
F2

(x,Q2) = λeff
g (x,Q2) =

f+
g (x,Q2)

fg(x,Q2)
ρ
Ĩ1(σ)

Ĩ0(σ)
≈ ρ− 1

4 ln (1/x)
,

λeff
q (x,Q2) =

f+
q (x,Q2)

fq(x,Q2)
ρ
Ĩ2(σ)

Ĩ1(σ)
≈ ρ− 3

4 ln (1/x)
, (7)

where the symbol ≈ marks the approximation obtained in the expansion of the modified Bessel
functions, when the “−” component is negligible. These approximations are accurate only at
very large σ values (i.e. at very large Q2 and/or very small x).

3 Comparison with experimental data

Using the results of previous section we have analyzed HERA data for F2 [1] and the slope
∂ lnF2/∂ ln(1/x) [2, 3] at small x from the H1 and ZEUS Collaborations. In order to keep the
analysis as simple as possible, we fix f = 4 and αs(M

2
Z) = 0.1166 (i.e., Λ(4) = 284 MeV) in

agreement with the recent ZEUS results in [1].

4We denote the singular and regular parts of a given quantity k(n) in the limit n → 1 by k̂(n) and k(n),
respectively.
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Figure 1: x dependence of F2(x,Q2) in bins of Q2. The experimental data from H1 (open points)
and ZEUS (solid points) [1] are compared with the NLO fits for Q2 ≥ 0.5 GeV2 implemented
with the canonical (solid lines), frozen (dot-dashed lines), and analytic (dashed lines) versions
of the strong-coupling constant.

As it is possible to see in Figs. 1 and 2, the twist-two approximation is reasonable at
Q2 ≥ 2÷4 GeV2. At smaller Q2, some modification of the approximation should be considered.
In Ref. [12] we have added the higher twist corrections. For renormalon model of higher twists,
we have found a good agreement with experimental data at essentially lower Q2 values: Q2 ≥ 0.5
GeV2 (see Figs. 4 and 5 in [12]).

In Ref. [14], to improve the agreement at small Q2 values, we modifed the QCD coupling
constant. We consider two modifications.

In one case, which is more phenomenological, we introduce freezing of the coupling constant
by changing its argument Q2 → Q2+M2

ρ , where Mρ is the ρ-meson mass (see [14] and references
therein). Thus, in the formulae of the Section 2 we should do the following replacement:

as(Q
2)→ afr(Q

2) ≡ as(Q2 +M2
ρ ) (8)

The second possibility incorporates the Shirkov–Solovtsov idea [20] about analyticity of the
coupling constant that leads to the additional its power dependence. Then, in the formulae of
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Figure 2: As in Fig. 1 but for the Q2 dependence of λeff
F2

(x,Q2) for an average small-x value

of x = 10−3. The linear rise of λeff
F2

(x,Q2) with lnQ2 [2] is indicated by the straight dashed
line. For comparison, also the results obtained in the phenomenological models by Kaidalov et
al. [22] (dash-dash-dotted line) and by Donnachie and Landshoff [23] (dot-dot-dashed line) are
shown.

the previous section the coupling constant as(Q
2) should be replaced as follows: (k = 1 and 2

at LO and NLO)

aan(Q2) = as(Q
2)− 1

kβ0

Λ2

Q2 − Λ2
+ . . . , (9)

where the symbol . . . stands for terms which are zero and negligible at Q ≥ 1 GeV [20] at LO
and NLO, respectively.

Figure 2 shows the experimental data for λeff
F2

(x,Q2) at x ∼ 10−3, which represents an
average of the x-values of HERA experimental data. The top dashed line represents the afore-
mentioned linear rise of λ(Q2) with ln(Q2). The Figs. 1 and 2 demonstrate that the theoretical
description of the small-Q2 ZEUS data for λeff

F2
(x,Q2) by NLO QCD is significantly improved by

implementing the “frozen” and analytic coupling constants αfr(Q
2) and αan(Q2), respectively,

which in turn lead to very close results (see also [21]).
Indeed, the fits for F2(x,Q2) in [12] yielded Q2

0 ≈ 0.5–0.8 GeV2. So, initially we had
λeff
F2

(x,Q2
0) = 0, as suggested by Eq. (1). The replacements of Eqs. (8) and (9) modify the

value of λeff
F2

(x,Q2
0). For the “frozen” and analytic coupling constants αfr(Q

2) and αan(Q2),

the value of λeff
F2

(x,Q2
0) is nonzero and the slopes are quite close to the experimental data at

Q2 ≈ 0.5 GeV2. Nevertheless, for Q2 ≤ 0.5 GeV2, there is still some disagreement with the
data, which needs additional investigation.

MPI@LHC 2011 5

Low-x evolution of parton densities

MPI@LHC 2011 165



0.1 0.5 1 5 10 50 100
0

0,1

0,2

0,3

0,4

0,5

0.1 0.5 1 5 10 50 100
0

0,1

0,2

0,3

0,4

0,5

Q2

λ
e
ff

F
2
(x

,
Q

2
)

H1 96/97
ZEUS slope fit 2001 prel.

x = 10−5

x = 10−2

NLO & fr

Figure 3: The values of effective slope λeff
F2

as a function of Q2. The experimental points are
same as in Fig. 2. The dashed line represents the fit from [2]. The solid curves represent the
NLO fits with “frozen” coupling constant at x = 10−2 and x = 10−5.

For comparison, we display in Fig. 2 also the results obtained by Kaidalov et al. [22] and
by Donnachie and Landshoff [23] adopting phenomenological models based on Regge theory.
While they yield an improved description of the experimental data for Q2 ≤ 0.4 GeV2, the
agreement generally worsens in the range 2 GeV2 ≤ Q2 ≤ 8 GeV2.

The results of fits in [12, 14] have an important property: they are very similar in LO
and NLO approximations of perturbation theory. The similarity is related to the fact that the
small-x asymptotics of the NLO corrections are usually large and negative (see, for example,
αs-corrections [24] to BFKL approach [25] 5). Then, the LO form ∼ αs(Q2) for some observable
and the NLO one ∼ αs(Q2)(1−Kαs(Q2)) with a large value of K, are similar because Λ� ΛLO

6

and, thus, αs(Q
2) at LO is considerably smaller then αs(Q

2) at NLO for HERA Q2 values.

In other words, performing some resummation procedure (such as Grunberg’s effective-
charge method [26]), one can see that the NLO form may be represented as ∼ αs(Q2

eff), where
Q2

eff � Q2. Indeed, from different studies [27], it is well known that at small-x values the
effective argument of the coupling constant is higher then Q2.

In the generalized DAS approach the small effect of the NLO corrections can be explained
by separated contributions of the singular and regular AD parts. Indeed, the singular parts
modify the argument of the Bessel functions (see Eq.(2)) and the regular parts contribute to

5It seems that it is a property of any processes in which gluons, but not quarks, play a basic role.
6The equality of αs(M2

Z) at LO and NLO approximations, where MZ is the Z-boson mass, relates Λ and

ΛLO: Λ(4) = 284 MeV (as in ZEUS paper on [1]) corresponds to ΛLO = 112 MeV (see [12]).
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the front of Bessel functions [11].
Figure 3 shows the x-dependence of the slope λeff

F2
(x,Q2). One observes good agreement

between the experimental data and the generalized DAS approach for a broad range of small-x
values. The absence of a variation with x of λeff

F2
(x,Q2) at small Q2 values is related to the

small values of the variable ρ there.
From Figs. 2 and 6 in [12], one can see that HERA experimental data exists at x ∼

10−4 ÷ 10−5 for Q2 = 4 GeV2 and at x ∼ 10−2 for Q2 = 100 GeV2. Indeed, the correlations
between x and Q2 in the form xeff = a× 10−4 ×Q2 with a = 0.1 and 1 lead to a modification
of the Q2 evolution which starts to resemble lnQ2, rather than ln lnQ2 as is standard [19].

4 Conclusions

We have shown the Q2-dependence of the SF F2 and the slope λeff
F2

= ∂ lnF2/∂ ln(1/x)
at small-x values in the framework of perturbative QCD. Our twist-two results are in very
good agreement with the precise HERA data at Q2 ≥ 2 GeV2, where the perturbative theory
is applicable. The application of the “frozen” and analytic coupling constants αfr(Q

2) and
αan(Q2) improves the agreement for smaller Q2 values, down to Q2 ≥ 0.5 GeV2.

As a next step of investigations, we plan to fit the H1&ZEUS data [4] and to extend the
generalized DAS approach to evaluate the double PDFs which are very popular now (see [28]
and references therein). Also we plan to use our approach to analyze the cross sections of
processes studied at LHC by analogy with our investigations [29] of the total cross section of
ultrahigh-energy deep-inelastic neutrino-nucleon scattering.

A.V.K. thanks the Organizing Committee of the 3rd International Workshop on Multiple
Partonic Interactions at the LHC for invitation and support. This work was supported in part
by RFBR grant 11-02-01454-a.
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We found the parameterization of the unintegrated gluon distribution from the best de-
scription of the LHC data on the inclusive spectra of hadrons produced in pp collisions at
the mid-rapidity region and small transverse momenta. It is different from the one obtained
within perturbative QCD only at low intrinsic transverse momenta kt. The application
of this distribution to analysis of the e − p DIS allows us to get the results which do not
contradict the H1 and ZEUS data on the structure functions at low x. So, the connection
between the soft processes at LHC and low-x physics at HERA is found.

1 Introduction

As is well known, hard processes involving incoming protons, such as deep-inelastic lepton-
proton scattering (DIS), are described using the scale-dependent parton density functions. Usu-
ally, these quantities are calculated as a function of the Bjorken variable x and the square of the
four-momentum transfer q2 = −Q2 within the framework of popular collinear QCD factoriza-
tion based on the DGLAP evolution equations [1]. However, for semi-inclusive processes (such
as inclusive jet production in DIS, electroweak boson production [2], etc.) at high energies it is
more appropriate to use the parton distributions unintegrated over the transverse momentum
kt in the framework of kt-factorization QCD approach [3] 1. The kt-factorization formalism is
based on the BFKL [6] or CCFM [7] evolution equations and provides solid theoretical grounds
for the effects of initial gluon radiation and intrinsic parton transverse momentum kt. The
theoretical analysis of the unintegrated quark q(x, kt) distribution (u.q.d.) and gluon g(x, kt)
distribution (u.g.d.) can be found, for example, in [8]- [22]. According to [11], the u.g.d.
g(x, kt) at fixed Q2 has the very interesting behavior at small x ≤ 0.01, it increases very fast
starting from almost zero values of kt and decreases smoothly at large kt. In contrast, the
u.q.d. q(x, kt) is almost constant in the whole region of kt up to kt ∼ 100 GeV/c and much
smaller than g(x, kt). These distributions were obtained using the so-called KMR formalism
within the leading order (LO) and next-to-leading order of QCD (NLO) at large Q2 from the

∗Speaker
1See, for example, reviews [4, 5] for more information.
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known (DGLAP-evolved [1]) parton densities determined from the global data analysis. The
unintegrated parton distributions were succefully applied to analyze the DIS data at low x and
the number of processes studied at LHC (see, for example, [13]- [21]. However, at small values
of Q2 the nonperturbative effects should be included to evaluate these distributions. The non-
perturbative effects can arise from the complex structure of the QCD vacuum. For example,
within the instanton approach [12] the very fast increase of the unintegrated gluon distribution
function at 0 ≤ kt ≤ 0.5 GeV/c and Q2 = 1 (GeV/c)2 is also shown. These results stimulated us
to assume, that the unintegrated gluon distribution in the proton can be included by analyzing
also the soft hadron production in pp collisions. In this paper we analyze the inclusive spectra of
the hadrons produced in pp collisions at LHC energies in the mid-rapidity region including the
possible creation of soft gluons in the proton. We estimate the u.g.d. at low intrinsic transverse
momenta kt ≤ 1.5 − 1.6 GeV/c and its parameters extracted from the best description of the
LHC data at low transverse momenta pt of the produced hadrons. We also show that our u.g.d.
similar to the u.g.d. obtained in [9, 10] at large kt and different from it at low kt.

2 Inclusive spectra of hadrons in pp collisions

2.1 Unintegrated gluon distributions

As was mentioned above, the unintegrated gluon densities g(x, k2
t ) can be generally described

by the BFKL [6] evolution equation, where the leading ln(1/x) contributions are summed.
The conventional integrated gluon distribution g(x,Q2) can be approximately related to the
unintegrated one by [13]

g(x,Q2) ∼ g(x,Q2
0) +

∫ Q2

Q2
0

dk2
t g(x, k2

t ) (1)

where Q2
0 is a starting nonzero value of Q2. An appropriate description valid for small and

large x is given by the CCFM [7] evolution equation that results in the u.g.d. g(x, k2
t , q̄

2) as a
function of x, k2

t and the additional scale q̄ (see details in [4, 10] and references therein). The
another u.g.d. g(x, k2

t ) satisfies the DGLAP-type evolution equation with respect to k2
t [2, 11].

A simple parameterization of the u.g.d. was obtained, for example, within the color-dipole
approach in [8, 9] on the assumption of a saturation of the gluon density at low Q2 which
succcefully described both inclusive and diffractive e− p scattering. The u.g.d. xg(x, k2

t , Q
2
0) is

given by [9, 10]

xg(x, kt, Q0) =
3σ0

4π2αs(Q0)
R2

0k
2
t exp

(
−R2

0(x)k2
t

)
; R0 =

1

Q0

(
x

x0

)λ/2
, (2)

where σ0 = 29.12 mb, αs = 0.2, Q0 = 1 GeV/c, λ = 0.277 and x0 = 4.1· 10−5. The form for
xg(x, kt, Q0) given by Eq.(2) was obtained in [9] within the model of the (qq̄) dipole [22,23] on
the assumption of the saturation effect for the gluon density, e.g., the cross section σγ∗N of the
interaction of the transverse virtual photons γ∗ with a nucleon N is assumed to be a constant
at low Q2 (and low x too). It corresponds to the Gaussian form for the effective dipole cross
section σ̂(x, r) as a function of x and the relative transverse separation r of the qq̄ pair [9]. In
fact, this form could be more complicated. In this paper we study this point and try to find the
parameterization for xg(x, kt, Q0), which is related to σ̂(x, r), from the best description of the
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inclusive spectra of charge hadrons produced in pp collisions at LHC energies and mid-rapidity
region.

2.2 Quark-gluon string model (QGSM) including gluons

As is well known, the soft hadron production in pp collisions at not large transfer can be
analyzed within the soft QCD models, namely, the quark-gluon string model (QGSM) [24]-
[26] or the dual parton model (DPM) [27]. The cut n-pomeron graphs calculated within these
models result in a reasonable contribution at small but nonzero rapidities. However, it has been
shown recently [28] that there are some difficulties in using the QGSM to analyze the inclusive
spectra in pp collisions in the mid-rapidity region and at the initial energies above the ISR one.
However, it is due to the according to Abramovskiy-Gribov-Kancheli cutting rules (AGK) [29]
at mid-rapidity (y ' 0), when only one-pomeron Mueller-Kancheli diagrams contribute to the
inclusive spectrum ρh(y ' 0, pt). To overcome these difficulties it was assumed in [28] that
there are soft gluons in the proton, which are split into qq̄ pairs and should vanish at the zero
intrinsic transverse momentum (kt ∼ 0). The total spectrum ρh(y ' 0, pt) was split into two
parts, the quark contribution ρq(y ' 0, pt) and the gluon one and their energy dependence was
calculated [28]

ρ(pt) = ρq(x = 0, pt) + ρg(x = 0, pt) = g(s/s0)∆φ̄q(0, pt) +
(
g(s/s0)∆ − σnd

)
φ̄g(0, pt) . (3)

The following parameterization for φ̃q(0, pt) and φ̃g(0, pt) was found [28]:

Figure 1: The inclusive spectrum of the charged hadrons as a function of pt (GeV/c) in the
central rapidity region (y = 0) at

√
s =7 TeV at pt ≤ 1.6 GeV/c compared with the CMS [30]

which are very close to the ATLAS data [31].

φ̃q(0, pt) = Aq exp(−bqpt)
φ̃g(0, pt) = Ag

√
pt exp(−bgpt), (4)

where s0 = 1GeV 2, g = 21mb,∆ = 0.12. The parameters are fixed from the fit to the data on the
pt distribution of charged particles at y = 0 [28]: Aq = 4.78± 0.16 (GeV/c)−2, bq = 7.24± 0.11
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(Gev/c)−1 and Ag = 1.42± 0.05 (GeV/c)−2; bg = 3.46± 0.02 (GeV/c)−1. Figure 1 illustrates
the best fit of the inclusive spectrum of charged hadrons produced in pp collisions at

√
s =7

TeV and the central rapidity region at the hadron transverse momenta pt ≤ 1.6 Gev/c; the
solid line corresponds to the quark contribution ρq, the dashed line is the gluon contribution
ρg, and the dotted curve is the sum of these contributions ρh given by Eq.(3).

2.3 Modified unintegrated gluon distributions

Let us assume the existence of the intrinsic gluons in proton, as was suggested in [32], wich can
be presented as the qq̄ pairs similar to the sea qq̄ considered in the QGSM [24]. Then, we can
calculate the gluon contribution φ̃g(0, pt) entering into Eq.(4) as the cut graph (Fig.2, right) of
the one-pomeron exchange in the gluon-gluon interaction (Fig.2, left) using the splitting of the
gluons into the qq̄ pair. Actually, the calculation can be made in a way similar to the calculation
of the sea quark contribution to the inclusive spectrum within the QGSM, see Eqs.(4,5) in [28]
at n = 2.

Figure 2: The one-pomeron exchange graph between two gluons in the elastic pp scattering
(left) and the cut one-pomeron due to the creation of two colorless strings between quarks
/antiquarks (right) [24].

ρg(x±, pht) = F (x+, pht)F (x−, pht) , (5)

where the function F (x±, pt; pht) corresponds to the production of final hadrons from decay of
qq̄ string. It is calculated as the following convolution:

F (x±, pt; pht) =

∫ 1

x±
dx1

∫
d2k1tfq(q̄)(x1, k1t)Gq(q̄)→h

(
x±
x1
, pht − kt

)
, (6)

Here Gq(q̄)→h(z, k̃t) = zDq(q̄)→h(z, k̃t), Dq(q̄)→h(z, k̃t) is the fragmentation function (FF) of the

quark (antiquark) to a hadron h, z = x±/x1, k̃t = pht − kt, x± = 0.5(
√
x2 + x2

t ± x), xt =

2
√

(m2
h + p2

t )/s. The distribution of sea quarks (antiquark) fq(q̄) is related to the splitting
function Pg→qq̄ of gluons to qq̄ by

fq(q̄)(z, kt) =

∫ 1

z

g(z1, kt, Q0)Pg→qq̄(
z

z1
)
dz1

z1
, (7)
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where g(z1, k1t, Q0) is the u.g.d.. The gluon splitting function Pg→qq̄ was calculated within the
Born approximation.

Calculating the diagram of Fig.2 (right) by the use of Eqs.(5-7) for the gluon contribution ρg
we took the FF to charged hadrons, pions, kaons, and pp̄ pairs obtained within the QGSM [33].
From the best description of ρg(x ' 0, pht, see its parameterization given by Eq.(4), we found
the form for the xg(x, kt, Q0) which was fitted in the following form:

xg(x, kt, Q0) =
3σ0

4π2αs(Q0)
C1(1− x)bg ×

(
R2

0(x)k2
t + C2(R0(x)kt)

a
)

exp
(
−R0(x)kt − d(R0(x)kt)

3
)
, (8)

The coefficient C1 was found from the following normalization:

g(x,Q2
0) =

∫ Q2
0

0

dk2
t g(x, k2

t , Q
2
0) , (9)

and the parameters

a = 0.7;C2 ' 2.3;λ = 0.22; bg = 12; d = 0.2;C1 = 0.3295

were found from the best fit of the LHC data on the inclusive spectrum of charged hadrons
produced in pp collisions and in the mid-rapidity region at pt ≤1.6 GeV/c, see the dashed line
in Fig.1 and Eq.(4).

 0.001

 0.01

 0.1

 1

 0  0.5  1  1.5  2  2.5  3

x
g
(x

,k
t,
Q

0
)/

C
0
, 
x
=

x
0

kt, [GeV/c]

Modified u.g.d.
Original GBW u.g.d.

Figure 3: The unintegrated gluon distribution xg(x, kt, Q0)/C0 as a function of kt at x = x0

and Q0 = 1 GeV/c. The dashed curve corresponds to the original GBW [9,10], Eq.(2), and the
solid line is the modified u.g.d. given by Eq.(8).
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Figure 3 presents the modified u.g.d. obtained by calculating the cut one-pomeron graph of
Fig.2 and the original GBW u.g.d. [9, 10] as a function of the transverse gluon momentum kt.
Here C0 = 3σ0/(4π

2αs(Q0)). One can see that the modified u.g.d. (the solid line in Fig.3) is
different from the original GBW u.g.d. [9,10] at kt < 1.5 GeV/c and coincides with it at larger
kt. This is due to the sizable contribution of ρg (Eqs.(3,4)) to the inclusive spectrum ρ(pt) of
charged hadrons produced in pp collisions at LHC energies and in the mid-rapidity region, see
the dashed line in Fig.1.

3 Proton longitudinal structure function

Within the kt-factorization approach, the proton longitudinal structure function FL(x,Q2)
calculated in the leading order of QCD can be presented in the following form [13]:

FL(x,Q2) =

∫ 1

x

dz

z

∫ Q2

dk2
t

∑

flavour(f)

e2
f ĈgL(

x

z
,Q2,m2

f , k
2
t )g(x, k2

t ) , (10)

where e2
f is the charge of the quarks of flavor f , the functions Ĉg2,L(x/z,Q2,m2

f , k
2
t ) are the so

called hard structure functions of the off-shell gluons with virtuality k2
t which correspond to the

quark-box diagram for the photon-gluon interactions [13]. In the present note we calculated
FL(x,Q2) at the fixed value of the missing mass W = 276 GeV using the parameterization for
u.g.d. at fixed Q2

0 given by Eq.(2) and Eq.(8). The results of our calculations are presented in
Fig. 4 in comparison with the H1 data [34,35].
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Figure 4: The longitudinal structure function FL(µ2
R) at W =276 GeV and µ2

R = K ·Q2, where
K = 127 [36]. The H1 data are taken from [34,35].
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We find that the modified u.g.d. allows us also to describe the proton FL Note that in order
to take into account the NLO corrections (which are important at low Q2) in our numerical
calculations we apply the method proposed in [14]. Following [14,36], we use the shifted value
of the renormalization scale µ2

R = KQ2, where K = 127. As is was shown in [36], this shifted
scale in the DGLAP approach at LO approximation leads to the results which are very close
to the NLO ones.

4 Conclusion

We fitted the experimental data on the inclusive spectra of charged particles produced in the
central pp collisions at energies larger than the ISR starting with the sum of the quark con-
tribution ρq and the gluon contribution ρg (see Eqs.(3,4)). The parameters of this fit do not
depend on the initial energy in that energy interval. Assuming creation of soft gluons in the
proton at low transverse momenta kt and calculating the cut one-pomeron graph between two
gluons in colliding protons we found the form for the unintegrated gluon distribution (modified
u.g.d) as a function of x and kt at the fixed value of Q2

0. The parameters of this u.g.d. were
found from the best description of the LHC data on the inclusive spectra of the charged hadrons
produced in the mid-rapidity pp collisions at low pt. It was shown that the modified u.g.d. is
different from the original GBW u.g.d. obtained in [9, 10] at kt ≤ 1.6 GeV/c and it coincides
with the GBW u.g.d. at kt > 1.6GeV/c. It was also shown that the modified u.g.d. allows us
to describe the longitudinal structure function FL(Q2) at the fixed missing mass W better than
the original GBW u.g.d. Therefore, some link between soft processes at the LHC and low-x
physics at HERA is found.
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We study isolated jet hadroproduction with multi-Regge kinematics invoking the hypoth-
esis of parton Reggeization in t-channel exchanges at high energy. In this approach, the
leading contribution is due to the fusion of two Reggeized gluons into a Yang-Mills gluon.
Adopting the Kimber-Martin-Ryskin and Blümlein prescriptions to derive unintegrated
gluon distribution function of the proton from their collinear counterparts, we evaluate
cross section distributions in transverse momentum (pT ) and rapidity (y). Without ad-
justing any free parameters, we find good agreement with measurements by the CDF and
D0 Collaborations at the Tevatron and by the ATLAS Collaboration at the LHC in a wide
region of pT , especially using Blümlein’s unintegrated gluon distribution function.

