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ABSTRACT: To predict the jet mass spectrum at a hadron collider it is crucial to account
for the resummation of logarithms between the transverse momentum of the jet and its
invariant mass my. For small jet areas there are additional large logarithms of the jet
radius R, which affect the convergence of the perturbative series. We present an analytic
framework for exclusive jet production at the LHC which gives a complete description
of the jet mass spectrum including realistic jet algorithms and jet vetoes. It factorizes
the scales associated with mj, R, and the jet veto, enabling in addition the systematic
resummation of jet radius logarithms in the jet mass spectrum beyond leading logarithmic
order. We discuss the factorization formulae for the peak and tail region of the jet mass
spectrum and for small and large R, and the relations between the different regimes and
how to combine them. Regions of experimental interest are classified which do not involve
large nonglobal logarithms. We also present universal results for nonperturbative effects
and discuss various jet vetoes.
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1 Introduction

The field of jet substructure has continued to expand over the past few years, providing
valuable tools to study processes in the challenging environment at the LHC [1-3]. This
is e.g. due to the fact that massive resonances (top quarks, W bosons, etc.) which may be
part of a new physics signal are often boosted and the discrimination of their collimated
decay products from QCD jets critically relies on jet substructure techniques. This field
has flourished due to the excellent performance of the ATLAS and CMS detectors and
the development of new substructure techniques. Theoretically one has to predict the
dynamics and distribution of radiation inside jets produced by different particles. Most
theoretical studies still rely strongly on Monte Carlo parton showers, which are limited in
their precision. However, there has been a recent push to developing analytic frameworks
which provide theoretical uncertainties and put predictions on a firmer footing. Such
calculations may also suggest ways to improve observables, see e.g. refs. [4—6]. While the
description of jets originating from the decay of highly boosted massive particles (e.g. for
pp — Z(— £0)Z(— 1jet)) can be carried out to high precision with standard methods (see
e.g. ref. [7]), the associated process with the jet originating from color-correlated emissions
(e.g. for pp — Z(— ££) + 1 jet) is much more difficult to handle analytically.

A basic and important benchmark observable for studying the radiation inside a jet is
the invariant mass mj of a jet, given by the square of the total four-momentum of the jet
constituents, m?] =D ics pt )2. The jet mass spectrum provides key information about the
influence of Sudakov double logarithms and soft radiation in a hadronic environment and
in particular probes the dependence on the jet algorithm and jet size R, color flow, initial
and final state partonic channels, hadronization, and underlying event. The best sensitivity
to these effects comes from studying jets in their primal state, without using jet-grooming
techniques to change the nature of the jet constituents. While useful for tagging studies,
jet grooming fundamentally changes the nature of the jet mass observable, and is known
to reduce its utility as a probe of these physical effects [4, 8, 9].

In the past few years, several analytic ungroomed jet mass calculations for hadron
colliders have been carried out [10-15]. In ref. [10], the inclusive jet mass spectrum in
pp — 2 jets and Z + 1 jet was calculated at next-to-leading-logarithmic (NLL) order. In
ref. [11], next-to-next-to-leading-logarithmic (NNLL) order results were obtained for the
pp — v+ 1 jet, by examining the jet mass spectrum while expanding around a threshold
limit. A similar setup was used in Ref. [14] to obtain the jet mass spectrum for pp — dijets.
In ref. [12], the jet mass spectrum was directly calculated for pp — H + 1 jet at NNLL
order, where a veto on additional jets was imposed to obtain an exclusive 1-jet sample.
The utility of the first moment of the jet mass spectrum as a mechanism to disentangle
different sources of soft radiation underlying the hard interaction was discussed in ref. [13].
Recently, in ref. [15] the study of jet mass was extended to angularities for pp — 2 jets at
NLL/, with an exclusive 2-jet sample without a veto beyond a certain rapidity cut.