1 Introduction

The study of jet inclusive production at high-energy colliders, such as the Fermilab Tevatron
and the CERN LHC, is of great interest because it allows us to test perturbative quantum
chromodynamics (QCD) and to extract information on the parton distribution functions (PDFs)
of the proton.

The total collision energies,
√
s = 1.8 TeV and 1.96 TeV in Tevatron runs I and II, respec-

tively, and
√
s = 7 TeV or 14 TeV at the LHC, sufficiently exceed the characteristic scale µ

of the relevant hard processes, which is of order of pT , i.e. we have ΛQCD � µ � √s. In
this high-energy regime, the contribution of partonic subprocesses involving t-channel parton
exchanges to the production cross section can become dominant. Then the transverse momenta
of the incoming partons and their off-shell properties can no longer be neglected, and we deal
with “Reggeized” t-channel partons. If the particles produced in the collision are strongly sepa-
rated in rapidity, they obey multi-Regge kinematics (MRK). In the case of isolated jet inclusive
production, this means the following: A single jet is produced in the central region of rapidity,
while other particles are produced with large modula of rapidities.

Previously, in Ref. [1], single jet inclusive production was studied in the Regge limit of
QCD using the Balitsky-Fadin-Kuraev-Lipatov (BFKL) framework [2], and it was shown that
the discrepancy between data and theory in the region of small values of xT = 2pT /

√
S may

be accounted for by the BFKL Pomeron. However, Pomeron exchange should be a dominant
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mechanism only at asymptotically large energies. In fact, in the energy range of the Tevatron
and the LHC, the mechanism of Reggeized gluon and quark exchanges should be more adequate
[3].

The parton Reggeization framework [4] is particularly appropriate for this kind of high-
energy phenomenology. It is based on an effective quantum field theory implemented with
the non-Abelian gauge-invariant action including fields of Reggeized gluons [5] and Reggeized
quarks [6].

In this paper, we assume the MRK production mechanism to be the dominant one at
small xT values. We compare our results with experimental data taken by the CDF [7] and
D0 [8] Collaborations at the Tevatron with

√
s = 1.8 TeV and 1.96 TeV and by the ATLAS

Collaboration [9] at the LHC with
√
s = 7 TeV. We also present predictions for the pT and y

distributions of isolated jet inclusive production at the LHC with
√
s = 14 TeV.

2 Gluon-gluon fusion amplitude with
multi-Regge kinematics

We examine isolated jet inclusive production in proton-antiproton collisions at the Tevatron
and in proton-proton collisions at the LHC. To leading order (LO) in the parton Reggeization
framework, the relevant hard-scattering process isR+R → g, whereR is a Reggeized gluon and
g is a Yang-Mills gluon. Working in the center-of-mass (c.m.) frame, we write the four-momenta
of the incoming hadrons as Pµ1,2 = (

√
s/2)(1, 0, 0,±1) and those of the Reggeized partons as

qµi = xiP
µ
i + qµiT (i = 1, 2), where xi are the longitudinal momentum fractions and qµiT =

(0,qiT , 0), with qiT being transverse two-momenta, and we define ti = −q2iT = q2
iT . The gluon

produced in the 2 → 1 partonic subprocess has four-momentum pµ = qµ1 + qµ2 = (p0,pT , p
3),

with p2
T = t1 + t2 + 2

√
t1t2 cosφ12, where φ12 is the azimuthal angle enclosed between q1T

and q2T . Introducing the light-cone vectors n±µ = (1, 0, 0,±1), we define k± = k · n± for any
four-vector kµ.

The Fadin-Kuraev-Lipatov effective RRg vertex reads [2, 10]:

Cg,µRR(q1, q2) = −gsfabc
q+1 q

−
2

2
√
t1t2

[
(q1 − q2)

µ
+

(n+)µ

q+1

(
q22 + q+1 q

−
2

)
− (n−)µ

q−2

(
q21 + q+1 q

−
2

)]
, (1)

where gs =
√

4παs, αs is the strong-coupling constant, a and b are the color indices of the
Reggeized gluons with incoming four-momenta q1 and q2, and fabc are the structure constants
of the color group SU(3). The squared amplitude of the partonic subprocess R + R → g is
straightforwardly found from Eq. (1) to be

|M(RR → g)|2 =
3

2
παsp

2
T . (2)

3 Cross sections in high-energy factorization

Exploiting the hypothesis of high-energy factorization, we may write the hadronic cross sections
dσ as convolutions of partonic cross sections dσ̂ with unintegrated PDFs Φha of Reggeized
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partons a in the hadrons h, as

dσ (pp→ jX) =

∫
dx1
x1

∫
d2q1T
π

∫
dx2
x2

∫
d2q2T
π

Φpg(x1, t1, µ
2)Φpg(x2, t2, µ

2)dσ̂ (RR → g) ,

(3)
and similarly for pp collisions. We also present here a compact formula for the double differential
distribution in pT = |pT| and y, which follows from Eq. (3) and reads:

dσ

dpT dy
(pp→ jX) =

1

p3T

∫
dφ1

∫
dt1Φpg(x1, t1, µ

2)Φpg(x2, t2, µ
2)|M (RR → g)|2, (4)

where φ1 is the azimuthal angle enclosed between q1T and pT ,

x1,2 =
pT exp(±y)√

s
, t2 = t1 + p2T − 2pT

√
t1 cosφ1. (5)

Since we work at LO, the produced jet has zero invariant mass m, so that transverse energy
ET and transverse momentum pT coincide and so do rapidity y and pseudorapidity η.

In our numerical analysis, we adopt the Kimber-Martin-Ryskin (KMR) [11] and Blümlein (B) [12]
prescriptions to obtain the unintegrated gluon PDF of the proton from the conventional inte-
grated one. As input for this procedure, we use the LO set of the Martin-Roberts-Stirling-
Thorne (MRST) [13] proton PDFs as our default.
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Figure 1: Ratio (Theory/Experiment) for pT distributions of single jet inclusive hadroproduc-
tion in pp collisions at

√
s = 1.96 TeV evaluated at LO in the MRK approach using the KMR

(solid histograms) and B (dashed histograms) unintegrated PDFs normalized to the CDF [7]
(left panel) and D0 [8] (right panel) data.
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4 Results

Recently, the CDF [7] (D0 [8]) Collaboration presented new data from Tevatron run II, which
correspond to an integrated luminosity of 1.13 fb−1 (0.70 fb−1) and cover the kinematic range
62 GeV < pT < 700 GeV (50 GeV < pT < 600 GeV) and |y| < 2.1 (|y| < 2.4). The CDF and
D0 data are compared with our MRK predictions in Fig. 1 for the following rapidity intervals:

1. |y| < 0.1 (CDF) and |y| < 0.4 (D0)

2. 0.1 < |y| < 0.7 (CDF) and 0.4 < |y| < 0.8 (D0)

3. 0.7 < |y| < 1.1 (CDF) and 0.8 < |y| < 1.2 (D0)

4. 1.1 < |y| < 1.6 (CDF) and 1.2 < |y| < 1.6 (D0)

5. 1.6 < |y| < 2.1 (CDF) and 1.6 < |y| < 2.0 (D0)

6. 2.0 < |y| < 2.4 (D0)

In case of the KMR unintegrated gluon PDF, we find agreement with the data for pT <
100 GeV in all rapidity intervals, which corresponds to xT < 0.1, while our predictions overshoot
the data for higher values of pT . In case of the B unintegrated gluon PDF, we find good
agreement for pT < 500 GeV, but only at small absolute values of rapidity, for |y| < 1.1.

This may be understood by observing that the average values of the scaling variables x1
and x2 in Eq. (4) are of order xT , and the MRK picture ceases to be valid for xi ≥ 0.1. For
xT ≥ 0.1, one needs to resort to the collinear parton model, which starts with 2 → 2 partonic
subprocesses at LO.

The solid and dashed curves in Fig. 1 clearly demonstrate the main theoretical uncertainties
in the present study. The theoretical uncertainties due to the freedom in the choices of the
renormalization and factorization scales are about 10–20 % and are not shown.

Moving on from the Tevatron to the LHC, which is currently running at
√
S = 7 TeV,

being about 3.5 times larger than at the Tevatron, one expects the pT range of validity of the
MRK picture to be extended by the same factor, to pT < 350 GeV. This expectation is nicely
confirmed in Fig. 2, where a recent measurement by the ATLAS Collaboration [9], which is based
on an integrated luminosity of 17 nb−1 and covers the kinematic range 60 GeV < pT < 600 GeV
and |y| < 2.8, is compared with our MRK predictions for the pT and y distributions. In fact,
useful agreement is found even up to the largest pT values accessed by this measurement. The
difference between the theoretical predictions based on the MRK and B unintegrated gluon
PDFs are insignificant, as the average values of the scaling variables x1 and x2 are smaller at
the LHC.

Note that, in Ref. [9], jets are identified using the anti-kt jet-clustering algorithm with two
different values of the jet-size parameter R =

√
(∆y)2 + (∆φ)2. The ATLAS data shown in

Fig. 2 refer to R = 0.6. The agreement is somewhat worse for R = 0.4. Our LO prediction
does not yet depend on R.

In Fig. 3, we repeat the MRK analyses of Figs. 1 and 2 for the LHC design c.m. energy√
s = 14 TeV, where we expect the pT range of validity to be roughly pT < 700 GeV.
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5 Conclusions

The Tevatron and, even more so, the LHC are currently probing particle physics at terascale
c.m. energies

√
s, so that the hierarchy ΛQCD � µ � √s, which defines the MRK regime, is

satisfied for a wealth of QCD processes of typical energy scale µ.

In this report, we studied a QCD process of particular interest, namely single jet inclusive
hadroproduction, at LO in the MRK approach, in which it is mediated by a 2 → 1 partonic
subprocess initiated by Reggeized gluons. Despite the great simplicity of our analytic expres-
sions, we found excellent agreement with single jet [9] data taken just recently by the ATLAS
Collaboration in pp collisions with

√
s = 7 TeV at the LHC. By contrast, in the collinear parton

model of QCD, it is necessary to take into account NLO corrections and to perform soft-gluon
resummation in order to obtain a comparable degree of agreement with the data for jet inclusive
production.
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Figure 2: Ratio (Theory/Experiment) for pT (left panel) and y (right panel) distributions of
single jet inclusive hadroproduction in pp collisions at

√
s = 7 TeV evaluated at LO in the

MRK approach using the KMR (solid histograms) and B (dashed histograms) unintegrated
PDFs normalized to the ATLAS [9] data.

On the other hand, comparisons with data taken by the CDF and D0 Collaborations at the
Tevatron in pp collisions with

√
s = 1.8 TeV and 1.96 TeV, which is roughly a factor of 3.5

below the value presently reached by the LHC, disclosed the limits of applicability of the MRK
picture. In fact, the MRK approximation appears to break down for xT > 0.1 in the case of
single jet production.

These findings are in line with our previous studies of the MRK approach, applied to the
production of prompt photons, diphotons, charmed mesons, bottom-flavored jets, charmonia,
and bottomonia [14]. Here and in Ref. [14], parton Reggeization was demonstrated to be a
powerful tool for the theoretical description of QCD processes in the high-energy limit.
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Figure 3: pT distributions (left panel) integrated over the y intervals (1) |y| < 0.3 (×108),
(2) 0.3 < |y| < 0.8 ( × 106), (3) 0.8 < |y| < 1.2 ( × 104), (4) 1.2 < |y| < 2.1 ( × 102),
and (5) 2.1 < |y| < 2.6 and y distributions (right panel) integrated over the pT intervals (1)
60 GeV < pT < 80 GeV, (2) 110 GeV < pT < 160 GeV, (3) 210 GeV < pT < 250 GeV,
and (4) 310 GeV < pT < 400 GeV of single jet inclusive hadroproduction in pp collisions at√
s = 14 TeV evaluated at LO in the MRK approach using the KMR (solid histograms) and B

(dashed histograms) unintegrated PDFs.
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Key ingredients of systematic QCD analysis of MPI are discussed.

1 Introduction

This contribution presents the QCD approach to studying MPI that I am involved in together
with Boris Blok, Lonya Frankfurt and Mark Strikman. The basic new ideas of our approach
have been announced in a short article [1]. A detailed pQCD analysis of the main contributions
to double hard parton collisions, as well as evolution of the emerging generalized double parton
distributions, 2GPD’s, can be found in [2].

An excess of jets + photon events in the back-to-back kinematics have signaled the presence
of double parton collisions in the Tevatron experiments [3, 4, 5]. This phenomenon cannot be
explained within a naive independent parton approximation. A model of two-proton correlations
inside the proton that is capable of explaining the magnitude of the MPI contribution will be
presented in [6].

Our approach to the problem of MPI is in certain sense opposite to that developed by
Tevatron experiments. The CDF group in the pioneering study [3] has formulated a noble quest
of extracting the MPI contribution without referring to either QCD theory or even to MC event
generators. Such a puristic approach has successfully performed a noble task of establishing the
presence of double hard collisions. However, it does not help much in developing the theory of
the phenomenon that would stem from the first QCD principles at the “hard” end, and exploit
known phenomenology of hadron interactions at the “soft” end. Meantime, such a theory is
necessary for quantifying two-parton correlations in the proton and for better understanding of
the underlying physics of collider experiments.

Following the pioneering work of Refs. [7, 8], a number of theoretical papers on multipar-
ton interactions appeared in recent years [9, 10, 11, 12, 13]. They were based on the parton
model and geometrical picture of collisions in the impact parameter space. This topic is be-
ing intensively discussed in view of the LHC program [14, 15]; Monte Carlo event generators
that produce multiple parton collisions are being developed [16, 17, 18]. In our view, however,
important elements of QCD that are necessary for theoretical understanding of the multiple
hard interactions issue have not been properly taken into account by above-mentioned intuitive
approaches.

More recently, theoretical papers exploring the nature and properties of double parton dis-
tributions and discussing their QCD evolution have appeared [1, 19, 20, 21].

The problem of theoretical approach to MPI is, sort of, educational: both the probabilistic
picture, the MC generator technology is based upon, and even the Feynman diagram tech-
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nique, when used in the momentum space, prove to be inadequate for careful analysis and
understanding of the physics of multiple collisions.

2 Hidden reefs of MPI analysis

A careful approach to MPI phenomena uncovers a number of unconventional features.
Thus, in order to be able to trace the relative distance between the partons, one has to use

the mixed longitudinal momentum–impact parameter representation which, in the momentum
language, reduces to introduction of a mismatch between the transverse momentum of the
parton in the amplitude and that of the same parton in the amplitude conjugated.

Another unusual feature of the multiple collision analysis may look confusing at the first
sight. It is the fact that, even at the tree level, the amplitude describing the double hard
interaction contains additional integrations over longitudinal momentum components; more
precisely — over the difference of the (large) light-cone momentum components of the two
partons originating from the same incident hadron (see Section 2.2).

2.1 Transverse structure

Cross section of two-parton collision can be cast in the following intuitively clear form:

dσ(h) =

∫
d2ρ1

∫
d2ρ2 f(x1, ρ1)f(x2, ρ2) · dσ(p); B = ρ2 − ρ1. (1)

Here vectors ρ are the transverse positions of incident hadrons 1 and 2 with respect to the point
where the two partons interact; their difference is the impact parameter of the hadron collision
B. Local parton density f is the square of the wave function: f(x1, ρ1) = ψ(x1, ρ1)ψ†(x1, ρ1),
or, in the momentum representation,

f(x1, ρ1) =

∫
d2k1⊥
(2π2)

ψ(x1, k1⊥)

∫
d2k′1⊥
(2π2)

ψ†(x1, k
′
1⊥) · eiρ1(k1⊥−k′

1⊥). (2)

Substituting into (1) and integrating over transverse coordinates gives

∫
d2k⊥
(2π)2

ψ(x, k⊥)

∫
d2k′⊥
(2π)2

ψ†(x, k′⊥)×
∫
d2ρ eiρ(k⊥−k′

⊥) =

∫
d2k⊥
(2π)2

ψ(x, k⊥)ψ†(x, k⊥). (3)

This shows that one could have written an
answer for the cross section in terms of mo-
menta from the start, treating incident objects
as plane waves with given (longitudinal and
transverse) momentum components.

The situation is different when two pairs of
partons collide. Indeed, in this case the trans-
verse coordinates of four partons are not inde-
pendent but are related, see Fig. 1:

ρ1 − ρ3 = ρ2 − ρ4 = B.
Figure 1: Geometry of four-parton collision
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To see how this condition affects the momentum picture, we introduce inclusive two-parton
probability density distribution, and turn to the momentum representation in analogy with
Eq. (2).

D(x1, x2; ρ1, ρ2) =

∞∑

n=3

∫ n∏

k=3

[
d2ρkdxk

]
· δ(

n∑

i=1

xiρi)

· ψ(x1, ρ1;x2, ρ2;x3, ρ3; . . . xn, ρn)ψ†(x1, ρ1;x2, ρ2;x3, ρ3; . . . xn, ρn),

(4)

Then, integrations over (ρ1 + ρ2), (ρ3 + ρ4) and (ρ1 − ρ2) + (ρ3 − ρ4) produce, respectively,

k1⊥ − k′1⊥ = −(k2⊥ − k′2⊥) ≡ ∆, k3⊥ − k′3⊥ = −(k4⊥ − k′4⊥) ≡ ∆̃ and ∆̃ = −∆. (5)

The presence of the relation

ρ1 − ρ3 − (ρ2 − ρ4) = 0

leaves the transverse momentum parameter ∆
arbitrary.

We conclude that, in the language of mo-
menta, a mismatch appears between transverse
momenta of the parton in the wave function
and the wave function conjugated. This mis-
match is the same for all four participating par-
tons as shown in Fig. 2.

Thus, the new variable ∆ is an intrinsic
part of the two-parton correlation function in Figure 2: Shifts in parton momenta

momentum space, that was dubbed in [1] “the generalized double parton distribution”, 2GPD:

[2]D
ab
h (x1, x2; q2

1 , q
2
2 ; ∆). (6)

Here a, b mark parton species, h — the hadron, and q2
1 , q

2
2 (within the usual logic of parton

distributions) stand for the corresponding “hardness scales”: the upper limits of (logarithmic)
integrations over parton transverse momenta, k2

1⊥ and k2
2⊥. This is what concerns the transverse

space structure.

2.2 Longitudinal structure

Now we shall look at longitudinal momenta
of participating partons.

To elucidate the problem that one encoun-
ters here, it is instructive to examine the case
when a parton “0” from one hadron virtually
splits into two, “1”, “2”, whose offspring par-
tons enter two hard interactions with partons
“3” and “4” from the second hadron.

This situation is shown in Fig. 3, where
black blobs mark two hard interactions that Figure 3: On-mass-shell singularity
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produce some large mass final state systems (intermediate bosons, pairs of large transverse
momentum jets, etc.).

Fig. 3 is a tree amplitude. This means that knowing the momenta of incident partons 0,
3, 4, and the 4-momenta of the produced final state systems Q13 and Q24, one unambiguously
determines the momenta of the virtual state partons 1 and 2.

The problem is, at certain values of longitudinal momenta of incident partons one of the
intermediate partons can go on mass shell. For example, the parton line “2” in Fig. 3. The
amplitude develops a strange singularity right inside the physical region of the external momenta
(k2

0, k
2
3, k

2
4 ≤ 0, Q2

13 and Q2
24 positive).

This singularity has been discussed in the literature more than once (see, e.g., [22, 23]).
However, to the best of my knowledge, its meaning and significance remained unclear before
the explanation that we gave in [1].

Let us go back to the usual hard process picture, e.g., to DIS scattering. Consider perturba-
tive splitting of an incident parton “0” into “1” and “2”, of which the former experiences hard
scattering (gets hit by a lepton with a large momentum transfer Q2), while the latter goes into
the final state.

Figure 4: “On-mass-shell” partons in deep inelastic scattering

When calculating the DIS cross section (see Fig. 4) we put the parton “2” on mass shell
and do not trace its fate. It may split developing a final state jet, it may propagate as a “real
particle” at macroscopically large distances (confinement does not concern us here) and might
eventually enter another hard interaction. This is exactly what happens with the diagram of
Fig. 3 and where lies an explanation of the origin of that disturbing singularity.

What happens is the following. The singularity appears at definite momenta of incident
particles and, in particular, of partons “3” and “4”. Definite momenta mean plain waves.
But plain waves are not localized in space–time, so that the distance between the two hard
interactions in Fig. 3 is not known and can be in fact arbitrarily large. If the hard scattering of
“1” and “3” would occur in the LHC tunnel, and the collision of “2” and “4” — in, say, Gran
Sasso, then the presence of the singularity is natural: it would correspond to free propagation
of the particle “2” between Geneva and L’Aquila. Such a scenario is possible, but this is not
what we are looking for: we intend instead to study the situation when “3” and “4” belong to
the same proton!

To assure spatial localization inside one hadron, one has to construct a wave packet by smear-
ing over the relative longitudinal momentum of the two partons. Importantly, the kinematics of
the process determines only the sum of the light-cone momentum components (β3 +β4). So one
is allowed — and has to — introduce an integration over the difference of the two momenta,
β3− β4, at the amplitude level. This smearing eliminates the singularity of the diagram Fig. 3:
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the integral reduces to the residue at the pole of the propagator “2”.

3 Generalized double parton distributions

We have chosen to study production of two pairs of large transverse momentum jets as an
example of double hard interaction. The corresponding cross section is conveniently represented
as a product of cross sections of two independent collisions normalized by the factor S that has
dimension of area:

dσ(4)

dt1dt2
=
dσ(x1, x2)

dt1

dσ(x3, x4)

dt2
× 1

S
,

1

S
=

∫
d2∆
(2π)2 D(x1, x2; ∆)D(x3, x4;−∆)

D(x1)D(x2)D(x3)D(x4)
. (7)

The quantity S is often referred to in the literature as “effective cross section”. However, a
cross section, by definition, depends on interaction strength, while S characterizes transverse
area of two-parton correlation in a hadron and longitudinal correlation between the partons
(see [6])

dσ(4→4)

dt1dt2
∝
(
α2
s

Q4

)2

·R−2 =
α4
s

R2Q8
=
α4
s

Q6
· 1

R2Q2
∝ dσ(2→4)

dt1dt2
· 1

R2Q2
. (8)

So, this cross section turns out to be power suppressed as compared with that of the 2→ 4 jet
production mechanism when one gets four jets out of 2-parton collision at an expense of two
additional QCD emissions, dσ(2→4).

3.1 4- and 3-parton collisons

The value of the correlation radius is determined by convergence properties of the ∆ integral
in (7). If two partons are taken directly from the non-perturbative hadron wave function,

2GPD=[2]D(x1, x2), the correlation area is of the order of the transverse size of the hadron.
There is an additional contribution to the MPI cross section due to collision of three partons.

In this case the numerator of (7) has a mixed structure:

[1]D(x1, x2; ∆)[2]D(x3, x4;−∆) + [2]D(x1, x2; ∆)[1]D(x3, x4;−∆).

Here [1]D stands for 2-parton distribution involving perturbative parton splitting, as in the
upper part of Fig 3. Being a small-distance correlation, [1]D depends on ∆ only logarithmically
(via parton evolution effects). As a result, the ∆ integration in (7) becomes broader. In spite
of this geometrical enhancement, the 3 → 4 contribution turns out to be numerically small at
Tevatron energies (x > 10−3) but may become significant at the LHC [6].

Evolution equations that incorporate into 2GPDs all-order radiative QCD effects in the
leading collinear approximation are described in [2].

3.2 A four-parton or a two-parton collision?

There were discussions in the literature whether the process of double parton splitting shown
in Fig. 5 should be looked upon as a 4-parton collision.

On the one hand, it looks indeed as two hard interactions of four partons. On the other
hand, such a diagram naturally appears as a loop correction to a “normal” 2→ 4 QCD process
when one goes beyond the tree approximation. The question of potential double counting was
raised.
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Figure 5: Loop in a double hard process

The process displayed in Fig. 5 is a
“product” of two small-distance correlations,

[1]D(x1, x2)[1]D(x3, x4). Since [1]D practically
does not depend on ∆, the integral in (7) for-
mally diverges.

This means that this double hard inter-
action is not a MPI, in our interpretation
([1, 2]). It lacks a characteristic feature of MPI,
namely a power enhancement of the differen-
tial cross section in the back-to-back kinemat-
ics, Q2

13, Q
2
24 � Q2 (see below).

This is a loop correction that belongs to
2→ 4 background and has to be subtracted in
a search for MPI.

3.3 Modeling 2GPD

The first natural step is an approximation of independent partons, which allows one to relate

2GPD with known objects, namely

D(x1, x2, q
2
1 , q

2
2 ; ∆) ' G(x1, q

2
1 ; ∆)G(x2, q

2
2 ; ∆). (9)

Here G is the non-forward parton correlator (known as generalized parton distribution, GPD)
that determines, e.g., hard vector meson production at HERA (Fig. 6).

Figure 6: GPD in VM electroproduction

The GPD, on its turn, can be modeled as

G(x1, q
2
1 ; ∆) ' D(x1, q

2
1)× F2g(∆

2), (10)

with D — usual one-parton distribution deter-
mining DIS structure functions and F — the
two-gluon form factor of the hadron.

The latter is a non-perturbative object; it
falls fast with the “momentum transfer” ∆2.

This form factor can be parametrized differently, for example, by a dipole formula:

F2g(∆
2) =

(
1 +

∆2

m2
g

)−2

. (11)

Here m2
g is an effective parameter whose value extracted from HERA data lies in the ballpark

of m2
g(x ∼ 0.03, Q2 ∼ 3 GeV2) ' 1.1 GeV2.

A simplistic approximation of independent partons does not answer the call: it fails to
explain a factor 2 enhancement of back-to-back 4-jet production observed by Tevatron experi-
ments [3, 4]. So, intra-hadron correlations between partons have to be taken into account. One
does not know much about them a priori. However, certain information about non-perturbative
2-parton correlations can be extracted from phenomenology of inelastic diffraction, which allows
one to construct a viable model for the 2GPD of a nucleon [6].
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4 Differential distribution in back-to-back kinematics

Four-parton interaction is a “higher twist” eventuality. The fact that the total MPI cross section
is power suppressed as compared with the 2 → 4 cross section does not mean that 4 → 4 and
3→ 4 collisions are impossible to access at high Q2.

There is an essential difference between the two 4-jet production mechanisms. Namely, in
2→ 4 processes the final jets form a “hedgehog”, while double parton collisions, 4→ 4, produce
two pairs of nearly back-to-back jets. Actually, in the back-to-back kinematics the two channels
become comparable.

Figure 7: Enhanced kinematical configurations of four jets

Differential distributions due to 4 → 4 and 3 → 4 processes exhibit double collinear en-
hancement : they peak at small jet imbalances, δ2

ik � p2
i⊥ ' p2

k⊥, Fig. 7.

dσ

dt1dt2 d2δ13d2δ24

/
dσ

dt1dt2
∝ α2

s

δ2
13 δ

2
24

, δik = pi⊥ + pk⊥; (12a)

dσ

dt1dt2 d2δ13d2δ24

/
dσ

dt1dt2
∝ α2

s

δ′2 δ2
, δ2 = δ2

13 ' δ2
24 � (δ13 + δ24)2 ≡ δ′2. (12b)

Structure of singularities displayed in (12a) — independent enhancements in two pair imbal-
ances — is typical for 4→ 4 processes.

Figure 8: Origin of δ′2 singularity in Eq. (12b)
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The “end-point” contributions due to 3→ 4 configurations with no QCD emissions between
the parton splitting (0→ 1 + 2 in Fig. 8) and the two hard vertices is enhanced as (12b).

Singularities in Eqs. (12) get smeared by double logarithmic Sudakov form factors of the
partons involved, depending on ratios of proper scales, see [2].

5 Conclusions

The QCD approach to MPI leads to the notion of generalized double parton distributions,

2GPDs. Higher order logarithmic QCD corrections to 2GPDs can be assembled via parton
evolution equations derived in [1, 2] in the leading collinear approximation. Detailed formulae
for total cross sections and differential distributions of four jet production in the back-to-back
kinematics can be found in [2].

In order to reliably extract MPI contributions and get hold of parton correlations inside
nucleon, one has to use a different strategy from that developed and promoted by Tevatron
experiments [3, 4, 5]. Tevatron methods were based on measurement of angular correlations
between jet imbalance momenta proposed in [24]. Such characteristics, however, are sensitive
to non-perturbative physics and are strongly affected by experimental efficiencies of jet recon-
struction. They are difficult (if at all possible) to control theoretically and should be replaced
by studies of correlations in transverse momenta rather than angles.
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We discuss the role of two different types of diagram in the proton-proton double parton
scattering (DPS) cross section – single and double perturbative splitting graphs. Using
explicit calculations of simple graphs from these classes we show that the treatment of these
graphs by the ‘double PDF’ framework for describing the DPS cross section, introduced
a number of years ago by Snigirev and collaborators, is unsatisfactory. We suggest that
a contribution from single perturbative splitting graphs should be included in the DPS
cross section, albeit with a different geometrical prefactor to the contribution from ‘zero
perturbative splitting’ graphs.

1 ‘Double perturbative splitting’ diagrams in double
parton scattering

We define double parton scattering (DPS) as the process in which two pairs of partons partici-
pate in hard interactions in a single proton-proton (p-p) collision. DPS processes can constitute
important backgrounds to Higgs and other interesting signals (see e.g. [1]), and can themselves
be considered as interesting signal processes, since they reveal information about parton pair
correlations in the proton.

Making the assumption that the hard processes A and B may be factorised, the cross section
for p-p DPS may be written as follows:

σD(A,B) ∝
∑

i,j,k,l

∫ 4∏

a=1

dxad
2b σ̂ik→A(ŝ = x1x3s) σ̂jl→B(ŝ = x2x4s) (1)

× Γij(x1, x2,b;Q2
A, Q

2
B) Γkl(x3, x4,b;Q2

A, Q
2
B)

The cross section formula is somewhat similar to that used for single parton scattering
(SPS), except that two parton-level cross sections σ̂ appear, and the PDF factors are two-
parton generalised PDFs Γ (2pGPDs) rather than single PDFs. Note that in this formula the
two 2pGPDs are integrated over a common parton pair transverse separation b.

In many extant studies of DPS, it is assumed that the 2pGPD can be approximately fac-
torised into a product of a longitudinal piece and a (typically flavour and scale independent)
transverse piece:

Γij(x1, x2,b;Q2
A, Q

2
B) ' Dij

p (x1, x2;Q2
A, Q

2
B) F (b) (2)

∗Speaker
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(a) A

B

(b)

A

B

p1 p2

Q1

Q2

k

p2 − kp1 + k −Q2

Q2 − k

Proton
Hard Process

Parton lines

Figure 1: (a) A diagram that apparently contributes to the leading order DPS cross section
according to the framework of [3]. The partons emerging from the grey proton blobs in the
figure are nonperturbatively generated partons – i.e. ones existing at a low scale ∼ ΛQCD. (b)
The ‘crossed box’ graph. In this part of the figure, A and B are arbitrary single particle final
states with Q2

1 = Q2
2 = Q2 > 0.

Then, if one introduces the quantity σeff via σeff ≡ 1/[
∫
F (b)2d2b], one finds that one

may write σD(A,B) entirely in terms of the longitudinal piece and σeff :

σD(A,B) ∝
1

σeff

∑

i,j,k,l

∫ 4∏

a=1

dxa D
ij
p (x1, x2;Q2

A, Q
2
B) Dkl

p (x3, x4;Q2
A, Q

2
B) σ̂ik→A σ̂jl→B (3)

In [2] a quantity Dij
p (x1, x2;Q2) is introduced, and an evolution equation for this quantity

is given. We shall refer to the quantity and its evolution equation as the double PDF (dPDF)
and the dDGLAP equation respectively. It is asserted in [3] that the dPDF is equal to the
factorised longitudinal part of the 2pGPD in the case in which the two hard scales Q2

A and Q2
B

are equal to a common value Q2.
The dDGLAP equation contains two types of terms on the right hand side – ‘independent

branching’ terms corresponding to emission of partons from a pre-existing pair, and ‘single
parton feed’ terms corresponding to the perturbative generation of a pair from the splitting of
a single parton. The single feed terms involve the leading twist single parton distributions as one
might expect. Given this structure of the dDGLAP equation, with single feed terms included
on the right hand side, a prediction of the ‘dPDF framework’ suggested in [3] for calculating
the p-p DPS cross section is that a part of the ‘double perturbative splitting’ or ‘1v1’ graph
drawn in figure 1(a) should be included in the LO p-p DPS cross section. The part that should
be included is proportional to [log(Q2/Λ2)]n/σeff at the cross section level, where Λ is some
IR cutoff of order ΛQCD, and n is equal to the total number of QCD branchings in figure 1(a)
(including the two that only produce internal particles). This piece should be associated with
the region of transverse momentum integration for the graph in which the transverse momenta
of the branchings on either side of the ‘hard processes’ in the graph are strongly ordered.

The question that then arises is whether such a structure in fact exists in the cross section
expression for the loop of figure 1(a). Starting from the conventional ‘Feynman rules’ expression
for the loop, it is not immediately obvious what the answer to this question is. Here we
will focus on answering this question for the specific very simple ‘crossed box’ loop shown
in figure 1(b), which is predicted by the dPDF framework to contain a piece proportional to
[log(Q2/Λ2)]2/σeff . The issues raised in the treatment of this example carry over to the more
general loop of figure 1(a).
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We expect the [log(Q2/Λ2)]2/σeff piece in figure 1(b) to be predominantly contained in the
portion of the cross section integration in which the external transverse momenta, as well as
the transverse momenta and virtualities of the internal particles, are all small. This is actually
the region around a certain pinch singularity in the loop integral known as the double parton
scattering singularity [4]. In [5], we obtained an analytic expression for the part of an arbitrary
loop containing a DPS singularity associated with the loop particles emerging from the initial
state particles being nearly on-shell and collinear, in the limit in which the external transverse
momenta are small. Applied to the loop of figure 1(b) this reads (schematically, suppressing
helicity and colour labels):

LDPS,fig 1(b) ∝
1

Q2

∫
d2k Φg→qq̄(x,k−Q2) Φg→q̄q(1− x,−k) (4)

×Mqq̄→A(ŝ = x(1− x)s) Mqq̄→B(ŝ = x(1− x)s) + (q ↔ q̄)

In this formula, x = p2 · Q1/p1 · p2, s = (p1 + p2)2, and k (Q2) is the component of k
(Q2) transverse to the axis defined by the directions of the incoming particles. Φg→qq̄(x,k)
is the O(αS) light cone wavefunction (LCWF) to produce a qq̄ pair from a g [6], with the
quark having lightcone momentum fraction x and transverse momentum k with respect to the
parent gluon. It can be factored into a k and x dependent part, where the k dependent part
is proportional to ε · k/k2, ε being the transverse part of the gluon polarisation vector. It is
generally true that any QCD 1→ 2 splitting with physically polarised external particles has a
corresponding LCWF that is proportional to 1/k. Provided one uses a physical gauge for the
gluon, all LCWFs corresponding to a 1→ 2 QCD splitting are then proportional to 1/k.

Inserting (4) into the standard 2 → 2 cross section expression, and performing a number
of changes of variable, we arrive at the following expression for the DPS singular part of the
gg → AB cross section:

σDPS,fig 1(b) ∝
∫ 2∏

i=1

dxidx̄i σ̂qq̄→A(ŝ = x1x̄1s) σ̂qq̄→B(ŝ = x2x̄2s) (5)

×
∫

d2r

(2π)2
Γg→qq̄(x1, x2, r) Γg→q̄q(x̄1, x̄2,−r)

Γg→qq̄(x1, x2, r) ∝ αS
2π

δ(1− x1 − x2) T ij(x1, x2)

∫ k̃2<O(Q2)

d2k̃
[k̃+

1
2 r]i[k̃− 1

2 r]j

[k̃+
1
2 r]2[k̃− 1

2 r]2
. (6)

T ij(x1, x2) contains a function of x1 and x2 that may be regarded as a ‘1 → 2’ splitting
function, multiplied by a constant matrix in transverse space1. r is equal to the transverse
momentum imbalance of one of the quarks/antiquarks in the loop between amplitude and con-
jugate, and is the Fourier transform of the parton pair separation b in the qq̄ pair emerging from
either gluon. Γg→qq̄(x1, x2, r) can therefore be thought of as the O(αS) transverse momentum-
space 2pGPD to find a qq̄ pair inside a gluon. Note that the expression here effectively coincides
with that of [7], in which a cross section expression for the box of 1(b) is obtained starting from
a pure DPS view of the box.

1Note that the cross section is really a sum of terms with different T ij(x1, x2) factors in the g → qq̄ 2pGPDs.
This is associated with the fact that, from the point of view of the quarks, there is an unpolarised diagonal
contribution to the process plus polarised and interference contributions in colour, spin, and flavour space. See
e.g. [7, 8] for a discussion of correlation and interference effects in DPS processes.
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Let us consider the part of the integral (5) that is associated with the magnitude of the
imbalance r being smaller than some small cut-off Λ that is of the order of ΛQCD. The con-
tribution to the cross section from this portion contains a log2(Q2/Λ2) factor multiplied by Λ2

(which can be thought of as an effective ‘1/σeff ’ factor for this contribution). The majority
of this contribution comes from the region in which the transverse momenta and virtualities of
the quarks and antiquarks in the gg → AB loop are much smaller in magnitude than

√
Q2 (i.e.

the region in which the assumptions used to derive (4) apply), which is a necessary feature of
a contribution to be able to regard it as a DPS-type contribution. By making a specific choice
of Λ (let us call this ΛS), one could obtain an expression which is exactly in accord with the
expectations of [3] – that is, a product of two large DGLAP logarithms multiplied by the same
1/σeff factor that appears in diagrams in which the parton pair from neither proton has arisen
as a result of one parton perturbatively splitting into two (‘2v2’ or ‘zero perturbative splitting’
diagrams). The 1/σeff factor for the 2v2 diagrams presumably has a natural value of the order
of 1/R2

p that is set by the nonperturbative dynamics (Rp = proton radius).
The fact that we have to make a somewhat arbitrary choice for Λ in order to arrive at the

result anticipated by the dPDF framework is concerning. There is nothing in the calculation
of figure 1(b) to indicate that we should take the region of it with |r| < ΛS as the ‘DPS part’
– the scale ΛS does not naturally appear at any stage of the calculation. There is no more
justification for taking the part of the box with |r| < ΛS to be the DPS part than there is for,
say, taking the piece with |r| < 2ΛS , or that with |r| < ΛS/2, to be the DPS part.

There therefore appear to be some unsatisfactory features of the dPDF framework with
regards to its treatment of the box in figure 1(b). In a physical gauge, precisely the same issues
will be encountered for the case of the arbitrary ‘1v1’ graph in figure 1(a). One obtains a result
that is consistent with the dPDF framework if one demarcates the portion of the cross section
integral in which the transverse loop momentum imbalance between amplitude and conjugate
is less than ΛS as DPS, but there is no natural reason to do this. There is no distinct piece of
figure 1(a) that contains a natural scale of order ΛQCD and is associated with the transverse
momenta inside the loop being strongly ordered on either side of the diagram. In fact, most
of the contribution to the total cross section expression for the graph comes from the region
of integration in which the transverse momenta of particles inside the loop are of O(

√
Q2)2.

This fact suggests that at the level of total cross sections, we should perhaps remove ‘1v1’
graphs entirely from the DPS contribution, and regard them as pure SPS (this approach is
advocated in [10], for both the total and the differential cross sections). Treating the graphs
in this way would have the advantage that we would not perform any double counting between
DPS and SPS – the graph of figure 1(a) is in principle also included in the SPS pp→ AB cross
section (albeit as a very high order correction that will not be included in practical low order
calculations, if the number of QCD emissions from inside the loop of the graph is large).

Very similar conclusions may be reached if one uses a covariant gauge such as the Feynman
gauge for the gluon fields in figure 1(a), although these conclusions are perhaps not obtained
so readily. In a covariant gauge, gluons with unphysical ‘scalar’ polarisation can exist in loop
diagrams. Such scalar-polarised gluons can give rise to power-law DPS divergences rather than
logarithmic ones, and additional ‘super-leading’ contributions to the AB production process
(in terms of powers of Q) – the two phenomena are related. On the other hand one generally

2One should bear in mind however that the same is not true for the cross section expression differential in
the transverse momenta of A and B for p2T,A, p

2
T,B � Q2. Here, the major contribution is associated with

transverse momenta in the loop �
√
Q2 if there is one emission or more from inside the loop, or with a range

of transverse momenta between ∼ |pT,A|, |pT,B | and ∼
√
Q2 if there are no such emissions [8].
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Figure 2: (a) A generic graph from the ‘2v1’ class. (b) A simple ‘2v1’ graph in which a gluon
splits into a qq̄ pair, and these partons then interact in two separate Drell-Yan interactions with
a ‘nonperturbatively generated’ qq̄ pair from a proton.

expects the ‘super-leading’ contribution to cancel in a suitable sum over graphs (as in [9]),
which effectively leaves one with the same logarithmic DPS divergences that are encountered
in a physical gauge.

One can gain some insight into the source of the problems in the dPDF framework by
looking at the b-space 2pGPD corresponding to (6). This comes out as being proportional
to 1/b2 – this behaviour (which was first spotted in [7]) can be traced to the fact that the
g → qq̄ LCWF in b space (like any any LCWF corresponding to a QCD 1 → 2 splitting with
physically polarised external particles) is proportional to 1/b, and Γ(b) ∼ Φ(b)2. Note that
this behaviour is very different from the behaviour of all 2pGPDs that is anticipated by the
dPDF framework (i.e. smooth function of size Rp). There is no natural feature in the product
of two ‘perturbative splitting’ 2pGPDs that is of size Rp and can be naturally identified as DPS.
A key error then in the formulation of the dPDF framework seems to be the assumption that
all 2pGPDs can be approximately factorised into dPDFs and smooth transverse functions of
size Rp. A sound theoretical framework for describing p-p DPS needs to carefully take account
of the different b dependence of pairs of partons emerging from perturbative splittings, whilst
simultaneously avoiding double counting between SPS and DPS.

2 ‘Single perturbative splitting’ diagrams

Aside from the ‘1v1’ graphs that were the focus of the previous section, and the ‘2v2’ graphs
that were also briefly mentioned, there is a further class of graph that can potentially contribute
to the p-p DPS cross section. These are graphs in which one proton provides one parton to
the double scattering, and the other two, at the nonperturbative level – a representative graph
is sketched in figure 2(a). For obvious reasons, we will refer to the graphs as ‘2v1’ or ‘single
perturbative splitting’ graphs.

It seems clear that we should include contributions from the 2v2 graphs as part of the DPS
cross section. An important question is whether we should also include contributions from the
2v1 graphs, and if so, what form these contributions should take (in particular, how does the
effective σeff factor for the 2v1 graphs differ from that for the 2v2 graphs?).

To answer this question, let us take a similar approach as we did for the 1v1 graphs in the
previous section. That is, we take the graph drawn in figure 2(b) that has the simplest possible
2v1 structure, and see whether there is a ‘natural’ part of the cross section expression for it
that is proportional to 1/R2

p, and also contains a large logarithm associated with the 1 → 2
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splitting. If there is such a structure in the 2v1 graph, then this part of this graph should be
included in the LO DPS cross section, and we also expect there to be a log(Q2/Λ2)n/R2

p piece
in the more general 2v1 diagram of figure 2(a) that should also be included in the LO DPS
cross section.

In the calculation of the cross section for figure 2(b), it is necessary to include a hadronic
amplitude or wavefunction factor ψp to find two nonperturbatively generated (‘independent’)
partons in the proton, at the amplitude level in the calculation. It would be inappropriate to
try and calculate a 2v1 cross section in a naive ‘fully parton-level’ way omitting the proton on
the ‘nonperturbative pair’ side because then one has three particles in the initial state (whereas
the standard framework for calculating a cross section requires two particles in the initial state).
Furthermore, by deleting the proton on the ‘nonperturbative pair’ side one is then neglecting
the important fact that the nonperturbatively generated partons are tied together in the same
proton (as was pointed out in [10]). The use of proton wavefunctions or hadronic amplitudes
in the calculation of DPS-type graphs was discussed long ago in [11], and has been discussed
more recently in [8, 10].

After a lengthy calculation, one finds that the cross section for figure 2(b) contains the
following expression:

σ1v2(s) = σ̂q̄q→γ∗(ŝ = x1y1s) σ̂qq̄→γ∗(ŝ = x2y2s) (7)

× m

2

[∫
d2r

(2π)2
Γp;qq̄ (x1, x2; r)

] [
αs
2π

Pg→qq̄ (y2) δ(1− y1 − y2)

∫ Q2

Λ2

dQ1
2

Q1
2

]

In this expression we have omitted helicity and colour labels and sums for simplicity. The
quantity Γp;qq̄ (x1, x2; r) is the 2pGPD of the nonperturbatively generated parton pair, whilst
Pg→qq̄ is the LO 1→ 2 splitting function for the process g → qq̄. m is a symmetry factor that
is equal to 1 if the two hard processes are the same, and is equal to 2 otherwise (for the double
Drell-Yan process under consideration, it equals 1).

The integral over Q1 in (7) gives rise to a large transverse momentum logarithm log(Q2/Λ2),
whilst the integral over r supplies a prefactor of order Λ2 ∼ 1/R2

p (we assume Γp;qq̄ (r) only
has support for |r| values of order ΛQCD – see later). Thus, there is a part of the cross section
expression for figure 2(b) that is proportional to log(Q2/Λ2)/R2

p and should be included in the
LO DPS cross section.

When we generalise the result (7) to the leading logarithmic part of the arbitrary 2v1
diagram in figure 2(a), and then sum up all of the diagrams to obtain the contribution of 2v1
graphs to the LO DPS cross section, then we obtain the result below3:

σD,1v2
(A,B) (s) =2× m

2

∫
dx1dx2dy1dy2 σ̂ik→A(ŝ = x1y1s) σ̂jl→B(ŝ = x2y2s) (8)

× D̆ij
p (x1, x2;Q2)

∫
d2r

(2π)2
Γklp,indep(y1, y2, r;Q2)

The quantity D̆ij
p (x1, x2;Q2) is the ‘accumulated sPDF feed’ contribution to the dPDF. This

evolves from a zero initial value at a nonperturbative scale Q0 ∼ ΛQCD according to the full

3Note that for simplicity we take the two hard scales to be equal here, Q2
A = Q2

B = Q2, and only write down
the unpolarised diagonal contribution in colour, flavour and spin space. The contributions associated with spin
polarisation (longitudinal or transverse) are expected to have a similar structure. On the other hand, it is known
that the colour and quark number interference contributions will contain Sudakov logarithms – see e.g. [7, 8].

6 MPI@LHC 2011

Jonathan R. Gaunt, W. James Stirling

202 MPI@LHC 2011



dDGLAP equation. Γklp,indep(y1, y2, r;Q2) is the ‘independent branching’ 2pGPD. This sums up
the effect of independent strongly ordered parton emissions from a nonperturbatively generated
parton pair. It evolves according to the dDGLAP equation with the sPDF feed term removed.
There is an additional prefactor of 2 in (8) because there are two sets of 1v2 graphs that give
equivalent contributions – in one set the nonperturbatively generated parton pair emerges from
the ‘left’ proton, whilst in the other it emerges from the ‘right’ proton.