In this paper, we improve the analytic description of jet mass spectra at the LHC, by
systematically taking the effects of realistic jet algorithms into account with factorization
formulae. In particular, for small jet sizes the exclusive N-jet cross section contains Sudakov



double logarithms of the jet radius R, in conjunction with logarithms of the jet mass and
jet veto, and our results enable their resummation at any perturbative order. This allows
in particular for NNLL resummation using known anomalous dimensions and the relations
provided here. This factorization in the small-R regime is our main focus. We also consider
the tail of the jet mass spectrum where the R dependence is important because of the
kinematic bound mj; < p%R,1 where p:‘ﬁ is the transverse momentum of the jet.

For definiteness, we consider the jet mass spectrum for pp — L + 1 jet, where L is
a hard color-singlet state (e.g. ~, W, Z, H) recoiling against the jet. The jet region is
determined by a factorization-friendly jet algorithm like anti-kr clustering [16] or the N-
jettiness partitioning used in XCone [17, 18], with a jet radius parameter R controlling its
size. The hard signal jet of interest is uniquely identified by imposing a veto on additional
jets, for which we consider a range of possibilities, including beam thrust [19] and the
standard pr jet veto. Although jet mass measurements typically use R ~ 1, see e.g. refs. [20,
21], we will find that the O(«;) corrections for m; < pi. R are still well approximated by the
small-R result, such that the actual expansion parameter is rather (R/Rg)? with Ry =~ 2.
Throughout the paper we will often leave the factors of Ry implicit when indicating that
there are power correction of O(R?) and logarithms In R.

To treat the small-R effects, we build on the recent work of ref. [22], which discussed
the systematic resummation of jet radius logarithms for ete™ — 2 cone jets with an energy
veto on the radiation outside the jets. This process was also studied in ref. [23] using a
similar SCET framework. It was found that the resummation of jet-radius logarithms
requires an extension of Soft-Collinear Effective Theory (SCET) [24-27], most often called
SCET., which contains additional modes that are simultaneously collinear and soft [28—
31]. Recently, in [15] the In R resummation of ref. [22] was extended to pp — dijets away
from the endpoint of the angularity distribution. Note that the resummation of jet radius
logarithms at leading logarithmic order was also developed earlier in ref. [32] for several
types of jet observables, including the inclusive jet spectrum. However, for these observables
the structure of logarithms is different than the jet mass measurements considered here,
since no Sudakov double logarithms of the jet radius (of the identified hard jet) arise. For
the inclusive jet spectrum the small R expansion also works well for R < 1, as recently
discussed in ref. [33].

To organize our discussion, we divide the treatment of jet mass and jet radius into
several distinct cases. As illustrated in fig. 1, one can distinguish four different regimes
with different hierarchies between R and Ry and the scales m; and p%R:

e regime 1: large-R jets (R ~ Ry) for small m;: my < pR ~ p.
e regime 2: small-R jets (R < Rp) for small mj: mj < p%R < ij“
e regime 3: small-R jets (R < Rp) for large mj: my ~ p‘%R < p%

e regime 4: large-R jets (R ~ Ry) for large my: my ~ pR ~ ph .

'For a uniform energy distribution inside the jet the upper bound is m; < pAR/v2 (up to O(R?)
corrections). For a jet consisting of two particles this reduces to my < p%R/Q for clustering algorithms like
anti-kr.
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Figure 1. Illustration of the various hierarchical regimes for jet mass measurements in the R- and
m. /ps-plane.

All of these require distinct factorization formulae to resum the corresponding large loga-
rithms. Specifically, in regimes 1 and 2 these are logarithms of m;/ p:‘f, and in regimes 2
and 3 logarithms of R/Ry. We also discuss how to appropriately combine these regimes to
obtain a complete description for any value of m  and R.