A critical requirement for the derivations of (7) and (8) to be valid is that parton pairs
connected only via nonperturbative interactions should have an r-space distribution that is
cut off at values of order ΛQCD (or equivalently a b-space distribution that is smooth on
scales of size � Rp). This appears to be a somewhat reasonable requirement – at a low scale
Q0 ∼ ΛQCD there is only the scale ΛQCD available to set the size of the r profile for Γklp,indep,
and the evolution of Γp,indep essentially preserves the transverse profile to higher scales. What
is more, such behaviour for Γp,indep would appear to be required in order to get the necessary
prefactor of order 1/R2

p in the 2v2 contribution to DPS, which is calculated according to the
following expression (for the diagonal unpolarised contribution):

σD,2v2
(A,B) (s) =

m

2

∫
dx1dx2dy1dy2 σ̂ik→A(ŝ = x1y1s) σ̂jl→B(ŝ = x2y2s) (9)

×
∫

d2r

(2π)2
Γijp,indep(x1, x2, r;Q2) Γklp,indep(y1, y2,−r;Q2)

Note that the quantity (2π)−2
∫
d2rΓklp,indep(y1, y2, r;Q2) in (8) is equal to Γklp,indep(y1, y2,b =

0;Q2). This appears to indicate that the 2v1 contribution to DPS probes independent branching
2pGPDs at zero parton separation. In fact, the result (8) corresponds to a broad logarithmic
integral over values of b2 that are � R2

p but � 1/Q2. The quantity Γklp,indep(y1, y2,b = 0;Q2)

appears as a result of our smoothness assumption on Γklp,indep(y1, y2,b;Q2).
If one assumes that the independent branching 2pGPD can be approximately factorised

according to the prescription in (2), then the contribution to the DPS cross section from 2v1
graphs is similar to that predicted by the dPDF framework, albeit with a different associated
‘σeff ’. Indeed we find that (σeff,2v2)−1 =

∫
d2b[F (b)]2, whilst (σeff,1v2)−1 = F (b = 0). If

one then makes the further assumption that F (b) is approximately Gaussian, one finds that
each 2v1 contribution to DPS receives a factor of 2 enhancement over the 2v2 contribution from
the (σeff )−1 geometrical prefactor (as is also noted in [10]). One should perhaps not put too
much trust into this exact figure, however – it clearly relies on a number of assumptions whose
validity is somewhat uncertain.

3 The total cross section for DPS

If one were to take the suggestions outlined earlier in this report at face value, then one would
obtain the following expression for (the unpolarised diagonal contribution to) the total LO DPS
cross section:

σD(A,B)(s) = σD,2v2
(A,B) (s) + σD,1v2

(A,B) (s) (10)

with σD,1v2
(A,B) (s) and σD,2v2

(A,B) (s) being given by the expressions (8) and (9) respectively. This

expression shares some common terms with the DPS cross section formulae proposed in [10]
and [12]. Looking closely at (10) however, one can identify a number of concerning issues with
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regard to this equation, which indicate that modifications to it may be required in order to
correctly describe the DPS cross section.

The first issue is that we were originally expecting to obtain an expression for the DPS
cross section looking something like (1), with the 2pGPDs in these formulae each having an
interpretation in terms of hadronic operator matrix elements. Our proposed expression (10)
deviates somewhat in structure from these expectations (in particular, one would struggle to
come up with a matrix element representation for D̆ij

p (x1, x2;Q2)). This feature is related to
the fact that we have entirely removed the ‘1v1’ contribution from the DPS cross section.

The second issue is that there is a rather sharp distinction in (10) between perturbatively
and nonperturbatively generated parton pairs, with the 2pGPD for the latter Γklp,indep having a
natural width in r space of order Λ. Does there exist some scale at which we can (approximately)
regard all parton pairs in the proton as being ‘nonperturbatively generated’ in this sense (as is
assumed in (10))? If so, what is the appropriate value for the scale (presumably it should be
rather close to ΛQCD)?

A final issue is that in the above, we have largely ignored the interesting and potentially
important interference and correlated parton contributions to DPS catalogued in [7, 8].

In this report, we have shown that the treatment of 1v1 and 2v1 contributions to DPS
by the dPDF framework of Snigirev et al. appears to be unsatisfactory, and presented the
results of a calculation that indicates that we should include a contribution to the DPS cross
section from 2v1 graphs, if we include a contribution from 2v2 graphs. There appear to be
some unsatisfactory features in our alternative suggestion for the DPS cross section (10), which
perhaps indicates that completely removing any contribution from 1v1 graphs from the DPS
cross section is not quite the correct prescription.
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Helsinki Institute of Physics, P.O. Box 64, 00014 University of Helsinki, Finland

DOI: http://dx.doi.org/10.3204/DESY-PROC-2012-03/29

We discuss recent work on gluon correlations in high energy collisions and argue that they
are most naturally understood in the Color Glass Condensate framework. We discuss
first the dense-dense regime which is relevant for, e.g., the “ridge”-correlation observed at
midrapidity in AA and pp collisions. We then describe recent progress in understanding
two-particle correlations in the dilute-dense system, relevant for forward dihadron produc-
tion in deuteron-gold collisions. This requires computing the energy dependence of higher
point Wilson line correlators from the JIMWLK renormalization group equation. We find
that the large Nc approximation used so far in the phenomenological literature is not very
accurate. On the other hand a Gaussian finite Nc approximation is a surprisingly good
approximation of the result from the full JIMWLK equation.

1 Introduction

The physics of high energy hadronic or nuclear collisions is dominated by the gluonic degrees of
freedom of the colliding particles. These small x gluons form a dense nonlinear system that is,
at high enough

√
s, best described as a classical color field and quantum fluctuations around it.

The Color Glass Condensate (CGC, for reviews see [1, 2, 3, 4]) is an effective theory developed
around this idea. It gives an universal description that can equally well be applied to small-xDIS
as to dilute-dense (pA or forward AA) and dense-dense (AA or very high energy pp) hadronic
collisions. The CGC is based on an effective description of large-x partons as a color charge
density and small-x ones as a classical field radiated by these charges. The most convenient
parametrization of the dominant gauge field is in terms of Wilson lines that describe the eikonal
propagation of a projectile through it. The cutoff separating the large-x and small-x degrees
of freedom is an arbitrary factorization scale, thus the requirement that physical observables
cannot depend on it leads to a renormalization group equation. This nonlinear equation, known
by the acronym JIMWLK [5, 6, 7, 11, 12], describes the evolution in rapidity of the probability
distribution of the Wilson lines. It reduces, in a large Nc- mean field approximation, to the
BK [13, 14] equation and further, in the dilute linear regime, to the BFKL one.

The nonlinear interactions of the small-x gluons generate dynamically a new transverse
momentum scale, the saturation scale Qs. The saturation scale grows with energy, as the
increased density of gluons makes their interactions nonlinear at higher transverse momenta.
At high enough energy the color glass condensate is thus a one-scale system, characterized by
a dominant momentum scale Qs that is hard enough to justify a weak coupling calculation.
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Figure 1: Left: evolution of unintegrated (“dipole”) gluon distribution starting from an MV
model initial condition. Right: The resulting gluon spectrum produced in a heavy ion collision.
Note that this should be thought of as the gluon spectrum at midrapidity with y representing
the logarithm of

√
s.

The scale Qs dominates both the gluon spectrum and multigluon correlations. The nature of a
unique saturation scale as both the typical gluon transverse momentum and as the correlation
length 1/Qs differentiates the CGC qualitatively from the high-x part of the wavefunction.

2 Bulk particle production

One of the most unique aspects of the CGC framework is the prospect of understanding bulk
quantities, such as particle multiplicities integrated over the whole pT spectrum, in weak cou-
pling. At leading order in αs, calculating the spectrum of gluons produced in the initial stages
of a heavy ion collision requires solving the time evolution of the non-perturbative strong clas-
sical gauge field (known as the glasma field [15]). This field is then, at late enough times,
Fourier-decomposed and the modes interpreted as on-shell gluons. This calculation needs the
Wilson lines corresponding to the individual colliding nuclei to provide the initial condition for
the glasma fields [16], whose equations of motion must then be solved numerically [17, 18, 19].
In most of the numerical studies in the literature, the Wilson lines have been taken from the
MV model [20, 21, 22], which is straightforward to implement numerically.

Only very recently [23] an actual numerical solution of the JIMWLK equation has been
used to provide the initial condition for the evolution of the glasma fields. The JIMLWK
equation is solved, in practice, by reformulating the RGE for the probability distribution of
Wilson lines as a Langevin equation [24, 25, 26] for the rapidity dependence of an ensemble
of Wilson lines. These configurations can then directly be used in the initial condition for the
glasma fields. The results of this calculation are summarized in Fig. 1. On the left is plotted the
correlation function of Wilson lines U(xT ) (i.e. dipole cross section or dipole gluon distribution)
in momentum space:

C(kT ) = k2
T

∫
d2xT e

ikT ·(xT−yT ) 1

Nc

〈
TrU†(xT )U(yT )

〉
, (1)
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Figure 2: The two gluon correlation function in the MV model, from a full non-perturbative
classical field calculation [27]. The near side pT ≈ qT and away side pT ≈ −qT peak structure
is clearly seen.

starting from an MV model initial condition at y = 0. The main effect of the evolution (as
expected from BK evolution) is the hardening of the unintegrated gluon distribution due to the
development of a geometric scaling region for kT & Qs. The effect on the gluon spectrum in
the glasma is shown in Fig. 1 (right): also the spectrum of gluons in the glasma gets harder
with increasing energy. Note that, as advocated above, the spectrum is integrable and the total
gluon multiplicity finite without any additional cut-offs. This is a non-trivial consequence of
the non-linear interactions of the gluonic field.

3 Correlations in the dense-dense limit

The classical color field is a multi-gluon system, and as such has naturally built in correlations
that are long range in rapidity. The formalism for computing the observable correlations in a
collision of two high density gluonic systems in the CGC framework was developed in [28, 29, 30].
The essential power-counting argument can be summarized as follows. In the CGC, and the
glasma, the gluon fields are non-perturbatively strong; Aµ ∼ 1/g. Therefore the correlations
arising from quantum fluctuations around the field, which give the typical correlations in a
perturbative calculation, are actually subleading compared to the ones arising from the prob-
ability distribution of Wilson lines. Physically this means that the dominant correlations are
those that are enhanced by large logarithms of x, present already in the wavefunctions of the
colliding projectiles and re-summed by the JIMWLK evolution.

The only nonperturbative calculation of the double inclusive gluon spectrum has been per-
formed in Ref. [27]. The main result is shown in Fig. 2 in terms of the quantity

κ2(pT ,qT ) = S⊥Q
2
s

C2(pT ,qT )〈
dN

dyp d2pT

〉〈
dN

dyq d2qT

〉 , (2)

where the correlated double inclusive gluon spectrum is defined as

C2(pT ,qT ) =

〈
dN

dyp d2pT

dN

dyq d2qT

〉
−
〈

dN

dyp d2pT

〉〈
dN

dyq d2qT

〉
. (3)
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Figure 3: Left: Near side correlated multiplicity (integrated over azimuthal angle) as a function
of the saturation scale the CGC calculation. Right transverse momentum spectrum of the
correlated secondary particles. Figures from Ref. [31].

Here S⊥ is the transverse area of the collision system. The result displays two characteristic
main features. Firstly the double inclusive spectrum, scaled with the number of correlation
regions S⊥Q2

s , is of order one. Secondly one observes a characteristic enhancement in the
back-to-back pT ∼ −qT and near side pT ∼ qT regions. While the former is present also in
the dilute limit, due to momentum conservation, the latter is a genuine nontrivial high gluon
density effect that has no counterpart in a purely perturbative (or string fragmentation, for
that matter) picture. This is the basis of the CGC contribution to the ”ridge” correlation, a
structure at small azimuthal angle and large rapidity separation, that has been observed in AA
and pp collisions at high energy.

The calculation of Ref. [27] uses the MV model for the Wilson line distribution. Work on
repeating the calculation using the Wilson line configurations from JIMWLK evolution is still
ongoing. In the meanwhile the effects of high energy evolution have been analyzed in a kT -
factorized approximation [31, 32], which is valid for particle production at pT & Qs [33]. The
kT -factorized approximation for the double inclusive gluon spectrum is

C(pT ,qT ) =
α2

s

4π10

Nc
2S⊥

(Nc
2 − 1)3 pT 2q2

T

×
{∫

d2kTΦ2
A1

(yp,kT )ΦA2
(yp,pT − kT )

[
ΦA2

(yq,qT + kT ) + ΦA2
(yq,qT − kT )

]

+ Φ2
A2

(yq,kT )ΦA1(yp,pT − kT )
[
ΦA1(yq,qT + kT ) + ΦA1(yq,qT − kT )

]}
. (4)

Here ΦAi , the unintegrated gluon distribution in nucleus i, is related to the correlator C(kT )
of Eq. (1) simply by Φ(kT ) = C(kT )/(4αsNc). In [31, 32] it is obtained from the mean field
BK equation. The qualitative features of the correlation obtained using Eq. (4) are illustrated
in Fig. 3. What is shown is the correlation integrated over ∆ϕ, the azimuthal angle separation
between the two produced gluons. It rises for increasing Qs, which corresponds to increasing
centrality. Also the dependence of the correlation on the pT -cutoff, first rising and then de-
creasing, matches that seen in the CMS data [34]. A more recent detailed analysis [35] confirms
the conclusions reached here on a more quantitative level.
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Figure 4: The JIMWLK result for the quadrupole correlator compared to the Gaussian approx-
imation. Shown are the initial condition (MV model) at y = 0 and the result after 5.18 units
of evolution in rapidity, for the “line” (left) and “square” (right) coordinate configurations.
Figures from Ref. [36].

4 Correlations in the dense-dilute limit

One of the more striking signals of saturation physics at RHIC is the observed broadening
of the away-side peak in di-hadron correlations in forward deuteron-gold scattering [37, 38].
Our theoretical starting point in analyzing these correlations is to consider the high-x parton
from the proton required to produce two relatively large pT particles at forward rapidity in
the final state. We assume the high-x particle to be a quark, since the valence distribution
dominates at high x. In order to have a correlated production of two particles this quark
must then radiate a gluon, carrying a fraction z of its longitudinal momentum. To leading
order we then have a picture of a quark-gluon system propagating (eikonally in our high energy
approximation) through the target nucleus. The eikonal matrix element is given by Wilson
lines in the appropriate representation for the two particles, leading to a double inclusive cross
section

dσqA→qgX

d3k1 d3k2
∝ αsNc

2

∫

xT ,x̄T ,yT ,ȳT

e−ikT1·(xT−x̄T ) e−ikT2·(yT−ȳT )F(x̄T − ȳT ,xT − yT )

〈
Q̂(yT , ȳT , x̄T ,xT ) D̂(xT , x̄T )− D̂(yT ,xT )D̂(xT , z̄T )− D̂(zT , x̄T )D̂(x̄T , ȳT )

+
CF
Nc

D̂(zT , z̄T ) +
1

Nc
2

(
D̂(yT , z̄T ) + D̂(zT , ȳT )− D̂(yT , ȳT )

)〉
, (5)

with zT = zxT + (1 − z)yT and likewise, z̄T = zx̄T + (1 − z)ȳT . The kinematical factors
denoted by F can be calculated in light cone perturbation theory [39]. What is then needed to
describe the target are the expectation values of the dipole, quadrupole, and sextupole Wilson
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Figure 5: The JIMWLK result for the quadrupole correlator compared to the “naive large Nc”
approximation. Shown are the initial condition (MV model) at y = 0 and the result after 5.18
units of evolution in rapidity, for the “line” (left) and “square” (right) coordinate configurations.
Figures from Ref. [36].

line operators D = 〈D̂〉, Q = 〈Q̂〉, and 〈D̂Q̂〉 defined by

D̂(xT ,yT ) =
1

Nc
TrU(xT )U†(yT ), Q̂(xT ,yT ,uT ,vT ) =

1

Nc
TrU(xT )U†(yT )U(uT )U†(vT ).

(6)
For practical phenomenological work it would be extremely convenient to be able to express
these higher point correlators in terms of the dipole, which is straightforward to obtain from
the BK equation. In the phenomenological literature so far [40, 41] this has been done using a
“naive large Nc” approximation as

Q(xT ,yT ,uT ,vT ) ≈
Nc→∞

1

2

(
D(xT ,yT )D(uT ,vT ) +D(xT ,vT )D(uT ,yT )〉

)
. (7)

A more elaborate scheme would be a “Gaussian” approximation (“Gaussian truncation” in [42]),
where one assumes the relation between the higher point functions and the dipole to be the
same as in the (Gaussian) MV model. The expectation value of the quadrupole operator in the
MV model has been derived e.g. in Ref. [43]; the one for the 6-point function is unfortunately
not known yet.

In Ref. [36] we have studied the validity of these approximations by comparing them nu-
merically to the solution of the JIMWLK equation, following the conjecture of Ref. [44] that
the JIMWLK result should significantly deviate from both of them. As studying the full
8-dimensional phase space for the quadrupole operator would be cumbersome, we have concen-
trated on two special coordinate configurations. The “line” configuration is defined by taking
uT = xT and vT = yT , with r = |xT − yT | and the “square” by taking xT ,yT ,uT ,vT as
the corners of a square with side r. For these particular configurations the “naive large Nc”
approximation reduces to

Qnaive
| (r) ≈ Qnaive

� (r) ≈ D(r)2 (8)
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and the Gaussian approximation to

Q|(r) ≈ Nc + 1

2

(
D(r)

)2 Nc+2
Nc+1 − Nc − 1

2

(
D(r)

)2 Nc−2
Nc−1

(9)

Q�(r) ≈ (D(r))
2

[
Nc + 1

2

(
D(r)

D(
√

2r)

) 2
Nc+1

− Nc − 1

2

(
D(
√

2r)

D(r)

) 2
Nc−1 ]

. (10)

Our results [36] for the quadrupole expectation value are shown in Figs. 4 and 5, with a
comparison of the initial and evolved (for 5.18 units in y) results to the approximations. The
MV-model initial condition y = 0 satisfies the Gaussian approximation by construction. Fig-
ure 4 shows that the Gaussian approximation is still surprisingly well conserved by the evolution.
A possible explanation for this based on the structure of the JIMWLK equation has recently
been proposed in [45, 46]. The naive large Nc approximation used in some phenomenological
works, on the other hand, fails already at the initial condition, as shown in Fig. 5. This stresses
the importance the various SU(3) group structure constraints violated in this approach. Cru-
cially for the phenomenological consequences, even the characteristic length/momentum scale
differs by factor ∼ 2 from the actual result.

This result does not yet fully address the effect on the measurable cross section. For that one
must perform the integrals in (5) to go from the position space correlator to the momentum
space one. Also additional effects such as inelastic contributions [47] and high-x effects in
the deuteron (as compared to the proton) must be included, as discussed in [48]. This full
calculation is still a work in progress.
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We address the question of how to simultaneously account for unitarity constraints in
a variety of different types of very high energy cross sections wherein a description of
multiple hard partonic collisions is important. It is shown how models and extrapolations
that utilize the concept of multiple hard partonic scatterings can be made consistent with
one another while still adequately describing existing experimental data.

1 Introduction

1.1 s-channel unitarity

The procedure to account for s-channel unitarity in very high energy hadronic collisions has
been understood for many years now; one defines a profile function for the limit of s >> −t
in terms of the amplitude A(s, t) for elastic hadron-hadron scattering in the high energy limit
t ≈ −q2

t :

Γ(s, bt) ≡
1

2is(2π)2

∫
d2qt e

iqt·btA(s, t), (1)

Imposing unitarity and analyticity leads to the following set of well known relations between
the elastic, total, and inelastic cross sections:

σtot(s) = 2

∫
d2bt Re Γ(s, bt), (2)

σel(s) =

∫
d2bt |Γ(s, bt)|2 , (3)

σinel(s) =

∫
d2bt

(
2 Re Γ(s, bt)− |Γ(s, bt)|2

)
. (4)

Defining an inelastic profile function,

Γinel(s, bt) ≡
(

2 Re Γ(s, bt)− |Γ(s, bt)|2
)
, (5)

∗Speaker
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a description of the total cross section must obey

Γinel(s, b),Γ(s, b) ≤ 1. (6)

(Here it is assumed that the amplitude is entirely imaginary which is appropriate in the s >> −t
limit.) Generally, the profile function grows with energy. When Γinel(s, bt) ≈ 1 in some region
bt < bmax then it is said to have reached the “black disk limit” (BDL).

1.2 Minijets and multiple hard collisions

It has become common to combine the s-channel picture with treatments of multiple hard
partonic collisions (e.g., [1] and references therein) thereby relating descriptions of minimum
bias events, the underlying event, and other complex aspects of hadron-hadron collisions to
the treatment of the total cross section. One common approach is to describe the production
of semi-hard minijets using the standard perturbative QCD expression while modeling the
contribution from soft physics (using for example Regge theory) and using an eikonal model of
multiple scattering to reconstruct from this the total cross section:

Γ(s, b) = 1− e−χh(s,b)−χs(s,bt), (7)

where χh(s, b) and χs(s, bt) are eikonals that describe the hard and soft partonic collisions
respectively.

For the case of just one hard collision the inclusive cross section can be calculated directly
from the standard perturbative QCD factorization formula:

σinc
pQCD(s; pct) =

∑

i,j,k,l

K

1 + δkl

∫
d x1d x2

∫
d p2t×

× dσ̂ij→kl
dp2t

fi/p1(x1; pt) fj/p2(x2; pt) θ(pt − pct) ,
(8)

where fi/p1(x1; pt) and fj/p2(x2; pt) are the ordinary parton distribution functions. The per-
turbative expression is only valid for sufficiently large jet transverse momentum pt, so a lower
cutoff pct must be imposed on the integral in Eq. 8. In practice, the value of σinc

pQCD(s; pct) is quite
sensitive to the precise choice of pct , and the cross section grows rapidly with energy [2]. This
has been a persistent complication in attempts to incorporate Eq. (8) into complete descriptions
of multiple partonic scattering, such as the eikonal description in Eq. (7). One naturally hopes
to be guided by considerations like unitarity to determine the most appropriate value for pct .
However, constraints like the Froissart bound do not apply directly to inclusive cross sections
like Eq. (8) which are proportional to particle multiplicity.

One way to tame the rapid growth of the cross section while lowering pct is to adjust the
width of the distribution of hard partons in impact parameter space, so that the unitarization
effects built into the eikonal description of Eq. (7) become stronger. However, this does not
actually increase the range of validity of the perturbative expression, as illustrated in Fig. 1.
Moreover, it conflicts with direct measurements of the impact parameter distribution of hard
partons, as we will discuss later.

2 Total cross section from multiple hard collisions

Given a description of hard multiple partonic scatterings, one can directly reconstruct their con-
tribution to the total inelastic cross section from basic combinatorial arguments [3]. Following

2 MPI@LHC 2011

Ted C. Rogers, Mark Strikman

216 MPI@LHC 2011



13 

Large radius for hard collisions  Small radius for hard collisions  

Width of hard profile 

Profile function becomes black. 