In carrying out jet mass resummation, an additional complication is that the restric-
tions on the radiation inside and outside the jet imposed by the measurement lead to
nonglobal (NG) structures. If the kinematic scales related to these constraints are widely
separated, the nonglobal contributions can contain parametrically large nonglobal loga-
rithms (NGLs) [34]. In ref. [10] the NGLs were resummed in the large-N, approximation
and found to be significant in the peak region for the inclusive jet calculation considered
there. Although NGLs were not resummed in ref. [11], their estimated size agreed with
ref. [10]. In contrast, if a veto on additional hard jets is imposed, it changes the structure
of the nonglobal terms, providing regions of phase space where NGLs are not large and
other regions where they are [12]. The NGLs may still have a sizeable relative impact
for unnormalized spectra, but in the factorization framework their effects on the small
m j-spectrum are tamed by having the same Sudakov suppression as all other terms. For
normalized spectra the dependence on the jet veto largely drops out and the effects due
to NG structures remain moderate. In particular, in regime 1 with R ~ Ry and a range
of jet-veto scales there are no large NGLs over the majority of the jet-mass spectrum [12].
We will see that in regime 2 with R < Ry large NGLs can similarly be avoided. However,
the associated parametric condition on the jet veto cannot be satisfied over the full jet
mass spectrum including the far tail of the spectrum corresponding to regime 3. On the
other hand, we will demonstrate that in regimes 2 and 3 the leading NGLs are simply
those of hemisphere soft functions, which have been studied extensively in the literature,
see e.g. refs. [35-37]. Approaches for their resummation beyond the large-N, leading loga-



rithms [38] have been developed recently, see refs. [30, 39-42], and can be directly applied
to our case.

The outline of the paper is as follows: In sec. 2, we present the factorized cross sections
relevant for regimes 1, 2, and 3, focusing on the case of a global generalized beam thrust jet
veto. We also discuss the relations among the regimes and their combination and briefly
comment on regime 4. The definitions and one-loop expressions of the relevant ingredients
are discussed in sec. 3, with calculational details relegated to app. B. In sec. 3, we also
validate the relations between the factorization formulae, discuss the leading nonpertur-
bative effects, and compare the predictions of our factorization framework with earlier jet
mass calculations. We discuss the extension to transverse energy/momentum vetoes and
jet-based vetoes in sec. 4 including a study on the small R expansion of the fixed-order
cross section at O(as), and conclude in sec. 5. Consistency of RG running is exploited in
app. A to determine the anomalous dimensions which allow for the NNLL resummation of
jet mass, jet radius, and jet veto logarithms.

2 Factorization for jet mass with jet radius effects

To study the jet radius dependence in a jet mass spectrum we consider exclusive pp — L+1
jet processes with the hard jet recoiling against a generic color-singlet state L. We first
summarize the basic setup and kinematics of the process in sec. 2.1. We then discuss the
modes of the relevant EFT setup and present the associated factorization formulae for each
regime in turn. In sec. 2.2, we review the jet mass spectrum for mj; < p%R and large-R
jets [12] (regime 1), which can be described with standard SCET. In sec. 2.3, we discuss
regime 2, where my < p%R but now has narrow jets R < Ry, which is described using
SCET,. The region where the jet mass spectrum turns off, i.e. my ~ p%R, is discussed
for small-R jets (regime 3) in sec. 2.4, and briefly for large-R jets (regime 4) in sec. 2.5. In
sec. 2.6, we show how the theories for these different hierarchies are related to each other,
the relations this implies between the ingredients of the factorization formulae, and how to
systematically combine the latter including all relevant kinematic power corrections. The
modes and corresponding logarithms appearing for regimes 1, 2, and 3 are summarized in
table 1, and their relations and scaling are illustrated in fig. 2.

2.1 Kinematics and measurements

The hard (Born) kinematics of the exclusive pp — L + 1 jet process is characterized by
five independent variables, which we choose to be the jet transverse momentum p%, jet
pseudorapidity 7y, azimuthal angle ¢ of the jet, and the rapidity Y; and total invariant
mass q% of the recoiling color-singlet state L.

The Born-level momentum conservation (corresponding to the label-momentum con-
servation in the EFT) is given by

na ), woop
wa? —l—wb? =p;+qp . (2.1)



with
We = TaFem , wp = TpFem , (2'2)

where F.,, is the hadronic center-of-mass energy, and the direction of beams a and b are
denoted as

nlal = (1)0707 1) = ﬁ57 nb = (1 0,0,— ) nk . (23)

a

In terms of the hard kinematic variables, the momentum components can be written as

Y J -Y; J — /
wg = mre - +pTenJ y Wp=mre . + pre M , M = p%2 + q% )

p‘j = p%(coshnj,cos ¢J,sin ng,sinth) with p?] =0,
q7 = (mpcoshYy, —p% cos ¢, —p% sin ¢y, mysinh Y7,) ,

Q? = wowy = M + ph? + 2mypi cosh(Yr, — 1) . (2.4)

Here, @ is the invariant mass of the L+jet system and is a derived quantity with our choice
of independent variables. Note that in the hard kinematics the jet (label) momentum is
represented by a massless four-vector p‘j. For future convenience, we introduce the following
shorthand for the hard phase space measure

1 dz, dop dipy; diqp 9 0 4
dd = —— — — —= ——275(p5)8 om)to) —py— do
2E3m Ta T (271')4 (271_)4 ™ (pJ) (pJ)( TI') ( b} +wb 2 pJ QL> L(QL)
J
_br L o doy
=SB 0° dpr dny dYp dgz, 5 = d®rlqr) . (2.5)

In the following, we always assume that the jet is hard and not too forward, i.e. p% ~Q
and el"| ~ 1. The factorization in the case p% < @ where the jet is soft or close to one of
the beams can be performed using SCET as in refs. [28, 30, 31, 43| for large R jets, and
could be extended to narrow jets by combining it with the setup discussed in this paper.

We assume that the shape of the jet region is determined by a jet algorithm which
clusters collinear radiation first before assigning soft radiation to either the jet or the beam
region, with a jet radius parameter R controlling its size. This includes both the anti-kr
algorithm as well as XCone [17, 18] based on N-jettiness minimization [44, 45]. For these
jet algorithms, narrow jets are all roughly circular, and deviations are power suppressed
in R. We will present results for a jet radius defined in (7, ¢) coordinates.? The jet mass
measurement is encoded by

TI:COSthZnJ'pi, (2.6)
i€jet
where
B .
- Y cos¢py singy B -
M =(1,n = Y B = (17 s ,tanh ) , nu — 17_n 7 2.7
ny (1,7) p% coshn; coshny’ coshny nJ 7 ( J) (2.7)

2For small R this is equivalent to an angular radius in (6, ¢) space of R/ coshn,.



where 77 is the jet (label) direction, which we identify with the jet direction found by the
jet algorithm. We will often write momenta in terms of light-cone coordinates along either
the jet or beam directions,

a nh
= nJ-pf +agp L+p = (nypngpprs) =00 00, (2.8)
ﬁu o
_ _ -
= NP+ ap =+ g = (nap, e, piB) = (07,0700

The relation between the jet mass and 7; (which is more convenient in the following) is in
general given by

7= (Zpi)2=2p%%[l+0(gf’2)} (2.9)

i€jet

As long as 777 is chosen along the direction of the total jet momentum the exact relation is
m? = (Ej + |py|) T/ coshny, which becomes m? = 2p#7T; in the singular limit m?% < p2.
Since my < p‘%R for narrow jets, the corrections in eq. (2.9) are also power suppressed
for regime 3, where m;/p; ~ R < 1. As shown below in eq. (2.13), this means that
the singular part of the differential cross section for mj; and 7T; are simply related by a
Jacobian.

Additional jets are vetoed with a measurement in the beam region. For simplicity,
we discuss in this section first the case of a global jet veto using the generalized beam
thrust [19] observable

T =Y prifs(m), (2.10)
idjet
where 7; and pp; are the pseudorapidity and transverse momentum of the i-th particle

outside the identified jet. We assume that fg(n) — e "l for n — 400, which includes
beam thrust and the C-parameter measure (discussed e.g. in ref. [46]), with

1
2coshn’

fem) =e M and fg(n) = (2.11)
respectively. The asymptotic behavior of fp(n) implies that the measurement is described
by SCET{, which contains collinear and soft modes at different invariant mass scales, and
that the virtuality-dependent beam functions [47-50] can be used to describe the collinear
initial-state radiation. In sec. 4 we will discuss other types of jet vetoes, including a
transverse-energy veto where collinear and soft modes are instead separated in rapidity
and described by SCETyr, as well as corresponding jet-based vetoes that depend on a jet
algorithm.