Figure 1: If the distribution of hard partons in transverse coordinate space is narrow, the cross
section is tamed, but the approach to the black disk limit is faster, signaling a more rapid
breakdown of normal QCD factorization.

the reasoning of Ref. [4], one finds

Γinel
dijets(s, bt; p

c
t) =

∞∑

n=1

(−1)n−1χ2n(s, bt; p
c
t), (9)

where χ2n(s, bt; p
c
t) is the impact parameter dependent probability for n hard scatterings at

impact parameter bt. Overall consistency with Sect. 1.1 therefore requires that

Γinel
dijets(s, b; p

c
t) ≤ Γinel

actual(s, b). (10)

If it is assumed that the partons are identical and correlations are totally ignored, then

χ2n(s, bt; p
c
t) =

1

n!
χ2(s, bt; p

c
t)
n, (11)

and the contribution to the total inelastic cross section in Eq. (9) becomes

Γinel
dijets(s, bt; p

c
t) = 1− exp [−χ2(s, bt; p

c
t)] . (12)

Note that Eq. (12) has the same form as the eikonal expression in Eq. (7), though the reasoning
that leads to it is quite different. χ2(s, bt; p

c
t) represents the distribution in transverse coordinate

space of hard partons. Therefore, a description of the bt-dependence of χ2(s, bt; p
c
t) is required

to completely reproduce the total inelastic profile function.
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3 Two-gluon form factor

Fortunately, the bt-dependence in χ2(s, bt; p
c
t) can be extracted directly from experiments that

probe impact parameter dependence. In Ref. [5], for instance, the following form was fitted to
the two-gluon form factor in exclusive deeply inelastic vector meson production:

Fg(x, t;µ) =
1

(
1− t

mg(x,µ)2

)2 , (13)

where the x and µ dependence in the parameter mg(x, µ) account for some of the effects of
evolution. Using this result allows χ2(s, bt; p

c
t) to be written as

χ2(s, bt; p
c
t) = σinc

pQCD(s; pct)P2(s, bt; p
c
t) (14)

where

P2(s, bt; p
c
t) ≡

m2
g(x; pct)

12π

(
mg(x; pct)bt

2

)3

K3(mg(x; pct)bt). (15)

Expressed in this way, the total inclusive dijet cross section σinc
pQCD(s; pct) is

σinc
pQCD(s; pct) =

∫
d2bt χ2(s, bt; p

c
t). (16)

Using Eq. (14) in Eq. (12) then gives the contribution from dijet production to the left side of
Eq. (10). The comparison in Eq. (10) was performed in Ref. [6] against typical extrapolations
of Γinel

actual(s, b) to high energy, and the inequality was found to be violated even for bt & 1 fm
where multiple hard collisions are expected to be rarer. Since the impact parameter distribution
is fixed by other measurements, this suggests that there is a problem with the uncorrelated
scattering ansatz of Eq. (11).

4 General correlations

Reconciling the descriptions of the total cross section from Sect. 1.1 and 1.2 with the require-
ments of unitarity requires an account of non-perturbative correlations between the initial state
partons. We note that the sizes of correlations can be extracted from measurements of observ-
ables like σeff [7] (Also, see E. Dobson, these proceedings). Therefore, in Ref. [6] the role of
correlations was organized so that their effect on Γinel

dijets(s, b; p
c
t) is easy to analyze.

Starting with the n = 2 contribution in the uncorrelated ansatz Eq. (11), a shift parametrized
by η2(s, b) is introduced to account for correlations between two initial state partons. That is,
we write

χ4(s, b; pct)→
1

2
(1 + η4(s, bt))χ2(s, b; pct)

2, (17)

and similarly for larger n to account for triple and higher correlations. We call η2n(s, bt) the
n-correlation correction. Using Eq. (9) then gives

Γinel
jets(s, bt; p

c
t) = 1− exp [−χ2(s, bt; p

c
t)]−

∞∑

n=2

(−1)nη2n(s, bt)

n!
χ2(s, bt; p

c
t)
n exp [−χ2(s, bt; p

c
t)] .

(18)
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FIG. 8: Inelastic profile functions calculated exactly as in Fig. 8 but now with the Gaussian form for the overlap function.

VII. TESTS OF IMPACT PARAMETER
DEPENDENCE

A large source of uncertainty is in the role of b depen-
dence in the correlation corrections. As far as we know,
there are currently no predictions of the impact param-
eter dependence of nonperturbative correlations in mul-
tiparton distributions. If all correlations are localized at
small impact parameters, then at large impact param-
eters one simply recovers the uncorrelated model. We
find such scenarios unlikely, however, since the binding

interaction between any constituent partons should be
expected to be large, regardless of impact parameter. By
relaxing the assumption of b independence for all corre-
lation corrections, it is possible to reconstruct arbitrarily
different shapes for the profile function, though in princi-
ple this arbitrariness can be reduced by future measure-
ments of higher correlations. In Figs. 7(b) and 8(b), the
dip at intermediate b that occurs when only double cor-
relations are included suggests that higher correlations
should be included. However, a smooth form for the in-
elastic profile function can also be recovered if we allow
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relations are included suggests that higher correlations
should be included. However, a smooth form for the in-
elastic profile function can also be recovered if we allow

Figure 2: Γinel
dijets(s, bt; p

c
t) with correlation corrections imposed.

The 1 − exp [−χ2(s, b; pct)] part of Eq. 18 is the uncorrelated approximation. It also matches
the commonly used eikonal model, though the reasoning used to arrive at it is rather different.
Accounting for the η2n(s, bt) functions for increasingly large n allows one to extend Γinel

jets(s, b; p
c
t)

to larger bt before encountering a problem with Eq. (10).
The effect of double correlation corrections was estimated in Ref. [6], using the measured

value of σeff ≈ 14.5 mb from [8] which suggests a value for η2 around ∼ 1.3. As a first
try, we ignore the impact parameter dependence of the correction. Using this in Eq. (18)
gives the Γinel

jets(s, bt; p
c
t) shown in Fig. 2. For Γinel

actual(s, bt) we use a collection of Regge-like
extrapolations [9], indicated in the figure by the yellow band. The dashed curve approximates all
correlations by η ≈ 1.3, while the dotted curve keeps only the double correlations. The energy is
chosen to be the upper limit for the LHC,

√
s = 14 TeV and the transverse momentum cutoff is a

typical value of pct = 2.5 GeV. From the figure, it is clear that the large impact parameter region
becomes much more consistent with Eq. (10) when the effect of non-perturbative correlations
is included.

5 Conclusions

Taken together, existing measurements of inclusive cross sections and the impact parameter
dependence of exclusive processes imply that non-perturbative correlations are needed in models
of multiple hard scatterings in order to maintain reasonable consistency with unitarity while
describing the growth of the total cross section, particularly at large impact parameters. The
next step is to determine a method for estimating or calculating the correlation corrections in
Eq. (18). Ideally, this will follow from a complete perturbative QCD factorization treatment that
describes scattering with multi-parton correlation functions. Promising work in this direction
has recently been presented in Ref. [10, 11]. General considerations of how to extract the sizes
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of correlations from observables in high energy collisions (e.g., Ref. [12]) are also needed.
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We present recent QCD calculations of energy flow distributions associated with the pro-
duction of jets at wide rapidity separations in high-energy hadron collisions, and discuss
the role of these observables to analyze contributions from parton showering and from
multiple parton collisions.

Jet rates and event shape variables have long been used [1] to characterize QCD final states
from hard scatter events at high-energy colliders and to describe the event’s energy flow. Jet
shape variables describing the jet’s internal structure and the energy flow within a jet have
also been studied, and are being proposed [2] as diagnostic tools at the LHC in searches for
potential new physics signals from highly boosted massive states. In the last year first LHC
measurements of event shapes [3] and jet shapes [4] have been performed.

In all these cases, the interpretation of results depends on a good understanding of the
overall structure of the final states. This in turn implies controlling effects due to strong
interaction dynamics in the initial state. Thus for instance jet shape observables such as [5, 6]
that are sensitive to the jet’s substructure are also sensitive to soft physics effects, including
the underlying event, pile-up, and multiple parton interactions [7, 8]. Hadronic event shapes
measured at the LHC [3] suggest that parton showering effects dominate contributions of hard
matrix elements evaluated at high multiplicity.

In this article we focus on parton showering and multi-parton interactions (for recent dis-
cussions reviewing these topics, see respectively [9] and [10, 11]), and we discuss energy flow
observables [12] which become measurable, essentially for the first time, at the LHC, and may
be used for studies of showering and of multiple collisions. The main focus is on the region
of high rapidities, where production of final states with sizeable momentum transfers presents
new features at the LHC compared to previous collider experiments [7]. Thus we consider final
states associated with the production of two jets widely separated in rapidity [13, 14]. To be
specific, we consider correlations of a forward and a central jet (Fig. 1), and investigate the
associated transverse energy flow as a function of pseudorapidity and azimuthal angle in the
transverse plane [12].

The region of high rapidities is critical. While first measurements of forward jet spectra at
the LHC [15] are roughly in agreement with predictions from different Monte Carlo simulations,
detailed aspects of production rates and correlations [15, 16] are not well understood yet. From
the underlying event standpoint [17, 18], energy flow measurements [19] in minimum bias and
dijet events emphasize the difficulty [20] in achieving a unified underlying event description
from central to forward rapidities based on Pythia [21] Monte Carlo tuning.

Ref. [12] considers production of central and forward jets (taking e.g. central and forward
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Figure 1: Production of forward and central jets: energy flow in the inter-jet and outside regions.

jet pseudorapidities in the range 1 < ηc < 2, −5 < ηf < −4), and the transverse energy flow
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While the measurements [19] are designed to investigate properties of the soft underlying event,
this energy flow observable is sensitive to harder color radiation. Also, it enables one to access
more details on the structure of the final states associated with the jet production processes
observed in [15, 16]. The transverse factor q⊥ in the above energy flow distribution enhances
matrix element corrections due to extra hard-parton emission at short distances, and gives con-
tributions which break the transverse momentum ordering approximation in the long-distance
evolution of the parton showers. Ref. [12] computes these effects in the high-energy factorization
framework [14, 22].

The transverse energy flow, obtained by summing the energies over all particles in the final
states, is naturally also sensitive to soft particles being produced into the final states. In order
to study hard radiation one may rather consider the associated charged particle pT spectra.
However, at the LHC it is possible to control the infrared sensitivity of the energy flow by
looking at an alternative observable, defined in a different manner [12] as follows. One may
first cluster particles into jets by means of a jet algorithm, and then construct the associated
energy flow from jets with transverse energy above a given lower bound q0. Infrared safety
is ensured by running a jet algorithm, as opposed to applying the bound on the energy flow
integral. The question is which value of q0 is phenomenologically meaningful. At the LHC
the transverse energy per unit rapidity is large enough across a wide rapidity range that a
mini-jet type of bound q0 ≈ 5 GeV should be feasible. This is to be contrasted with previous
collider experiments, where one either did not have the detector capabilities to go very forward
in rapidity (as at the Tevatron) or did not have enough transverse energy per unit rapidity
(as at HERA, about 1 ÷ 2 GeV per unit rapidity). Calorimetric measurements of this mini-jet
energy flow at the LHC will be interesting.
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Figure 2: Multi-jet production by (left) multiple parton collisions; (right) single parton collision.

Multiple parton collisions (Fig. 2) form one of the major motivations for such energy flow
studies. Multiple collisions become increasingly important with energy as parton densities
grow [23], contributing primarily to highly differential cross sections sensitive to the detailed
distribution of the states produced by parton evolution. Their role at the LHC is being studied
very actively both by experiment [8, 18, 20] and theory [8, 10, 11, 24]. Since multi-parton inter-
actions depend on the growth of parton densities and probe the detailed final-state structure,
their treatment should be affected by corrections to parton shower evolution. Collinear ordering
is known to give an effective picture of parton evolution for inclusive observables; however, it is
not expected to represent the detailed final states reliably when longitudinal momentum frac-
tions x become small and parton densities increase. So, in particular, noncollinear high-energy
corrections to QCD showers could affect the analysis of multiple interactions significantly [7, 25].
The energy flow in forward-central jet production may provide a first step to analyze this issue.

Figs. 3 and 4 report results for the energy flow [12] from three Monte Carlo event generators:
the k⊥-shower Cascade generator [26], to evaluate contributions of high-energy logarithmic
corrections; the NLO matched Powheg generator [27], to evaluate the effects of NLO correc-
tions to matrix elements; Pythia Monte Carlo [21], used in two different modes: with the LHC
tune Z1 [28] (Pythia-mpi) to evaluate contributions of multi-parton interactions, and without
any multi-parton interactions (Pythia-nompi).

Fig. 3 shows the pseudorapidity dependence of the transverse energy flow in the region
between the central and forward jets. The particle energy flow plot on the left in Fig. 3 shows
the jet profile picture, and indicates enhancements of the energy flow in the inter-jet region
with respect to the Pythia-nompi result from higher order emissions in Cascade and from
multiple parton collisions in Pythia-mpi. On the other hand, there is little effect from the
next-to-leading hard correction in Powheg with respect to Pythia-nompi. The energy flow
is dominated by multiple-radiation, parton-shower effects. The mini-jet energy flow plot on
the right in Fig. 3 indicates similar effects, with reduced sensitivity to infrared radiation. As
the mini-jet flow definition suppresses the contribution of soft radiation, the Cascade and
Pythia-mpi results become more similar in the inter-jet region. Distinctive effects are also
found in [12] by computations in the region away from the jets.

Fig. 4 illustrates the azimuthal dependence of the mini-jet transverse energy flow. Here ∆φ
is measured with respect to the central jet. The ∆φ distribution is shown for three different
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Figure 3: Transverse energy flow [12] in the inter-jet region: (left) particle flow; (right) mini-jet
flow.

rapidity ranges, corresponding to the central-jet, forward-jet, and intermediate rapidities. As we
go toward forward rapidity, the Cascade and Pythia-mpi calculations give a more pronounced
flattening of the ∆φ distribution compared to Powheg and Pythia-nompi, corresponding to
increased decorrelation between the jets.

The above numerical results indicate that quite distinctive behaviors should be expected
from measurements of particle and mini-jet energy flows associated with production of forward
and central jets. They will tell us about several soft-physics effects, from the structure of
underlying events to multiple parton collisions to QCD showering, which are relevant to a
range of subjects in LHC physics: from studies of color flow in the QCD tuning of Monte
Carlo event generators to searches for new physics signals based on the structure of jets. One
feature emerging already from the above studies is that gluon emission over large rapidity
intervals gives sizeable contribution to the inter-jet energy flow. As a result, the rates for multi-
parton interactions may be influenced significantly by non-collinear corrections to single-chain
showering. From the theory viewpoint, it underlines the relevance of approaches which aim at
a more accurate and complete description of initial state dynamics by generalizing the notion
of parton distributions, both for quark-dominated [29] and gluon-dominated [30] processes.

Acknowledgments. I thank the convenors for the invitation to a very nice workshop. The
results in this article have been obtained in collaboration with M. Deak, H. Jung and K. Kutak.
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In this talk we consider revised formulas which operate with the modified collinear two-
parton distributions extracted from deep inelastic scattering to describe the inclusive cross
section of a double parton scattering in a hadron collision. The related phenomenological
effects are discussed.

1 Introduction and customary formalism

Now it has become clear that multiple parton interactions play an important role in high energy
hadronic collisions and are one of the most common, yet poorly understood [1], phenomenon at
the LHC. Experimental evidence for double hard scattering has been found in the production
of multijets[2, 3, 4] and of single photons associated with three jets [5, 6]. The theoretical
investigation of multiple parton interactions has a long history and has experienced a renewed
interest in more recent times (see, for instance, [1] and references therein), driven by the need
to understand the hadronic activity at the LHC.

Nevertheless, the phenomenology of multiple parton interactions relies on the models which
are essentially intuitive and involve substantial simplifying assumptions. Therefore, it is ex-
tremely desirable to combine theoretical efforts in order to achieve a better description of
multiple interactions, in particular, double scattering, which is very likely to be an important
multiple scattering mode at the LHC. In this talk we consider some steps towards this purpose
basing on our previous work [7]. The cross section formulas currently used to calculate the dou-
ble scattering processes are revised basing on the modified collinear two-parton distributions
extracted from deep inelastic scattering (DIS).

Using only the assumption of factorization of the two hard parton processes A and B, the
inclusive cross section of a double parton scattering process in a hadron collision may be written
in the following form

σD(A,B) =
m

2

∑

i,j,k,l

∫
Γij(x1, x2;b1,b2;Q2

1, Q
2
2)× σ̂Aik(x1, x

′
1, Q

2
1)σ̂Bjl(x2, x

′
2, Q

2
2)

×Γkl(x
′
1, x

′
2;b1 − b,b2 − b;Q2

1, Q
2
2)dx1dx2dx

′
1dx

′
2d

2b1d
2b2d

2b, (1)
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where b is the impact parameter — the distance between centers of colliding hadrons (e.g.,
the beam and the target) in transverse plane. Γij(x1, x2;b1,b2;Q2

1, Q
2
2) are the double parton

distribution functions, which depend on the longitudinal momentum fractions x1 and x2, and
on the transverse position b1 and b2 of the two partons undergoing the hard processes A and
B at the scales Q1 and Q2. σ̂Aik and σ̂Bjl are the parton-level subprocess cross sections. The
factor m/2 appears due to the symmetry of the expression for interchanging parton species i
and j. m = 1 if A = B, and m = 2 otherwise.

It is typically assumed that the double parton distribution functions may be decomposed in
terms of longitudinal and transverse components as follows:

Γij(x1, x2;b1,b2;Q2
1, Q

2
2) = Dij

h (x1, x2;Q2
1, Q

2
2)f(b1)f(b2), (2)

where f(b1) is supposed to be a universal function for all kinds of partons with its normalization
fixed as

∫
f(b1)f(b1 − b)d2b1d

2b =

∫
T (b)d2b = 1, (3)

and T (b) =
∫
f(b1)f(b1 − b)d2b1 is the overlap function.

If one also makes the assumption that the longitudinal components Dij
h (x1, x2;Q2

1, Q
2
2) re-

duce to the product of two independent one parton distributions,

Dij
h (x1, x2;Q2

1, Q
2
2) = Di

h(x1;Q2
1)Dj

h(x2;Q2
2), (4)

the cross section of double parton scattering can be expressed in the simple form

σD(A,B) = m
2

σS
(A)σ

S
(B)

σeff
, (5)

σeff = [
∫
d2b(T (b))2]−1. (6)

In this representation and at the factorization of longitudinal and transverse components, the
inclusive cross section of single hard scattering is written as

σS(A) =
∑

i,k

∫
Di
h(x1;Q2

1)f(b1)σ̂Aik(x1, x
′
1)Dk

h′(x
′
1;Q2

1)f(b1 − b)dx1dx
′
1d

2b1d
2b

=
∑

i,k

∫
Di
h(x1;Q2

1)σ̂Aik(x1, x
′
1)Dk

h′(x
′
1;Q2

1)dx1dx
′
1. (7)

These simplifying assumptions, though rather customary in the literature and quite con-
venient from a computational point of view, are not sufficiently justified and should be re-
vised [7, 8, 9, 10]. However, the starting cross section formula (1) was found (derived) in many
works (see, e.g., Refs. [8, 9, 10]) using the light-cone variables and the same approximations as
those applied to the processes with a single hard scattering.

2 Revised formulas in momentum representation

All the previous formulas were written in the mixed (momentum and coordinate) representa-
tion. Recall that in general, for the case of the multiple parton interactions, we have to use
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Figure 1: Graphs for double parton scattering according to the first term in Eq. (9) (left)
and according to the second evolution term in Eq. (9) (right). A and B are the hard parton
subprocesses. q is the momentum transfer through the ladders L1, L2, L1′ and L2′.

the Generalized Parton Distribution Functions (GPDF). In other words, in the Feynman dia-
gram (ladder) which describes the GPDF, the parton momenta kL (in the left part of diagram
corresponding to the amplitude A∗) and kR (in the right part of the diagram corresponding to
amplitude A) may be different. Let us denote kL = k + q/2 and kR = k − q/2, where q is the
momentum transfer through the whole ladder. Since the ladders in Figure 1 form a loop we
will call q the loop momentum. In the previous formulas, instead of transverse momentum qt,
we used the conjugate coordinate b 1.

For our further goal the momentum representation is more convenient:

σD(A,B) =
m

2

∑

i,j,k,l

∫
Γij(x1, x2;q;Q2

1, Q
2
2)σ̂Aik(x1, x

′
1)σ̂Bjl(x2, x

′
2)

×Γkl(x
′
1, x

′
2;−q;Q2

1, Q
2
2)dx1dx2dx

′
1dx

′
2

d2q

(2π)2
. (8)

The hard subprocesses A and B originate from two different branches of the parton cascade.
Note that only the sum of the parton momenta (in both branches) is conserved, while in each
individual branch there may be some difference, q, between the transverse (parton) momenta
in the initial state wave function and the conjugate wave function.

The main problem is to make the correct calculation of Γij(x1, x2;q;Q2
1, Q

2
2) without simpli-

fying assumptions (2) and (4). These functions are available in the current literature [11, 12, 13,
14] only for q = 0 in the collinear approximation. In this approximation the two-parton distri-
bution functions, Γij(x1, x2;q = 0;Q2, Q2) = Dij

h (x1, x2;Q2, Q2) with the two hard scales set
equal, satisfy the generalized Dokshitzer-Gribov-Lipatov-Altarelli-Parisi (DGLAP) evolution
equations, derived initially in Refs. [13, 14].

The evolution equation for Γij consists of two terms. The first term describes the inde-
pendent (simultaneous) evolution of two branches of parton cascade: one branch contains the
parton x1, and another branch — the parton x2. The second term allows for the possibility of
splitting of one parton evolution (one branch k) into two different branches, i and j. It con-
tains the usual splitting function Pk→ij(z). The solutions of the generalized DGLAP evolution
equations with the given initial conditions at the reference scales µ2 may be written [7, 15] in

1In the case of conventional DIS the cross section is given by the integral over b corresponding to qt = 0.
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the form:

Dj1j2
h (x1, x2;µ2, Q2

1, Q
2
2) = Dj1j2

h1 (x1, x2;µ2, Q2
1, Q

2
2) +Dj1j2

h2 (x1, x2;µ2, Q2
1, Q

2
2) (9)

with

Dj1j2
h1 (x1, x2;µ2, Q2

1, Q
2
2)

=
∑

j1′j2′

1−x2∫

x1

dz1

z1

1−z1∫

x2

dz2

z2
Dj1

′j2
′

h (z1, z2;µ2)Dj1
j1′(

x1

z1
;µ2, Q2

1)Dj2
j2′(

x2

z2
, µ2, Q2

2) (10)

and

Dj1j2
h2 (x1, x2;µ2, Q2

1, Q
2
2)

=
∑

j′j1′j2′

min(Q2
1,Q

2
2)∫

µ2

dk2αs(k
2)

2πk2

1−x2∫

x1

dz1

z1

1−z1∫

x2

dz2

z2
Dj′

h (z1 + z2;µ2, k2)

× 1

z1 + z2
Pj′→j1′j2′

(
z1

z1 + z2

)
Dj1
j1′(

x1

z1
; k2, Q2

1)Dj2
j2′(

x2

z2
; k2, Q2

2), (11)

where αs(k
2) is the QCD coupling, Dj1

j1′(z; k2, Q2) are the known single distribution functions

(the Green’s functions) at the parton level with the specific δ-like initial conditions at Q2 = k2.

D
j′1,j

′
2

h (z1, z2, µ
2) is the initial (input) two-parton distribution at the relatively low scale µ. The

one parton distribution (before splitting into the two branches at some scale k2) is given by

Dj′

h (z1 + z2, µ
2, k2). Note, that in Eq. (9) we assume that the loop momentum q < µ is small

and due to strong ordering of parton transverse momenta in the collinear DGLAP evolution it
may be neglected.