In the following we write the 1-jet cross section with additional kinematic constraints
X (e.g. in terms of bins in p‘% and 77, and with cuts on the final color-singlet state L) as

do (P, k)
dTB dT] / Z d7s d'TJ (®). (2.12)



modes

regime 1
R~ Ry, T; < pt-R?

regime 2
R< Ry, Ty < phR?

regime 3
R< Ry, Ty~ phR?

npg-collinear

(TB,p%7 \/p%TB>B

(TB,P%7 \/p%TB)B

(7'3717%, \/p%TB)B

n j-collinear

(TJ,p%, \/p%TJ)]

(Tf,p%, \/p%fr)J

pi]"(R27 17 R)J

soft T(1,1,1) T(1,1,1) Te(1,1,1)
T5(1,1,1)
n. j-csoft %(Rz, LR);
TB(RQa ]-aR)J TB(R2717R)J
J J J J J
resummed logs In %, ln% In %, In ]%, InR In %, InR
)
(potential) NGLs a21n? s a2 1n? TR o2 In? Lf
T; T Py

Table 1. Summary of the EFT modes setup, the resummed logarithms and the potentially large
nonglobal logarithms for the different regimes. For all regimes we take 75 < p7.. By default, we
consider the situation where the listed NGLs are not large logarithms in regimes 1 and 2. In a
situation where these logarithms become large, the corresponding soft and nj-csoft modes split
into multiple modes, as indicated in fig. 2.

The sum over the partonic channels K = {kg, kp; K7} Tuns over all flavors of the colliding
partons and the energetic parton initiating the jet.

We can write the full cross section in terms of the resummed leading power (“singu-
lar”) cross sections in SCET denoted by doj 23 in regimes 1, 2, and 3, and their respective
power-suppressed (“nonsingular”) corrections. In each regime, we will present a factoriza-
tion formula for the singular part of the cross section and give the parametric size of the
associated nonsingular corrections. The singular cross sections can be easily rewritten to
be differential in m rather than 7; by taking into account a simple Jacobian factor,

doio3(X)  my do1a3(X)

. 2.13
i M (2.13)

J
dmy Pr 2pd
T

The nonsingular corrections are different for mj; and 7; due to the power corrections
indicated in eq. (2.9).

2.2 Regime 1: Large-R jet with m; < p:‘ﬁR ~ p%

This regime, describing the case of a small jet mass for a jet with a wide opening angle
R ~ Ry, was discussed in detail in Ref. [12]. The EFT modes are summarized on the left
in table 1 and fig. 2. The collinear radiation carries the large jet momentum and its scaling



Regime 1 Regime 2 Regime 3

R~ Ry R < Ry R < Ry
Ty < pf T < prR? T ~piR? ]
hard — [~ p‘%

Figure 2. Characteristic invariant mass scales of the modes for the regimes 1, 2, and 3. The arrows
indicate the relations among them, while the boxes indicate nonglobal correlations. Specifically, as
discussed below eq. (2.28), in regime 2 for the scaling Tz R? ~ T, the soft-collinear and collinear-
soft modes merge into a single n j-csoft mode. Similarly, as discussed below eq. (2.16), in regime 1
with the scaling 7 ~ T, the soft(p) and soft ;) modes merge into a single soft mode. In regime 3,
the n j-collinear and soft-collinear modes cannot be merged into a single mode by a scaling choice
when employing a jet veto Tp < pi.

is fixed by the jet mass measurement. In terms of lightcone coordinates along the jet axis,

2
m /
n j-collinear: pﬁJ ~ (p—j],p%,mj>J ~ (T];p%w p%TI)J; (2-14)
T

Similarly, the scaling of the collinear initial-state radiation is fixed by the hard momen-
tum Q ~ p‘% it carries and the measurement constraint from 7. In terms of light-cone
coordinates along the beam axis,

ng-collinear: ph ~ (TB,p%, \/p%ﬂg)B,
ng-collinear: Phy ™~ (p%,TB, \/p%ﬂg)B. (2.15)

The soft radiation is isotropic and communicates between the collinear radiation along the
beams and jet. Its momentum scaling is determined by the fact that it is constrained by
either the 7; measurement in the jet region or the jet veto in the beam region,

soft: Pt~ Ty(1,1,1) (soft(z))
pg ~ TB(lv 1, 1) (SOft(B)> ’ (216)



written in terms of any lightcone direction. (Sometimes these modes are called ultrasoft
in the SCET literature.) In this regime nonglobal structure appears through functions of
Ts/T;, and to derive a factorization formula we must assume a power counting for 7
relative to 7. Phenomenologically the most important hierarchy is Tg ~ 7T as it can be
applied to a large region of parameter space, and hence we will focus on this case. In this
situation there is a single soft mode, and the NGLs are not larger than other nonglobal
contributions, all of which are fully captured by the soft function. Large NGLs appear when
T/Ty>1or Tg/T; < 1, arising from the sensitivity to two parametrically different soft
scales (which are conceptually more difficult than the case we treat).

Going through the usual steps, where the hard scattering interaction is integrated out
when matching onto SCETT and the modes are subsequently decoupled in the Lagrangian,
leads to the following factorization formula for the singular part of the cross section [12,
19, 44]

doq (P
da-;-;d’,]—? = HN((I)”U/) /dSa Bna(sa,ia,ﬂ) /dsb B,‘ib(slhxbuu) /dSJ JHJ(SJ)M)

SJ Sa Sp
XSR(T]_MaTB_%_%7nJ7R7M>7 (217)
do(®,k)  doy(®,k) {1 —l—O(TI TB>}

d7pdT;  dTpdT; vl vk

For active-parton scattering this factorization formula does not include contributions from
perturbative Glauber gluon exchange that start at O(a?) [51, 52]. These terms can be
simply calculated and included using the Glauber operator framework of Ref. [53], which
will modify the structure of the product of beam functions.®> The O(T;/ps, Tp/pF) terms
indicated on the last line are nonsingular corrections, which may be included with fixed-
order perturbation theory or by connecting to a factorization formula in regime 4.

The hard function H, in eq. (2.17) contains the short-distance matrix element for
producing the nonhadronic L plus a jet and depends on the hard kinematic phase space
®. The beam functions describe the process of extracting a parton out of the proton
and the formation of an initial-state jet characterized by the scale s, ~ Q7p. The
inclusive jet function describes the invariant mass contribution sj; ~ m?] of the final-
state collinear radiation to the jet mass and is not sensitive to the jet boundary since
my <K p%R. Finally, the soft function Sy captures the soft radiation effects and depends
on the angles between the collinear directions (and thus the pseudorapidity of the jet 1),
the jet boundary determined by the jet algorithm and jet radius R, as well as the jet and
beam measurements with the jet veto specified by fp(n) in eq. (2.10).

The factorization formula enables the resummation of the logarithms of 7;/pf and
Ts/ p% corresponding to the ratios between the hard, beam, and soft scales. Each function
only involves a single parametric scale, corresponding to the typical virtuality of that mode.
By evaluating each function at its natural scale and evolving them to a common scale p

3For proton initial states this factorization formula also does not account for spectator forward scattering
effects, since the Glauber Lagrangian of Ref. [53] has been neglected in the derivation of eq. (2.17).

~10 -



using the RG evolution, the logarithms are resummed, i.e.,
Hﬁ(@,ll/) = UH,H((pquNH) Hﬁ((pqu)) (218)

By (s.11) = / A5 Upoy (5 — '+t 1) B (51 i)
T, (s,11) = /dS’ Uspy(s =5 1y pr) Juy (8" pr),

SH(EJaZBanJa Rv#) = /dé{] dEIB US,H(EJ - gf]afB - ElB)ﬁJvMMUJS) Sﬂ(ﬂ]v‘ng?nja R,/LS) 5
where

pa ~pr~Q, up~\QTs, ps~\prTi~mys, ps~T;~Tp. (2.19)

The evolution factors U for the individual functions are the solutions of the renormalization
group equations, which read e.g. for the soft function

d
M@ US,H(EJaEBanJJ'LHuS) = /dﬁ{] dZ/B "yg(gj - ECI’ZB - élB?UJHu) US,H(E:]’leanjv/Jnus) .
(2.20)

The explicit expressions for the evolution factors and anomalous dimensions can be found
in the appendix of Ref. [12]. Using eq. (2.18) with the factorized cross section in eq. (2.17),
the logarithms In(ug/pup), In(ug/ps), In(up/ns) and In(us/ns) are resummed and the
dependence on the final renormalization scale p cancels exactly at any resummed order
due to consistency of RG running.