The first term is the solution of homogeneous evolution equation (independent evolution of
two branches), where the input two-parton distribution is generally not known at the low scale
µ. For this nonperturbative two-parton function at low z1, z2 one may assume the factoriza-

tion Dj1
′j2

′

h (z1, z2, µ
2) ' Dj1

′

h (z1, µ
2)Dj2

′

h (z2, µ
2) neglecting the constraints due to momentum

conservation (z1 + z2 < 1). This leads to

Dij
h1(x1, x2;µ2, Q2

1, Q
2
2) ' Di

h(x1;µ2, Q2
1)Dj

h(x2;µ2, Q2
2). (12)

As a rule, the multiple interactions take place at relatively low transverse momenta and low
x1, x2 where the factorization hypothesis (12) for the first term is a good approximation. In this
case, the cross section for double parton scattering can be estimated, using the two-gluon form
factor of the nucleon F2g(q) [8, 16] for the dominant gluon-gluon scattering mode (or something
similar for other parton scattering modes),

σD,1×1
(A,B) =

m

2

∑

i,j,k,l

∫
Di
h(x1;µ2, Q2

1)Dj
h(x2;µ2, Q2

2)σ̂Aik(x1, x
′
1)σ̂Bjl(x2, x

′
2)

×Dk
h′(x′1;µ2, Q2

1)Dl
h′(x′2;µ2, Q2

2)dx1dx2dx
′
1dx

′
2

∫
F 4

2g(q)
d2q

(2π)2
. (13)
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From the dipole fit F2g(q) = 1/(q2/m2
g + 1)2 to the two-gluon form factor follows that the

characteristic value of q is of the order of the “effective gluon mass” mg. Thus the initial
conditions for the single distributions can be fixed at some not large reference scale µ ∼ mg,
because of the weak logarithmic dependence of these distributions on the scale value. In this

approach
∫
F 4

2g(q)
d2q

(2π)2 gives the estimation of [σeff ]−1.

The second term in Eq. (9) is the solution of complete evolution equation with the evolution
originating from one “nonperturbative” parton at the reference scale. Here, the independent
evolution of two branches starts at the scale k2 from a point-like parton j′. In this case the
large qt domain is not suppressed by the form factor F2g(q) and the corresponding contribution
to the cross section reads

σD,2×2
(A,B) =

m

2

∑

i,j,k,l

∫
dx1dx2dx

′
1dx

′
2

min(Q2
1,Q

2
2)∫
d2q

(2π)2

×
∑

j′j1′j2′

min(Q2
1,Q

2
2)∫

q2

dk2αs(k
2)

2πk2

1−x2∫

x1

dz1

z1

1−z1∫

x2

dz2

z2
Dj′

h (z1 + z2;µ2, k2)

× 1

z1 + z2
Pj′→j1′j2′

(
z1

z1 + z2

)
Di
j1′(

x1

z1
; k2, Q2

1)Dj
j2′(

x2

z2
; k2, Q2

2)σ̂Aik(x1, x
′
1)σ̂Bjl(x2, x

′
2)

×
∑

j′j1′j2′

min(Q2
1,Q

2
2)∫

q2

dk
′2αs(k

′2)

2πk′2

1−x′
2∫

x′
1

dz1

z1

1−z1∫

x′
2

dz2

z2
Dj′

h′(z1 + z2;µ2, k
′2)

× 1

z1 + z2
Pj′→j1′j2′

(
z1

z1 + z2

)
Dk
j1′(

x′1
z1

; k
′2, Q2

1)Dl
j2′(

x′2
z2

; k
′2, Q2

2), (14)

or in substantially shorter yet less transparent form:

σD,2×2
(A,B) =

m

2

∑

i,j,k,l

∫
dx1dx2dx

′
1dx

′
2

min(Q2
1,Q

2
2)∫
d2q

(2π)2

×Dij
h2(x1, x2; q2, Q2

1, Q
2
2)σ̂Aik(x1, x

′
1)σ̂Bjl(x2, x

′
2)Dkl

h′2(x′1, x
′
2; q2, Q2

1, Q
2
2). (15)

By analogy, the combined (“interference”) contribution may be written as

σD,1×2
(A,B) =

m

2

∑

i,j,k,l

∫
dx1dx2dx

′
1dx

′
2

min(Q2
1,Q

2
2)∫
F 2

2g(q)
d2q

(2π)2
(16)

×[Di
h(x1;µ2, Q2

1)Dj
h(x2;µ2, Q2

2)σ̂Aik(x1, x
′
1)σ̂Bjl(x2, x

′
2)Dkl

h′2(x′1, x
′
2; q2, Q2

1, Q
2
2)

+Dij
h2(x1, x2; q2, Q2

1, Q
2
2)σ̂Aik(x1, x

′
1)σ̂Bjl(x2, x

′
2)Dk

h′(x′1;µ2, Q2
1)Dl

h′(x′2;µ2, Q2
2)].

The equations (13), (15) and (16) present our solution of the problem — we obtain the
estimation of the inclusive cross section for double parton scattering, taking into account the
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QCD evolution and based on the well-known collinear distributions extracted from deep inelastic
scattering. Similar results were obtained in Ref. [17] with an emphasis on the differential cross

sections. However, one should note that the input two-parton distribution D
j′1,j

′
2

h (z1, z2, µ
2)

may be more complicated than that given by factorization ansatz (12). Now, let us discuss in
more detail the second term, that is the 2× 2 contribution.

3 Discussion and conclusions

The contribution to the cross section from the second term induced by the QCD evolution
cannot be reduced to the form (5) with some new constant effective cross section as it was
done in earlier estimations [18, 19, 20]. The QCD evolution effects for the cross section are
anticipated to be larger than for the two-parton distribution functions. For those such effects
were estimated in Refs. [12, 21] on the level of 10% - 30% as compared to the “factorization”
components at x ∼ 0.1 and Q ∼ 100 GeV. Indeed, in Eq. (14) the integration over q includes
no strong suppression factor F2g(q) and the phase space integral may be estimated as

∫ Q2

dq2

∫ Q2

q2

dk2

k2

∫ Q2

q2

dk
′2

k′2
' 2Q2, Q2 � µ2, (17)

where within the leading order (LO) accuracy we take q2 as the lower limit for k2 and k
′2

integrations; at q2 > k2 the loop momentum qt destroys the logarithmic structure of the integrals
for collinear evolution from k2 to Q2.

We see that at a large final scale Q2 the contribution of the second (2×2) component should
dominate being proportional to Q2, while the contributions of the 1 × 1 or 1 × 2 components
∼ m2

g ∼ 1/σeff are limited by the nucleon (hadron) form factor F2g
2.

The real gain is, of course, smaller due to the running coupling constant and the fact that
at low x distribution functions grow logarithmically on the integration variables. So we have
the additional factor in favor of the first factorized term of Eq. (9), which is proportional [22]
to the initial gluon and quark multiplicities: the second term evolves from one “nonperturba-
tive” parton, while the first term has two initial independent “nonperturbative” partons at the
reference scale.

As a result, the experimental effective cross section, σexp
eff , which is not measured directly

but is extracted by means of the normalization to the product of two single cross sections:

σγ+3j
DPS

σγjσjj
= [σexp

eff ]−1, (18)

appears to be dependent on the probing hard scale. It should decrease with increasing the reso-
lution scale because all additional contributions to the cross section of double parton scattering
are positive and increase. In the above formula, σγj and σjj are the inclusive γ+ jet and dijets
cross sections, σγ+3j

DPS is the inclusive cross section of the γ+3 jets events produced in the double
parton process. It is worth noticing that the CDF and D0 Collaborations extract σexp

eff without
any theoretical predictions on the γ+ jet and dijets cross sections, by comparing the number of
observed double parton γ + 3 jets events in one pp̄ collision to the number of γ + 3 jets events
with hard interactions occurring in the case of two separate pp̄ collisions.

2In terms of impact parameters b this means that in the second (2 × 2) term two pairs of partons are very
close to each other; |b1 − b2| ∼ 1/Q.
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The recent D0 measurements [6] represent this effective cross section, σexp
eff , as a function

of the second (ordered in the transverse momentum pT ) jet pT , pjet2
T , which can serve as a

resolution scale. The obtained cross sections reveal a tendency to be dependent on this scale.
In Ref. [23] this observation was interpreted as the first indication to the QCD evolution of
double parton distributions.

We have to emphasize that the dominant contribution to the phase space integral (17) comes
from a large q2 ∼ Q2 and, strictly speaking, the above reasoning makes no allowance for the
collinear (DGLAP) evolution of two independent branches of the parton cascade (i.e., in the
ladders L1, L2, L1′ and L2′) in the 2×2 term. Formally, in the framework of collinear approach
this contribution should be considered as the result of interaction of one pair of partons with the
2→ 4 hard subprocess 3. Recall, however, that when estimating (17) we neglect the anomalous
dimension, γ, of the parton distributions Dk

j (x/z, k2, Q2) ∝ (Q2/k2)γ . In collinear approach
the anomalous dimensions γ ∝ αs << 1 are assumed to be small. On the other hand, in a low
x region the value of anomalous dimension is enhanced by the ln(1/x) logarithm and may be
rather large numerically. So the integral over q2 is slowly convergent and the major contribution
to the cross section is expected to come actually from some characteristic intermediate region,
m2
g << q2 << Q2

1 (Q1 < Q2). Thus we do not expect such strong sensitivity to the upper limit
of q-integration as in the case of the pure phase space integral (17). Therefore it makes sense
to consider the quantitative contribution of the 2× 2 term even within the collinear approach
as applied to the LHC kinematics, where the large (in comparison with mg) available values of
Q1 and Q2 provide wide enough integration region for the characteristic loop momenta q.

Next, in a configuration with two quite different scales (say, Q2
1 << Q2

2) the upper limit of
q2 integral is given by a smaller scale (at q > Q1 the hard matrix element corresponding to σA

begins to diminish with qt). In this case the collinear evolution from the scale q = Q1 up to
the scale Q2 in the ladders (parton branches) L2 and L2′ seems sufficiently justified .

In summary, we suggest a practical method which makes it possible to estimate the inclusive
cross section for double parton scattering, taking into account the QCD evolution and based on
the well-known collinear distributions extracted from deep inelastic scattering. We also support
the conclusion in Refs. [23, 24] that the experimentally measured effective cross section, σexp

eff ,
(18) should decrease with increasing the resolution scale Q2 due to presence of the evolution
(correlation) term in the two-parton distributions.
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We investigate several ingredients for a theory of multiple hard scattering in hadron-hadron
collisions. Issues discussed include the space-time structure of multiple interactions, their
power behavior, Sudakov logarithms, and the possibility to constrain multiparton distri-
butions by connecting them with generalized parton distributions.

1 Introduction

The phenomenology of multiparton interactions relies on models that are physically intuitive
but involve significant simplifications. So far a systematic description of multiple interactions
in QCD remains elusive. Here we report on some steps towards this goal. We will see to which
extent the cross section formulae currently used to calculate multiple-scattering processes can
be justified in QCD and to which extent they need to be completed.

We consider the case of two hard scatters at parton level. For definiteness we analyze the
production of two electroweak gauge bosons with large invariant mass (γ∗, Z, or W ). Since
the main interest in multiparton interactions is driven by the need to understand details of
the final state, we keep the transverse momenta of the produced gauge bosons differential,
rather than integrating over them. For the production of a single boson there is a powerful
theoretical description based on transverse-momentum dependent parton densities [1], which
we aim to extend to the case of multiparton interactions, starting from first-principle QCD.
Integrating over transverse momenta gives the more familiar formulation in terms of collinear
parton distributions.

The following discussion is a short summary of [2]. Detailed derivations of our results and
further discussion are given in [3].

2 Tree-level analysis

We begin with the cross section formula for double parton scattering at tree level. For definite-
ness we take two colliding protons and consider the case where the two partons coming from

∗Speaker
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Figure 1: Graphs for the production of two gauge bosons by double (a) or single (b) hard
scattering. The dotted line denotes the final-state cut. The decays of the gauge bosons into
fermion-antifermion pairs are not shown for simplicity.

one of the protons are quarks. The corresponding graph is shown in Fig. 1a, which also specifies
our assignment of momentum variables.

We use light-cone coordinates v± = (v0± v3)/
√

2 and v = (v1, v2) for any four-vector v and
choose a reference frame where p moves fast to the right and p̄ fast to the left, with transverse
momenta p = p̄ = 0. We consider kinematics where the invariant masses of the bosons are
large and where their transverse momenta are much smaller, i.e. we require qT � Q with
q2

1 ∼ q2
2 ∼ q2

T and q2
1 ∼ q2

2 ∼ Q2.
The two-quark distributions required to describe graph 1a read

Fa1,a2(x1, x2, z1, z2,y) = 2p+

∫
dy−

dz−1
2π

dz−2
2π

ei(x1z
−
1 +x2z

−
2 )p+

〈
p
∣∣Oa2(0, z2)Oa1(y, z1)

∣∣p
〉

(1)

with bilinear operators

Oa(y, z) = q̄(y − 1
2z) Γa q(y + 1

2z)
∣∣∣
z+=y+=0

. (2)

The transverse positions zi and y are Fourier conjugate to the transverse momenta ki and r
in figure 1a. Furthermore, a = q,∆q, δq labels the quark polarization and

Γq = 1
2γ

+ , Γ∆q = 1
2γ

+γ5 , Γjδq = 1
2 iσ

j+γ5 (3)

with j = 1, 2. The operators in (2) are well-known from the definitions of single-parton den-
sities for unpolarized, longitudinally polarized and transversely polarized quarks, see e.g. [4].
Analogous definitions hold for antiquarks and for a left-moving hadron. The cross section can
finally be written as

dσ |1a∏2
i=1 dxi dx̄i d

2qi
=

1

C

∑

a1,a2=q,∆q,δq
ā1,ā2=q̄,∆q̄,δq̄

[ 2∏

i=1

σ̂i,aiāi(q
2
i )

∫
d2zi
(2π)2

e−iziqi

]

×
∫
d2y Fa1,a2(xi, zi,y) Fā1,ā2(x̄i, zi,y) (4)
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where here and in the following we write F (xi, zi,y) instead of F (x1, x2, z1, z2,y) for brevity.
The σ̂i,aā are the partonic cross sections and it is understood that for each ai = δq both
Fa1,a2 and σ̂i,aā carry extra indices j associated with the direction of the transverse quark
polarization. Corresponding remarks hold for āi = δq̄. C is a combinatorial factor related to
identical particles in the final state.

Integration of the cross section over q1 and q2 leads to collinear (i.e. transverse-momentum
integrated) two-parton densities

Fa1,a2(xi,y) = Fa1,a2(xi, zi = 0,y) . (5)

The corresponding cross section formula is the basis for the phenomenology of multiple inter-
actions and has been used for a long time. It was derived in [5] for scalar partons and in [6] for
quarks.

3 Power behavior

A pair of electroweak gauge bosons can be produced by two hard scatters, but also by a single
one. An example graph is shown in figure 1b, and the corresponding cross section formula reads

dσ |1b∏2
i=1 dxi dx̄i d

2qi
=

dσ̂

dx1 dx̄1 d2q1

∫
d2z

(2π)2
e−iz(q1+q2)fq(x, z)fq̄(x̄, z) , (6)

where x = x1 +x2, x̄ = x̄1 + x̄2, σ̂ is the cross section for qq̄ annihilation into two gauge bosons
and fq(x, z) is the analog of Fq,q(xi, zi, y) for a single quark.

Dimensional analysis of (4) and (6) reveals that

dσ∏2
i=1 dxi dx̄i d

2qi
∼ 1

Q4Λ2
(7)

for both the single and double hard-scattering mechanisms. Here the small scale Λ2 repre-
sents q2

T or the scale of non-perturbative interactions, whichever is larger. We thus obtain an
important result: multiple hard scattering is not power suppressed in cross sections that are
sufficiently differential in transverse momenta.

The situation changes when one integrates over q1 and q2, because single hard-scattering
populates a larger phase space. In single hard-scattering, only the sum q1 + q2 is restricted to
be of order Λ, while the individual momenta can be as large as the hard scale Q. In contrast,
both boson transverse momenta are restricted to be of order Λ in double hard-scattering. Thus
power counting yields

dσ |1a∏2
i=1 dxi dx̄i

∼ Λ2

Q4
,

dσ |1b∏2
i=1 dxi dx̄i

∼ 1

Q2
. (8)

In the transverse-momentum integrated cross section multiple hard-scattering is thus power
suppressed. This is in fact required for the validity of the usual collinear factorization formulae,
which describe only the single hard-scattering contribution.

MPI@LHC 2011 3

Theoretical considerations on the double Drell-Yan process . . .

MPI@LHC 2011 237



y

x2

x1

b b̄

x̄1

x̄2

Figure 2: Visualization of the cross section formula (11) when q1 and q2 are integrated over.

4 Impact parameter

The distributions F (xi, zi,y) depend on spatial transverse coordinates for the quarks but still
refer to a proton with definite (zero) transverse momentum. A representation purely in im-
pact parameter space can be obtained using the methods of [7, 8, 9], where impact parameter
densities for a single parton are constructed from generalized parton distributions. To this
end we first define non-forward distributions F (xi, zi,y; ∆) with proton states 〈p+, 1

2∆| and
|p+,− 1

2∆〉 with different transverse momenta. Now we introduce the wave packet

|p+, b〉 =

∫
d2p

(2π)2
e−ibp |p+,p〉 , (9)

which describes a proton with definite transverse position b, and the Fourier transform of
F (xi, zi,y; ∆),

Fa1,a2
(
xi, zi,y; b

)
=

∫
d2∆

(2π)2
e−ib∆Fa1,a2

(
xi, zi,y; ∆

)
. (10)

Integrating F (xi, zi,y; b) over b one recovers the distributions F (xi, zi,y), so that the cross
section can be cast into the form

dσ |1a∏2
i=1 dxi dx̄i d

2qi
=

1

C

∑

a1,a2=q,∆q,δq
ā1,ā2=q̄,∆q̄,δq̄

[ 2∏

i=1

σ̂i,aiāi(q
2
i )

∫
d2zi
(2π)2

e−iziqi

] ∫
d2y d2b d2b̄

× Fa1,a2(xi, zi,y; b) Fā1,ā2(x̄i, zi,y; b̄) , (11)

which has a simple geometric interpretation in impact parameter space. Taking the average of
transverse positions in the amplitude and its conjugate, one identifies y as the average distance
between the two scattering partons, as can be seen from (2). Likewise, b is the average distance
between parton 2 and the right-moving proton, and b̄ is the average distance between parton 2
and the left-moving proton. This is illustrated in Fig. 2 for the case where the cross section is
integrated over qi, so that zi = 0 and the positions in the amplitude and its conjugate coincide.

5 Beyond leading order

Our discussion so far has been concerned with tree graphs as in Fig. 1. At this level, our results
can readily be generalized to other hard-scattering processes, in particular to jet production
with the well-known subprocesses qq → qq, qg → qg, etc.
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ls

lc

Figure 3: Example graph with a collinear gluon lc and a soft gluon ls.

A proper factorization formula in QCD must of course include corrections to the tree-level
cross section, and in particular take care of additional gluon exchange. In [3] we argue that the
factorization proof for Drell-Yan production can to a large part be extended to double hard-
scattering processes producing colorless states such as electroweak gauge bosons. We restrict
ourselves to such processes from now on.

There are two types of additional gluon exchange that are not power suppressed by the
large scale and hence need to be taken into account systematically. The first type concerns
gluons which emerge from the subgraph representing the partons in the right-moving proton
and which attach to a hard-scattering subgraph, see Fig. 3. To leading-power accuracy, the
effect of these gluons can be represented by Wilson lines that appear in the operators defining
parton distributions and make them gauge invariant. For gauge boson pair production, each
quark or antiquark field is to be multiplied by a Wilson line according to

qj(z)→ [W (z, v)]jk qk(z) , q̄j(z)→ q̄k(z) [W †(z, v)]kj (12)

with

W (z, v) = P exp

[
ig

∫ ∞

0

dλ vAa(z − λv) ta
]
, (13)

where j and k are color indices, P denotes path ordering, and the sign convention for the
coupling g is such that the covariant derivative reads Dµ = ∂µ + igAµ,a ta.

In order to avoid rapidity divergences in the parton distributions, we tilt v away from
the light-cone [1]. This results in an additional parameter ζ2 = (2pv)2/|v2| in the parton
distributions for proton p. Their ζ dependence is connected with Sudakov logarithms and will
be discussed in Section 7. As ζ is a measure of the plus-momentum of the proton [10], an
adequate choice of ζ in cross section formulae is the hard scale Q.

The second type of unsuppressed gluon exchange is between the right- and left-moving
partons as shown in Fig. 3, provided the gluons are soft and thus do not take partons far off
shell. In processes with small observed transverse momenta in the final state, the effects of
these gluons do not cancel. Provided that gluons in the Glauber region give no net contribution
(which we currently cannot show but have to assume), soft gluon effects can be described by
a so-called soft factor, which is defined in terms of vacuum expectation values of Wilson lines.
Proper care needs to be taken to prevent double counting, because the Wilson lines W (z, v) in
the parton distributions include soft gluon momenta as well [1].
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≈
∫
d2b

b + yb ×
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y

22

x2

x1 x1

x2

Figure 4: Illustration of the approximation (16) of a two-parton distribution in terms of single-
parton distributions. Implicit in the figure is the representation of these distributions as squares
of light-cone wave functions in the proton.

6 Connection with generalized parton distributions

In order to obtain a representation of the multiparton distributions in terms of GPDs, we insert
a complete set of intermediate states |X〉〈X| between the operators Oa2 and Oa1 in the two-
parton distributions in impact parameter space. This gives a product of single-parton operators
sandwiched between a proton state and X. If we assume that the ground state dominates in the
sum over all X and take the intermediate proton states in the impact parameter representation
(9), we obtain a representation

Fa1,a2(xi, zi,y; b) ≈ fa2(x2, z2; b + 1
2x1z1)fa1(x1, z1; b + y − 1

2x2z2) (14)

in terms of single-quark distributions

fa(x, z; b) =

∫
d2∆

(2π)2
e−ib∆

∫
dz−

2π
eixz

−p+
〈
p+, 1

2∆
∣∣Oa(0, z)

∣∣p+,− 1
2∆
〉

(15)

in impact parameter space.
At zi = 0 the relation (14) involves only collinear distributions. Integrating over b we get

Fa1,a2(xi,y) ≈
∫
d2b fa2(x2; b) fa1(x1; b + y) , (16)

which has a straightforward physical interpretation as sketched in Fig. 4. In different guises,
this relation is at the basis of most phenomenological studies and has long been used in the
literature, see e.g. [11, 12, 13] and [14, 15].

We emphasize that the relations (14) and (16) are obtained by restricting a sum over all
intermediate states to a single proton in a selected helicity state. We do not have a justification
or a strong physical motivation for this restriction, other than stating a posteriori that it
is tantamount to neglecting any correlation between both partons in the proton. It seems
plausible to assume that this is a reasonable first approximation, at least in a certain region of
variables, but one should not expect such an approximation to be very precise.

7 Sudakov logarithms

As is well known, transverse momenta qi which are much smaller than the hard scale Q of
a process give rise to Sudakov logarithms in the cross section. These logarithms must be
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resummed to all orders in perturbation theory, which for single gauge boson production can
be done using the Collins-Soper-Sterman formalism [16]. We extended this formalism to gauge
boson pair production in [3] and sketch the main results of our analysis in the following.

So far we have glossed over the color structure of double parton distributions. For two
quarks one has distributions 1F and 8F , which describe the cases where the two quark lines
with momenta k1− r/2 and k1 + r/2 in graph 1a are coupled to a color singlet or a color octet,
respectively. In the cross section formulae (4) and (11) one should replace FF by 1F 1F + 8F 8F ,
with each σ̂i including a color factor 1/3. The relations (14) and (16) hold for 1F .

The dependence of a two-quark distribution on the rapidity parameter ζ defined in Section 5
is governed by the differential equation

d

d log ζ

(1F
8F

)
=
[
G(x1ζ, µ) +G(x2ζ, µ) +K(z1, µ) +K(z2, µ)

](1F
8F

)
+ M(z1, z2,y)

(1F
8F

)
,

(17)

where 1F and 8F depend on xi, zi, y and ζ. They also depend on a renormalization scale µ,
but we need not discuss this dependence here. The kernels G and K in (17) already appear
in the Collins-Soper equation [10] for single-quark distributions. The matrix M mixes color
singlet and color octet distributions and is µ independent, whereas the µ dependence of G and
K is given by a renormalization group equation

γK
(
αs(µ)

)
= −dK(z, µ)

d logµ
=
dG(xζ, µ)

d logµ
(18)

and thus cancels in G+K. Both K and M are due to soft gluon exchange and can be defined
as vacuum matrix elements of Wilson line operators, similar to those discussed in Section 5.
They can only be calculated perturbatively if the transverse distances on which they depend
are sufficiently small.

The general solution of (17) can be written as
(1F (xi, zi,y; ζ)

8F (xi, zi,y; ζ)

)
= e−S(x1ζ,z1,z2)−S(x2 ζ,z1,z2)eLM(z1,z2,y)

(1Fµ0(xi, zi,y)
8Fµ0(xi, zi,y)

)
(19)

with

S(xζ,z1, z2) = − K(z1, µ0) +K(z2, µ0)

2
log

xζ

µ0
+

∫ xζ

µ0

dµ

µ

[
γK
(
αs(µ)

)
log

xζ

µ
−G(µ, µ)

]

(20)

and L = log(
√
x1x2 ζ/µ0). The scale µ0 specifies the initial condition of the differential equation

(17), with a natural choice being µ0 ∝ 1
/√
|z1||z2|.

The leading double logarithms of ζ/µ0 in (19) come from the second term in (20), whereas
terms involving K and M only contain single logarithms. The Sudakov exponent S also appears
in the solution of the Collins-Soper equation for single-quark distributions [10],

f(x, z; ζ) = e−S(xζ,z,z) fµ0(x, z) . (21)

We thus obtain the important result that to double logarithmic accuracy the Sudakov factor
for a multiparton distribution is the product of the Sudakov factors for single parton densities,
both for color singlet and color octet distributions. A non-trivial cross talk between all partons,
and in particular a mixing between color singlet and octet distributions occurs, however, at the
level of single logarithms, which are known to be important for phenomenology.
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8 Conclusions

We have studied several aspects of multiparton interactions in hadron-hadron collisions. Our
theoretical framework is hard-scattering factorization, which requires a large virtuality or mo-
mentum transfer in each partonic scattering process but is valid in the full range of parton
momentum fractions, i.e. not limited to small x.

The basic cross section formula for multiple interactions can be derived at tree level using
standard hard-scattering approximations and has an intuitive geometrical interpretation in
impact parameter space. We have shown that it can be formulated at the level of transverse-
momentum dependent multiparton distributions, which permits a description of the transverse
momenta of the particles produced in the hard scattering. This is particularly important
because it is in transverse-momentum dependent cross sections that multiparton interactions
are not power suppressed compared with single hard scattering.

To develop a reliable phenomenology, one needs information about the size and kinematic
dependences of two-parton distributions. One can relate them to generalized parton distribu-
tions for single partons, which are experimentally accessible in exclusive scattering processes,
but this requires an approximation whose reliability we cannot quantify.

To go from tree level to genuine factorization formulae, one must be able to sum certain
types of collinear and soft gluon exchanges into Wilson lines. We argue in [3] that for double-
scattering processes producing color-singlet particles this can be achieved using the methods
that have been successfully applied to single Drell-Yan production [1, 10, 17, 18]. This also
permits the resummation of Sudakov logarithms, with important results sketched in Section 7.
The production of two electroweak gauge bosons thus emerges as a channel where the current
perspectives for developing the theory look very good, and where different aspects of multiple
interactions can hopefully be explored experimentally at LHC.
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LHCf is an experiment designed to measure the energy and transverse momentum spectra
of very forward neutral particles produced at the Interaction Point 1 of LHC. Its goal is
to calibrate the hadron interaction models in air-shower simulations used for ultra-high-
energy cosmic-ray (UHECR) experiments, and its results would also be useful to get a
glimpse of the physics in inelastic hadronic collisions. LHCf has taken data in 2009-2010
pp runs at 0.9 and 7 TeV. Then the detector was removed from the experimental area.
In this paper the forward photon spectrum obtained at 7 TeV will be presented. Results
will be discussed compared to the MC models widely used in UHECR physics. Future
prospects for the analysis and the data taking at 14 TeV will be also discussed.

1 Introduction

Cosmic rays with energy above 1015 eV have been detected on the Earth since several decades
ago, but there still remain many uncertainties in understanding their properties. In particular,
the properties of cosmic rays beyond 1018 eV, called ultra-high-energy cosmic ray (UHECR),
have not been clarified yet. We do not know much about its chemical composition, the mecha-
nism of its propagation, and thus its astrophysical origin. One reason is that it can be detected
indirectly only with a particle cascade called air-shower, and that we must always care for
systematic errors caused by the air-shower development.

If we try to understand the cosmic rays in a step-by-step way from the Earth side, we must
understand first what the cosmic rays are, i.e., the chemical composition. For its determination,
the maximum depth of the air-shower development is generally used. Recently, a measurement
by Pierre Auger Observatory suggests that the chemical composition of UHECR has a gradual
transition from a light chemical composition (proton) to a heavy one (iron) [1]. However, this
result is different from a result by the HiRes experiment [2]. Furthermore, the depth of the
shower maximum is severely dependent on the hadronic interaction models used in Monte Carlo
simulations for the air-shower development. The models are based on the perturbative QCD,
but they treat the non-linear effects only in phenomenology. Therefore, in order to reduce
the uncertainty in the discussion of the chemical composition, we must reduce first the model
dependence with experimental data obtained in colliders like Large Hadron Collider (LHC).

There are several key quantities for the air-shower development. It starts with the first
interaction of the cosmic ray and a nucleus of the atmosphere, where the inelastic cross section
of the first interaction is important. In LHC the TOTEM experiment has already measured
the inelastic cross section [3]. Then, the energy of the cosmic ray is transferred inelastically
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to secondary particles like baryons and mesons. This secondary particles for forward direction
make following particle cascades. Thus, the amount of transferred energy (inelasticity) and the
energy spectrum of the forward particles are important here. The latter is the main goal of
the LHCf experiment [5]. It measures the spectra of very forward neutral particles (photons,
neutral pions and neutrons) emitted in high energy collisions in LHC. As for the spectrum
of forward pions, available data with the highest energy is that for neutral pions by the UA7
experiment [4] in SPS, whose collision energy corresponds to 1014 eV in cosmic-ray energy. On
the other hand, the LHCf experiment is designed to obtain data with a collision energy of 14
TeV, corresponding to 1017 eV in cosmic-ray energy. Thus, it will be expected to reduce the
uncertainty of the model dependence close to the UHECR energy.

2 The LHCf detector

LHCf is installed at the CERN Large Hadron Collider in Geneva, Switzerland. The LHCf
detector is located at 140m away from Interaction Point 1 (IP1; the ATLAS site) and at zero
degree collision angle. The detector is installed in the instrumentation slots of the neutral par-
ticle absorbers (TAN). Inside the TAN the beam vacuum chamber makes a Y-shaped transition
from a single beam tube facing the IP to two separate beam tubes joining to the arcs of LHC.
The TAN instrumentation slot is in the crotch of the Y. Charged secondary particles from
IP are swept aside by the inner beam separation dipole before reaching TAN, so only neutral
particles are incident on the LHCf detectors. This location covers the pseudo-rapidity range
from 8.4 to infinity. This instrumentation slot exists in each of both sides of IP1, thus we have
two detectors located on opposite sides of IP1, named Arm1 and Arm2.

The overall concepts for the two Arms are the same (Fig. 1). Each of the two LHCf detectors
consists of two small sampling calorimeters and four position sensitive layers inserted into the
calorimeter layers. The calorimeter is made of 16 plastic scintillators sandwiched by tungsten
absorbers, and it has a total length equivalent to 44 radiation lengths, and 1.55 interaction
length. We call the calorimeters small & large towers. The four position sensitive layers are
distributed among the layers of the calorimeters for determining the transverse shower positions.
Arm1 utilizes scintillating fibers as the position-sensitive layers, while Arm2 uses silicon (Si)
microstrip sensors. In addition the geometrical configurations of the two towers for each Arm
are different for the purposes of redundancy and consistency check. In front of each detector,
a Front Counter made of plastic scintillators is inserted. It provides useful trigger information
by covering a larger aperture than the calorimeters. Many additional details of both Arms can
be found in [5].

The detector can identify photons with the two calorimeters. It measures their energy
spectrum beyond 100 GeV with less than 5% energy resolution, and their incident position
with 0.2mm position resolution. If a photon is detected in each of the two calorimeters at the
same time, it is expected to be reconstructed as an event from a neutral pion. This is the main
target of the LHCf detector. Measured spectrum of neutral pions can be used to discriminate
among the hadronic interaction models. Also, hadronic showers of high-energy neutrons can be
measured with energy resolution of about 30%.
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Figure 1: Schematic view of the LHCf detectors (Arm1 on the left, Arm2 on the right). Plastic
scintillators (light blue color) are interleaved with tungsten blocks (dark gray color). Four po-
sition sensitive layers (scintillating fibers in Arm1, dark blue color; silicon micro-strip detectors
in Arm2, purple color) are distributed in each calorimeter.

3 Data acquisition

The current LHCf detector was not designed to be a radiation hard detector. That is because
the model discrimination requires just a short period during the early phase of the LHC com-
missioning before the high luminosity operations. For the LHC operation in 2009 and 2010,
we have obtained data for pp collision with energies of

√
s = 0.9 and 7 TeV. The accumulated

numbers of events are about 100k showers at 0.9 TeV, and about 400M showers at 7 TeV,
corresponding to about 1M neutral pion events, for each of the two Arms. After the operation
for several months, the detectors were removed from the slot in 2010.

In Fig. 2, we show an example of a candidate of a neutral pion event, i.e., one photon for
each tower, obtained by Arm2. We can see sharp peaks from single photon events detected
by the first two layers of the Si microstrip sensors. With the information we can reconstruct
the invariant mass of the photon pairs. It is expected to be around the mass of the neutral
pion (135 MeV) and will be used for an energy calibration. We have also obtained the energy
spectra of the neutral pions for both of the Arms. A preliminary result can be seen in [6].

4 Photon analysis

The first physics result from the LHCf experiment has been published in 2011 [7]. It is dedi-
cated to measurements of the single photon spectrum. Events by neutral hadrons are removed
by a simple criteria based on the longitudinal development of the showers, obtained by the
scintillators. The energy of the remained photons is determined from the same information
on the light produced in the scintillators. We applied corrections to it: for non-uniformity of
light collection efficiency, and for particles leaking out of the edges of the calorimeter towers.
In this corrections we used the lateral positions of showers determined with the information
by the position sensitive layers. The information by the position sensitive layers is also used
to exclude ‘multi-hit’ events that have more than one showers inside the same tower. The two
Arms have different geometrical configurations, thus in this analysis we have selected a common
region for each tower in order to combine the two spectra without any acceptance correction.
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Figure 2: An example of data taken during 2010 operation [7] (a candidate for detection of two
photons from the decay of a neutral pion). The upper two panels show the transition curves
taken by the two calorimeters: the left is by the small tower, while the right is by the large
tower. The lower two panels are the data from the Si microstrip sensors; The upper is the four
x-view data, while the lower is the four y-view data. The identifiable peaks are from the 1st
and 2nd layers, while the data from the 3rd and 4th layers are almost zero.
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Figure 3: Comparison between the measured single-photon energy spectra (black dots) and the
predictions of the following MC codes: DPMJET 3.04 (red), QGSJET II-03 (blue), SIBYLL 2.1
(green), EPOS 1.99 (magenta) and PYTHIA 8.145 (yellow), taken from [7]. Top panels show
the spectra and bottom panels show the ratio of MC results to experimental data. Left and
right panels refer to different pseudo-rapidity ranges. Error bars show the statistical error and
gray shaded areas the systematic error for experimental data. Magenta shaded areas indicate
the statistical error associated to MC simulations.

The region is pseudo-rapidity η > 10.94 and azimuthal range ∆φ = 360◦ for the small towers,
while 8.81 < η < 8.99 and ∆φ = 20◦ for the large towers. Further details about the analysis
can be found in [7].

Figure 3 shows the single-photon energy spectra obtained from a data set taken in pp
collisions at

√
s = 7 TeV in 2010. During the period for the data set, the integrated luminosity is

estimated to be
∫
Ldt = 0.68 nb−1 and 0.53 nb−1 for Arm1 and Arm2, respectively. Multiplying

it with an assumed inelastic cross section σine = 71.5 mb, we derived the number of inelastic
collisions, Nine, on the vertical axis. The black points are the energy spectra obtained by the
combination of the two Arms, and they are compared with results predicted by MC simulations
using different models: DPMJET 3.04[8], QGSJET II-03 [9], SIBYLL 2.1 [10], EPOS 1.9[11]
and PYTHIA 8.145[12, 13]. Left and right panels refer to the selected regions as mentioned
before.

As a result, we see that none of the model predictions nicely describe the LHCf data in
the whole energy ranging from 100 GeV to 3.5 TeV. In particular there is a big discrepancy in
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high energy region. Discussions about this result with the model developers have been already
started. Improvements of the hadron interaction models are expected in near future.

5 Future prospects

Now we are working for the following analyses for topics such as neutral pions, 900 GeV photons,
and Pt distribution of photons and hadron spectra at 7 TeV collisions. At the same time, we
are preparing for foreseen data acquisitions with the proton-ion collision in 2012, and the pp
collisions at

√
s = 14 TeV in 2014. A higher luminosity is expected for the 14 TeV runs than

that in the 7 TeV runs. Thus we are planning a hardware upgrade of the plastic scintillators
and the scintillating fibers to ones made of Gd2SiO5 (GSO), which are more radiation-hard
than the plastic scintillators. The radiation hardness of the GSO scintillator was measured in
a test beam, and we confirmed that it has properties good enough for our use [14].

Another upgrade is planned for the Arm2 detector. The current configuration of the Si
microstrip sensors distributed in the plastic scintillators are not optimized for an energy recon-
struction using the Si sensors. If we change the configuration, an improvement of the energy
resolution only with the Si is expected, by a MC study, to be less than 10%. However, the
Si sensors were originally not considered as a calorimeter, thus we require additional work for
them. The first is the gain calibration using the test beam data and a MC simulation for the
same configuration. We have obtained a gain factor from ADC counts to the energy deposit on
the Si sensors. Then the incident particle energy can be reconstructed from the energy deposit,
using a function obtained by a simulation for LHC configuration. A preliminary result with a
MC data set shows that the energy resolution for photons is ∼15 % up to 1.5 TeV [15]. When
the Si sensor is used as a calorimeter, it would help not only the calorimetry of the scintilla-
tors, but also a separation of the ‘multi-hit’ events, which could not be resolved only by the
scintillators.

6 Conclusions

LHCf is a collider experiment dedicated for the cosmic-ray physics. It measures the energy
spectrum of very forward particles generated in pp collisions in LHC. Its aim is to minimize
systematic errors in air-shower simulations used in ultra-high-energy cosmic-ray experiments.
In this paper we briefly surveyed our detector and the current status of the experiment. We have
already done the data acquisition for pp collisions at

√
s = 7 TeV, and removed the detectors.

The obtained photon spectra are not well described by the MC expectations, especially in
high energies. Now we are working for following analyses and foreseen detector upgrade. The
prospects about the hardware upgrade were also shown in this paper.
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This report will present a brief overview of some of the exciting experimental results pre-
sented at the 3rd International Workshop on Multiple Partonic Interactions at the LHC -
MPI@LHC 2011. The experimental results presented at the conference included some of
the most recent measurements from the LHC experiments as well as results from Tevatron
and HERA collaborations.

1 Introduction

The Large Hadron Collider (LHC) is successfully colliding particles at the energy frontier and
will remain the prime international facility for high energy physics research for the next decades.
The main purpose of LHC is the study of the fundamental laws of Nature at very high energies.
Besides the search for the elusive Higgs boson, the last missing piece of the Standard Model
(SM) of Particle Physics, the LHC is also investigating the existence of new particles and
interactions.

Recent studies on Higgs and beyond the Standard Model (BSM) searches with LHC data
have not yet produced conclusive evidence proving the existence of new physics. Nevertheless,
these searches reveal a common feature in the attempt to separate candidate signals from
the background: the complex structure of the underlying interactions produced alongside the
candidate processes of interest.

Protons, and indeed all hadrons, are made of quarks and gluons, collectively known as
partons. When protons collide at high energies, their partonic constituents may undergo head-
on collisions. The higher the energy involved in a proton-proton collision, the greater is the
probability that a parton from one of the incoming protons will scatter off a parton from the
other proton. The record high energies in proton-proton collisions at the LHC lead to an
increased probability that not only one but multiple parton-parton interactions may take place
in each proton-proton collision. The production of rare signals at the LHC will typically be
accompanied by and correlated to several parton-parton interactions taking place in the same
proton-proton collision.

This underlying structure of partonic interactions present in hadronic interactions has not
been fully understood yet and early LHC results have shown that simulation models cannot
satisfactorily predict many of their features either. It is known, however, that multiple partonic
interactions (MPI) account for much of the underlying event associated to the production of
highly energetic particles as well as to the direct background in many searches for new physics.
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The MPI are experiencing a growing popularity and are currently widely invoked to account
for observations that would not be explained otherwise: the global properties of particle pro-
duction in proton-proton collisions at the LHC, the cross sections for multiple heavy flavour
production, the survival probability of large rapidity gaps in hard diffraction, etc. At the same
time, the implementation of the MPI effects in the simulation models is quickly proceeding
through an increasing level of sophistication and complexity that, in perspective, achieves deep
general implications for the LHC physics.

Measuring the properties of multiple partonic interactions will be crucial to understand the
challenging environment present in LHC collisions, hence the relevance of these studies and the
discussion of their results in forums like the MPI@LHC workshop series.

This report will briefly review and introduce some of the experimental results presented at
the 3rd International Workshop on Multiple Partonic Interactions at the LHC - MPI@LHC
2011, which took place at DESY, Hamburg. Further details on individual results, including
technical details and extended discussion on the physics results, can be found in the contribu-
tions published in this proceedings.

2 Experimental results presented at MPI@LHC 2011

The global properties of high-energy proton-proton collisions are deeply correlated with the
dynamics of multiple partonic interactions. The rise in the total proton-proton cross-section
(σtot) as a function of the centre-of-mass energy (

√
s) can be associated with the rise in multiple

partonic interactions. The TOTEM Collaboration presented their measurements of the total,
elastic and inelastic proton-proton cross-sections at

√
s = 7 TeV (fig. 1). They measured

σpptot(
√
s = 7 TeV) = 98.3 ± 0.2 (stat) ± 0.8 (syst) mb and σppel (

√
s = 7 TeV) = 24.8 ± 0.2

(stat) ± 1.2 (syst) mb, from which they derived σppinel(
√
s = 7 TeV) = σtot - σel = 73.5 ±

0.6 (stat) ± 1.8 (syst) mb. Their results confirm the expected rises in σtot and σinel with the
centre-of-mass energy and further support models predicting an increase in the MPI activity at
the LHC compared to previous hadron colliders.

The diffractive component of the inelastic cross-section was also discussed in several presen-
tations at the workshop. Newman made an extensive review of diffraction and multiple partonic
interactions.

Single and double diffraction are important components of the hadronic inelastic interac-
tions. Among other applications, determining the exact fraction of diffraction is important for
phenomenology models which rely on the non-diffractive inelastic cross-section to parameterize
the rate of MPI in hadron collisions. Results from the ALICE Collaboration measured at differ-
ent centre-of-mass energies were discussed and showed to agree with previous data from CERN
SPS experiments as well as with a wide range of model predictions (see Newman’s contribution).

The differential pseudorapidity (η) gap cross-section measurement made by ATLAS was also
discussed by Newman (see fig. 2). Through this measurement one is able to study the impact
of MPI and hadronisation fluctuations on small gaps (small ∆ηF ). There are considerable
variations between Monte Carlo (MC) model predictions for small gap production which is
associated with the fluctuations in predictions for the underlying event and MPI rates. The
cross-section measurement for large gap values probes the single diffractive cross-section.

Multiplicity distributions were extensively discussed by all LHC collaborations (see, for
example, contributions from Leyton, Bansal, Grosse-Oetringhaus and Volyansky). Similar con-
clusions regarding fluctuations in the prediction of multiplicity spectra can be obtained from
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Figure 1: Total (σtot), inelastic (σinel) and elastic (σel) cross-section as a function of
√
s.

Further details in contribution from Österberg in this proceedings.

(a) (b)

Figure 2: Inelastic cross section differential in forward gap size ∆ηF for particles with pT >
200 MeV. The shaded bands represent the total uncertainties. The full lines in (a) show the
predictions of PHOJET and versions of PYTHIA 6 and PYTHIA 8. The dashed lines in
(b) represent the contributions of the non-diffractive (ND), single diffractive (SD) and double
diffractive (DD) components according to PYTHIA 8.

these studies: phenomenology models employing MPI cannot adequately describe very low mul-
tiplicity events, typically dominated by soft particles (low pT particles) and highly influenced
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by diffractive interactions nor the high multiplicity tails of multiplicity distributions, usually
associated to events containing hard particles (high pT particles) and (semi-) hard multiple
partonic interactions.

New results on particle correlations as well as attempts to model these observables have
been presented at the workshop. These studies further extend the reach of physics effects one
can investigate in order to assess the impact of MPI in different regions of the phase-space.
Measurement of two-particle angular correlations (see fig. 3) and on the azimuthal ordering of
charged hadrons (fig. 4) reveal interesting features which current phenomenology models still
cannot describe properly.12 7 Long-Range Correlations in 7 TeV Data
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Figure 7: 2-D two-particle correlation functions for 7 TeV pp (a) minimum bias events with
pT > 0.1 GeV/c, (b) minimum bias events with 1 < pT < 3 GeV/c, (c) high multiplicity
(Noffline

trk � 110) events with pT > 0.1 GeV/c and (d) high multiplicity (Noffline
trk � 110) events

with 1 < pT < 3 GeV/c. The sharp near-side peak from jet correlations is cut off in order to
better illustrate the structure outside that region.

of particles and, therefore, has a qualitatively similar effect on the shape as the particle pT cut
on minimum bias events (compare Fig. 7b and Fig. 7c). However, it is interesting to note that
a closer inspection of the shallow minimum at Df ⇡ 0 and |Dh| > 2 in high multiplicity pT-
integrated events reveals it to be slightly less pronounced than that in minimum bias collisions.

Moving to the intermediate pT range in high multiplicity events shown in Fig. 7d, an unex-
pected effect is observed in the data. A clear and significant “ridge”-like structure emerges
at Df ⇡ 0 extending to |Dh| of at least 4 units. This is a novel feature of the data which has
never been seen in two-particle correlation functions in pp or pp̄ collisions. Simulations using
MC models do not predict such an effect. An identical analysis of high multiplicity events in
PYTHIA8 [34] results in correlation functions which do not exhibit the extended ridge at Df ⇡0
seen in Fig. 7d, while all other structures of the correlation function are qualitatively repro-
duced. PYTHIA8 was used to compare to these data since it produces more high multiplicity
events than PYTHIA6 in the D6T tune . Several other PYTHIA tunes, as well as HERWIG++ [30]
and Madgraph [35] events were also investigated. No evidence for near-side correlations cor-
responding to those seen in data was found.

The novel structure in the high multiplicity pp data is reminiscent of correlations seen in rel-
ativistic heavy ion data. In the latter case, the observed long-range correlations are generally

Figure 3: Two-particle angular correlations measured for various kinematic selection cuts for
proton-proton collisions at

√
s = 7 TeV by the CMS collaboration. These measurements have

inspired modifications in the implementation of MPI in some MC models. Further details in
contribution from Basal and Alderweireldt in this proceedings.

The underlying event (UE) was also object of several presentations. The ALICE collabo-
ration, amongst various interesting results, showed measurements for the transverse sphericity
which indicate that data events are more spherical than MC, particularly for selection cuts
focused on high multiplicity events. This suggests there is a higher MPI activity in data than
what is currently generated in MC simulations (see contribution from Grosse-Oetringhaus in
this proceedings). Comparisons between the rise in charged particle densities for minimum bias
and underlying event as a function of the centre-of-mass energy were also presented by ALICE
and highlight the crucial role played by MPI in these two classes of measurements (fig. 5): the
rise in charged particle density in the UE is steeper that that seen in minimum bias indicating
that MPI activity is higher in the former compared to the latter. ATLAS and CMS report
similar results.

Knutsson presented an overview of several H1 and ZEUS measurements which investigate
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(a) (b)

Figure 4: Spectral analysis of correlations between the longitudinal and transverse components
of charged hadrons. Power spectrum Sη for the azimuthal ordering of charged hadrons measured
by ATLAS for two selection cuts: (a) low-pT enriched and (b) low-pT depleted sample. Further
details in contribution from Leyton in this proceedings.

20 The ALICE Collaboration
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Figure 5: Comparison of number density in the plateau of the transverse region and dNch/dη
in minimum bias events (scaled by 1/2π). Both are for charged particles with pT > 0.5 GeV.
Further details in contribution from Grosse-Oetringhaus in this proceedings.

the role of MPI in electron (or positron)-proton collisions at HERA. Recent studies on charged
particle distributions and mini-jet production in photoproduction events were discussed and
highlight, yet again, the relevance of MPI in the interpretation of their results. For example,
fig. 6 shows the charged particle flow in photoproduction measured by H1. It is clear from the
comparison between data and MC predictions that an adequate description of the data requires
the inclusion of MPI in the MC models.

The D0 collaboration reported on their direct measurements of multiple partonic interactions
which included results for double-parton scattering (DPS) as well as triple-parton scattering
(TPS). Golanov presented their results for the measured fractions of DPS and TPS events which
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Charged Particle Flow in Photoproduction

Figure 6: Charged particle flow in photoproduction: comparison between data and MC for
various angular regions. Further details in contribution from Knutsson in this proceedings.

vary as a function of the second leading jet pT (pjet2T ). The DPS fraction in γ+2 jets was 11.6%

for events with 15 GeV< pjet2T < 20 GeV and drops to 2.2% for 25 GeV < pjet2T < 30 GeV.
The TPS fraction in γ + 3 jets, which was determined for the first time, was 5.5% for events
with 15 GeV< pjet2T < 20 GeV and drops to 0.9% for 25 GeV < pjet2T < 30 GeV. The measured
effective cross-section (σeff ) was σeff = 16.4 ± 0.3(stat) ± 2.3(syst) mb, which is comparable
to a similar measurement done by the CDF collaboration.

The first result on direct measurement of DPS at the LHC was presented by the ATLAS
collaboration. Investigating W+2 jet event topologies from proton-proton collisions at

√
s=7

TeV they were able to measure the fraction of DPS in their sample (fDPS) as well as σeff .
Dobson reported the following results: fDPS = 0.16 ± 0.01(stat) ± 0.03(syst) and σeff =
11± 1(stat)± 3(syst) mb.

3 Outlook

Measurements exploring several aspects of multiple partonic interactions were discussed at the
3rd International Workshop on Multiple Partonic Interactions at the LHC - MPI@LHC 2011.
These results add to the growing body of evidence showing the impact of MPI on the QCD
dynamics in high-energy collisions involving partonic initial states. Many of these results also
challenge our current phenomenology used to describe the complex nature of QCD interactions
at the LHC.
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Figure 7: The centre-of-mass
√
s dependence of σeff extracted in different processes in different

experiments, for an energy range between 63 GeV and 7 TeV. Further details in contribution
from Dobson in this proceedings.

The future outlook for the continuation of these discussions looks very exciting and will
certainly rely on new results expected to be published by the LHC collaborations in the coming
months. These will include further measurements on correlations in particle production in
inelastic events, underlying event measurements in different systems and with new observables
(Drell-Yan and jet area studies, for example) and direct measurements of MPI processes.
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1 Introduction

In recent years it has been more and more realized that multiple interactions play an important
role for the analysis of hadron-hadron collisions. This applies to the structure of the underlying
event and, most important, to the calculation of inclusive cross sections: corrections due to
multiple interactions may represent an important background in the search for new physics. The
analysis of multiple jet events at the Tevatron (also confirmed by HERA data) has clearly shown
that double chains are at work. It is expected that, at the LHC, the number of participating
chains may become quite sizable.

For inclusive cross sections it may be useful to recapitulate the simplest master formulae:
the usual collinear factorization scheme leads to

dσ =
∑

i1i2

∫
dx1dx2fi1(x1, µ)dσ̂i1i2→2 jet(x1, x2, µ;p1, Y1,p2, Y2)fi2(x2, µ). (1)

But in certain kinematic regions it also receives corrections from the two chain configuration:

dσDP =
m

σeff

∑

i1,j1,i2,j2

∫
dx1dy1dx2dy2Hi1j1(x1, y1;µa, µb; ~∆)

dσ̂i1i2→ jet(x1, y1, µa;p1, Y1)dσ̂j1j2→jet(y2, y2, µb;p2, Y2)Hi2j2(x2, y2;µa, µb; ~∆). (2)

(further explanations are given below, see Fig.1). For the double parton densities Hij often a
simple factorizing ansatz is used:

Hij(x1, x2;µa, µb; ~∆) = fi(x1, µa)fj(x2, µb). (3)

During this meeting important contributions have been presented which lead to much deeper
insight into the theory behind (2) and, more general, into the theory of multiple interactions and
their importance in high energy hadron collisions. There following comments will summarize a
few of them, without any claim of completeness. The first section lists a few recent studies of
the magnitude of corrections due to multiple interactions. The second part summarizes results
of a few recent studies devoted mainly to the hard scattering matrix elements inside the double
parton cross section. In a third section a few comments will made about the evolution of
double parton densities. Finally, a few comments on open questions of the theory of multiple
interactions, in particular related to rapidity gap final states,
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2 Evidence for the presence of multiple interactions

For the analysis of experimental data it is important to address individual processes and inves-
tigate the size of corrections due to double parton scattering. A candidate for exhibiting the
presence of double parton scattering is the production of same-sign W pairs [1, 2]. The paper
[2] concludes that a small excess of events due to double parton scattering could be observed at
the LHC. Particular attention is also given to the evolution of double parton densities: using
evolution equations [3] which contain additional parton splitting processes and thus go beyond
the simple ’double DGLAP’ factorization ansatz (3), the authors observe novel and nontrivial
kinematic correlations between the produced W bosons. Double Drell Yan production with two
opposite side lepton pairs has been investigated in [4, 5].

A very promising class of processes is the double heavy meson production, in particular,
double J/Ψ production [6],[7]. Ref. [6] makes a simple factorizing ansatz for the double parton
cross section and shows, in a histogram of the mass distribution of the J/Ψ-pair, the need to
include the double parton cross section. Ref. [7] estimates the integrated cross section and
concludes that the double parton contribution is almost of the same order (2.0nb) as the single
parton cross section (4.15nb). Both groups of authors argue that the observed LHCb cross
section strongly supports the presence of double parton scattering.

Other processes for which double parton cross sections have been calculated include bb̄jet jet
[8], and Wbb̄ production [9, 10]. In particular, when plotting event rates as functions of variables
which discriminate between single and double parton scattering, e.g.

SpT =
1√
2

√( |pT (b1, b2)|
|pT (b1)|+ |pT (b2)|

)2

+

( |pT (l, ν)|
|pT (l)|+ |pT (ν)|

)2

(4)

one observes a fairly clear separation between single and double parton density contribution:
double parton scattering prefers small values of this variable (pair-wise balancing). Also, 2-
dimensional plots are useful for illustrating the separation of double and single parton scattering.
The Wbb̄ final states attracts interest, since it is a background for Higgs production in the HW±

mode.
With the experience obtained by these studies of individual processes it will be important

to now perform dedicated studies of the final states relevant for new physics, e.g. the Higgs
channels γγ, WW , or ZZ.

3 Theory of multiple interactions

After the pioneering investigations of Treleani et al.[11, 12, 13, 14] recently several new efforts
have been made to develop a QCD-based theory of multiple interactions [15, 16, 17] , [18, 19,
20, 21, 22].

An important point stressed by several of these papers is the structure of double parton
interactions in transverse coordinates or transverse momenta (Fig.1). A particular aspect can
be read off from Fig.1a: the double parton densities above and below the production vertices
depend upon the additional momentum transfer ~∆ (cf.eq.(1)): the neglect of this dependence,
as it is done in the factorization approximation (3), looses this information. In transverse
coordinates (Fig.1b) this means that part of the transverse dependence is washed out.

Apart from the momentum (coordinate) dependence, the general analysis of multiple in-
teractions shows nontrivial structures in color and spin. For example, in Fig.1a the partons
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Figure 1: the transverse structure of double parton scattering: (a) transverse momenta (b) in
the transverse coordinate plane

with momenta k1 and k1 + ∆ do not have to be in a t-channel color singlet state (as it is
assumed in the factorization ansatz). The detailed account of correlations in color and spin
may lead to interesting observable effects. As an example, in double Drell Yan production, it
has been pointed out that there are interesting transverse correlations in the azimuthal angular
distributions of the final states.

An important issue is the momentum suppression of multiple interactions relative to single
parton scattering. In Fig.1 the large momentum scales are given by the momenta q212 ∼ q234 ∼
Q2. The overall scaling behavior of the differential double scattering cross section is ∼ 1/Q4Λ2,
similar to the production in a single hard scattering. Therefore, in the fully differential cross
section, multiple hard interactions are not power supposed. The situation changes if one inte-
grates over the transverse momenta ~q12 and ~q34: in double scattering processes both produced
momenta result from transverse parton momenta and are limited to size Λ, whereas in single
hard scattering processes the individual transverse momenta can be large while their sum is of
order Λ. Therefore, after integration over the transverse momenta one has the scaling results
∼ Λ2/Q4 and ∼ 1/Q2 for double and single parton scattering, resp. , i.e. double parton scat-
tering becomes higher twist. In more detail one finds that, in multijet final states, there exist
special kinematic regions (’back to back kinematics’) where multiple scattering has little or no
suppression relative to single parton scattering.

A theoretical issue that has come up with the derivation of multiple parton cross sections
is the role of the splitting of one parton into two partons (Fig.2). Whereas some authors
have viewed this splitting as an additional contribution inside the double parton evolution (see
below), it has also been argued that the contribution shown in Fig.2 should be viewed as a loop
correction to the subprocess: 2 partons → 2 gauge bosons in single parton scattering.
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Figure 2: parton splittings

4 Theory of the evolution of multiparton correlators

As it has been said before, in phenomenological applications double parton densities are often
assumed to factorize (cf.(3)), and consequently their evolution follows the ’double DGLAP’
scheme. But as we already said, this approximation neglects correlations which may have also
numerical significance. As to the general theory of multiparton evolution, we first remind that
there exist two different approaches: one is based upon the evolution of quasipartonic higher
twist operators in deep inelastic scattering [23] and can be viewed as an extension of the DGLAP
leading twist framework. There exist no factorization theorems for multiparton correlators.
The other one uses the BKP equations [24] and applies to small-x values; it is the extension
of the BFKL equation to more than two t-channel gluons. This small-x framework allows the
application of the AGK counting rules [25] which, among other predictions, also proves the
absence of soft rescattering corrections in single or double inclusive cross section formulae. In
the so-called double logarithmic approximation the two schemes overlap. Both schemes contain
transitions from two to four partons (gluons) and, within four-partons t-channel states, the sum
over pairwise interactions (Fig.3). The factorization ansatz corresponds to Fig.3b: it contains
two noninteracting color singlet ladders with zero momentum transfer. In configuration space
the production subprocesses from these two chains are completely uncorrelated.

In [3] a modified evolution scheme has been investivated in more detail: the evolution
equations contain an additional term which accounts for the splitting of a single partons into
two partons (Fig.2) (see also [26]). In more recent papers [28, 27] the splitting kernel illustrated
in Fig.3e has been taken into account. The numerical study contained in [2] reports that this
additional term in the evolution equations leads to observable correlation effects.

A slightly different step beyond the double DGLAP approximation is taken in [29]: in
addition to the evolution of the two noninteracting ladders (14) and (23) in Fig.3b one can have
a ’recombination’ to two other ladders, e.g. the pairs (13) and (24) (Fig.3c). The numerical
investigation in [30] which includes such ’switches’ finds large correlation effects which again
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Figure 3: schematic view of evolution kernels in multiparton states

emphasizes the need to go beyond the factorizing approximation.

So far the discussion has been about small numbers of different parton chains. Large numbers
of chains are expected to appear in the context of saturation, where the evolution of gluon den-
sities is determined by number-changing kernels (Fig.3f). As an example, the recently observed
ridge effect in pp collisions [31] has stimulated the idea [32, 33] that the observed characteristics
(high multiplicity, long range rapidity correlation and azimthal correlations, momentum scale
in the region of the saturation scale) can be attributed to saturation. Interestingly, within the
interpretation given in [32, 33] the two gluon correlators enter in a combination which resembles
the ’recombination’ mentioned before.

5 Diffraction

One of the aspects of multiple interactions which needs more attention is the account for final
states with large rapidity gaps inside the underlying event. On the partonic level, large rapidity
gaps occur if color singlet exchanges are included; radiation of partons from single parton chain
tends to lead to small rapidity intervals. It is instructive to review the situation at HERA.
Fig.4a illustrates the ’normal’ event structure, where radiation from the single gluon or quark
line produces final states without large rapidity separations. The momentum scale Q2

0 separates
the perturbative (hard) part from the nonperturbative (soft) part. Large rapidity gaps, however,
may occur inside the proton remnants, mediated either by soft Pomeron exchange (Fig.4b) or
by two gluon exchange (Fig.4c). The first case belongs to soft diffraction (characterized by
momentum scales up to Q2

0), the latter one to semihard diffraction (up to momenta of the
order Q2

1 > Q2
0). It is clear that Fig.4b is part of Fig.4a (and must not be added separately),

whereas Fig.4c has to be counted as an additional contribution (potentially of higher twist, e.g.
diffractive vector meson production). For the evolution above the initial scale Q2

0 (Fig.4b) or
Q2

1 (Fig.4c) one has the usual DGLAP evolution equations.

Turning to hadron hadron scattering the situation changes drastically. For single chains
(Fig.5a) soft diffraction is contained inside the initial conditions (Figs.5b) whereas semihard
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diffraction needs to be included separately (Fig.5c). But it is known that these contributions
are suppressed by radiation from additional chains (Fig.5d). As a result, in pp scattering the
number of events with rapidity gaps is suppressed in comparison with deep inelastic scattering.
This suppression is commonly encoded in the ’suppression factor’ (Fig.5e). The consistent
implementation of diffractive final states into event generators represents an important challenge
for the near future.

Turning to diffractive cross sections, there is no consistent theory. But empirically cross
section formulae can often, to a good approximation, be factorized into a hard and a soft part
(Fig.5e); physically this corresponds to taking into account only low mass states between the
rescattering and the hard process and thus neglecting so-called enhanced contributions. For
the very interesting case of double diffractive Higgs production the question has been raised
whether the factorization into a hard subprocess (gluon-gluon fusion into a Higgs particle) and
a soft survival factor is a represents an adequate approximation, but no conclusive answer has
been found.

6 Conclusions

This conference has shown that multiparton interactions represent a challenge, both for im-
proving our theoretical understanding and for consistently implementing multiple interactions
into event generators.

Acknowledgements: Helpful discussions with Markus Diehl are gratefully acknowledged.
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This contribution summarizes recent developments in modeling multiple parton interac-
tions within Monte Carlo event generators. We will review few selected topics driving
current research in the field and address open questions.

1 Introduction

Monte Carlo event generators are indispensable tools for describing fully exclusive final states at
collider experiments. In hadron collisions, multiple parton interactions not only play a crucial
role in driving phenomena such as the underlying event, but are the key ingredient to modeling
the ‘average’ (inelastic) hadron collision, commonly referred to as minimum bias physics.

Besides being of interest on its own, the underlying event impacts on all final states observed
at the LHC and thus requires a sound understanding to identify the hard physics of interest;
an accurate modeling of minimum bias physics is needed to simulate pile-up, multiple collisions
during one bunch crossing.

Starting from simple parameterizations of the underlying event activity as measured by the
UA5 experiment, more sophisticated models based on eikonalized cross sections have been de-
veloped. These models have received tremendous improvements over recent years, particularly
towards the inclusion of soft underlying event activity, taking into account correlations between
longitudinal and transverse structure inside the colliding hadrons, as well as an equivalent
reformulation in terms of secondary scatters competing with initial state radiation.

Diffractive contributions to inelastic scattering have so far been treated mostly independent,
but efforts are now underway to setup a unified framework including cut and uncut chain
contributions on equal footing.

Besides these traditional models, independent approaches have set out to describe underlying
event and minimum bias physics motivated by BFKL evolution. Most prominently, event
generators are available incorporating CCFM evolution of initial state partons, as well as the
dipole formulation of BFKL.

In this summary, we will first focus on developments within the class of eikonal models, as
presented at this workshop and then briefly address BFKL motivated approaches. We will close
with a selection of open questions before drawing general conclusions.

2 Eikonal approaches

Most of the established models for the description of inimum bias and underlying event physics
are based on the eikonal ansatz of unitarized total cross sections. These approaches have
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been implemented in a variety of different model assumptions in all of the multi-purpose event
generators used at LHC and previous hadron collider experiments.

Within the eikonal approaches of multiple partonic interactions, the connection to hadroniza-
tion models seems to be crucial. Particularly, the color structure assigned to a sequence of
several scatterings including subsequent radiation by parton showering does typically not seem
to generate final states minimizing the energy of hadron progenitors, i.e. string pieces or clus-
ters. The effect of these configurations can readily be recognized in predicting too much and
mostly too forward hadronic activity. Most eikonal models are thus supplemented by a model
of color reconnection, describing nonperturbative exchange of color charge such as to minimize
the overall string length or sum of cluster masses. Driven by few parameters which need to be
tuned to data, very reasonable descriptions of underlying event and minimum bias data can be
achieved by including these models. Recent developements in this area, particularly statisti-
cal models for colour reconnection, have been discussed by Stefan Gieseke and Peter Skands.
Tuning efforts which are required to fix the parameters of these models from data, showing the
huge impact of colour reconnection on a sensible description of minimum bias and underlying
event data have been presented by Deepak Kar and Andrzej Siodmok.

A crucial ingredient to all eikonal models of multiple parton interactions is the assumption
on the quark and gluon distribution in the proton as a function of transverse degrees of freedom
(impact parameter) and the longitudinal momentum fraction carried by each parton. The basic
assumption is that the distribution factorizes into a transverse and a longitudinal contribution.
This simple assumption does indeed seem to work very well, though there is no first-principle
mechanism which would ensure its validity. Indeed, on very general grounds, it is expected
that the width of the transverse distribution of partons will grow logarithmically with smaller
momentum fractions. A model along these lines and its implementation in Pythia has been
outlined by Peter Skands.

Closely connected to the modelling of the matter overlap of two colliding hadrons are poten-
tial explanations of the so-called ridge effect. CMS has reported the measurement of two-particle
correlations as a function of the event multiplicity and track transverse momenta. Besides the
known behavior of the measured correlation function, a new feature of long-range (in rapidity),
near-side (in azimuth) correlations has been observed in events with high multiplicity and mod-
erate p⊥ ∼ 2GeV. A similar behavior has been observed in heavy ion collisions at RHIC, but
not so far in pp collisions. The effect is not reproduced by any Monte Carlo simulation avail-
able so far. Sara Alderweireldt has presented a possible solution to explain this effect within
the framework of multiple interactions. In a modified version of Pythia, additional azimuthal
correlations have been introduced as a function of impact parameter, where a preferred plane is
emerging in more peripheral collisions. A new tune has been required to still give an acceptable
description of minimum bias and underlying event data, and the model indeed reproduces the
‘ridge effect’ at least qualitatively.

The description of diffractive contributions has so far been treated mostly independent of
the eikonal models for multiple partonic interactions. Diffractive event generation is up to now
rooted in the Ingelmann-Schlein model, assigning a partonic substructure to a pomeron along
with appropriate parton distribution functions, which have been obtained from e.g. diffractive
events measured at HERA. Additional gap survival factors need to be included to arrive at a
reasonable description of diffractive events. Physically, the different diffractive, non-diffractive
and elastic contributions can and should be treated on equal footing, though: they correspond
to different cuts of diagrams contributing to the total cross section. Frank Krauss presented
first steps towards a minimum bias simulation based on this motivation, more precisely on the
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model of Khoze, Martin and Ryskin. While there are many open issues until this simulation
can be regarded a full-fledged model including the underlying event physics, first comparisons
to minimum bias data look promising.

Event generators which are based on a Regge-physics picture right from the start are mainly
used in the description of cosmic ray physics, but now receive increasing attention for hadron
colliders, as well. Within this context, recent improvements to the DPMJET generator have
been discussed by Fritz Bopp.

3 BFKL motivated approaches

At high energies, where the parton densities become large and where multiparton interactions
can be expected, the longitudinal momentum fractions x at which the hard processes occur,
can reach very small values, and deviations from the collinear DGLAP type evolution can be
expected. The amount of multiparton interaction, which is needed to describe experimental
measurements depends on the amount of activity from a single interaction and on the size of
the parton distribution function. Thus one can expect, that a small x improved parton shower
would imply a different contribution from multiparton interactions. This has been discussed in
the contribution of F. Hautmann. The inclusive jet production at Tevatron and LHC energies
is reasonably well described using unintegrated gluon distributions together with the g∗g∗ → g
process as discussed by V. Saleev. A reasonable description of also low pt particle production
at LHC energies is obtained by a gluon density which includes saturation effects (G. Lykasov).
The small x behavior of the parton distribution is studied in a analytical way by A. Kotikov.

Not only a different parton evolution might play a role at highest energies, also parton
recombination and saturation effects as well as diffractive interactions must appear, as predicted
and described by the AGK rules (see the contribution by J. Bartels). The small x BFKL
evolution can be described by the dipole picture of A. Mueller, which allows an extension
to include also recombination effects (swing) as well as color singlet exchanges (diffraction),
as described by the Lund Dipole Model and its Monte Carlo implementation DIPSI. This
approach is successful describing diffractive processes from HERA as well as minimum bias and
multiparton interaction processes at LHC, as discussed in the contribution by L. Lönnblad.

4 Open questions

The implementation of multiparton interactions in Monte Carlo event generators does not yet
include small x improved parton showering, nor does it include saturation and recombination ef-
fect. However, using the DGLAP based collinear parton shower with the concept of multiparton
interactions gives a surprisingly good description of experimental measurements.

• Can effects expected from small x evolution, like the energy and rapidity dependence of
forward-backward jets (Mueller Navelet jets) be mimicked by multiparton interactions ?
Is there a way to tell the difference ?

• Where is the signal from (soft as well as hard) diffractive processes, which must be present
in multiparton interactions, seen ? Is the so-called ”gap-survival” probability just a con-
sequence of multiparton interactions ? Where do diffractive parton densities, as measured
at HERA, play a role ?
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• Is there a difference in the hadronic final state from a scenario with a BFKL like parton
density, which needs saturation, compared to a parton density which has a less steep
energy dependence ?

• Where is a signal from interfering multiparton ladders, apart from a schematic description
of the Ridge effect in pp ?

• Where is the tension between a description of min-bias data and a description of the
underlying event data coming from ? Does this indicate limitations of the present models
of multiparton interactions ?

• How is the color distributed between different multiparton ladders ? Is color reconnection
a effective parameterization of diffraction ?

• etc.

5 Conclusions

Many new and interesting measurements from LHC, HERA and Tevatron have been presented,
which are in general reasonably well described by adjusting free parameters in the models of
multiparton interactions. However, several questions on the consistency of the multiparton
interaction approach have been raised. The measurements at LHC have reached a level of
precision, that more fundamental questions can be addressed. The measurements and the
model description has already after 2 years of LHC running reached a level comparable to what
was achieved at the Tevatron. The much larger energy and the much larger fiducial coverage
of the LHC detectors allow further measurements which can constrain the models much better
and eventually lead to a understanding of the high energy behavior of hadronic interactions.
The high energy behavior of hadronic cross sections is of fundamental importance: without
multiparton interaction, saturation and diffraction, the hadronic cross section would increase
to fast, leading to unitarization problems, similar to what happens with the longitudinal part of
WW scattering without a Higgs. However, the unitarization problem of hadronic interactions
is of much higher relevance, as the hadronic cross section domiates the interaction with matter.
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