By RGE consistency of the factorization formula the anomalous dimension for the
soft function factorizes, as discussed in Refs. [12, 54]. For the case considered here, this
consistency gives

V5, e,m5, 1) = e (g mg, 1) 508) +vE P (s ng, 1) 8(0) +7ED (g, 1) (5)6(0B) -
(2.21)

This uniquely assigns the ¢ and £ ;-dependent cusp terms in the anomalous dimension to
the beam and jet. The remaining §(¢)d(¢p) noncusp terms can also be factorized, but the
precise division requires more care, as discussed below. Together this yields

75(&]7 EBv nrs, ,LL) = ’Yg(J) (€J7 nrs, R> :UJ) 5(63) + ’Yg(B) (EBv nrs, R7 ,LL) 5(£J) . (222)

Here v¢ ) and v, each depend on the jet boundary and jet radius R, but this dependence
cancels in the sum.? Solving the RGE with these factorized anomalous dimensions allows
us to factorize the soft function together with its evolution as

/dgf] dng US,N(EJ_ECN eB _nga NJs [y NS) Sli(gih Ele nJ, Ru /’LS) (223)

B B J J
— /dE’J dy Uéﬁ) (tg—Cg,my, R,u,,ug )) Uég (6,1}, T]J,R,/.L,/LFS ))

J B
X Sy (7, gm0, B, g ulP)Y

4This R dependence becomes even easier to understand when we take R < 1 in regime 2.
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Here we have decomposed the full soft function as

S (ZJ,EBWJ»R /JJS 7/~LS /df’ df’ EJ_EJanJvR /’L,(S )) S;({B)(EB_nganaRnu,(SB))
x [W&) 5(0p) + SN 5, )] (2.24)

Equations (2.23) and (2.24) factorize the pu-dependence associated with the beam and jet
region for the evolution and the associated low-scale boundary conditions to all orders in

perturbation theory, thus allowing distinct scale choices to be made for ng) and ugB).

At one loop, the terms S,ELJ) and S,({B) describe a single emission inside and outside the

(/) (B) (J

jet region at the scale pug’ ~ Ty and pug’ ~ Tp, respectively, with Sy ) being analogous

to the regional soft function in ref. [11] (where it was applied to cone jets). This fixes

x(9) into distinct

the ambiguity in splitting the noncusp one-loop anomalous dimension ’Ys
contributions to v¢; and vgs in eq. (2.22). Here Y& and vgp can be given in terms
of R-dependent integrals for generic jet algorithms.®

Starting at two loops, there are correlated real emissions into both the jet and beam
region, which are thus constrained by both the jet and beam measurements, that lead to
nonglobal structures. In eq. (2.24) these are absorbed into the u-independent factor S,ENG).
At this order, the decomposition in eq. (2.24) becomes ambiguous without additional input,
since correlated emissions must be considered simultaneously with single region emissions
when defining S and S,({B), which is known for the double hemisphere case [35, 36]. In
regime 2 for R < 1, we can use symmetry arguments to constrain the small-R terms of
St and S,(.;B), see egs. (2.39) and (2.51), which allows us to fix most of this ambiguity.

Some of the corrections in S¢ ) would become large nonglobal logarithms In(75/75) if
we were in the alternative situations where 75 > 7 or 77 > Tp, and the resummation for
these cases requires techniques other than the renormalization group evolution described
above. The refactorization in eqgs. (2.23) and (2.24) is essential to avoid introducing “fake”
NGLs ~ af 1112”(,ugB) / ,ufg‘])) at leading logarithmic order [12]. After this refactorization,
the canonical relationships between the scales in regime 1 are given by

B J
i g =i, prr ) =~ i3 (2.25)

These relations together with the scaling relations pupg =~ p%, ,ug ~ Tp and ,uS ~ 77,

determine the full canonical scaling which allows all large logarithms to be summed in
regime 1, at any desired order in perturbation theory.

The factorization in eq. (2.17) is limited to large jet radii R ~ 1, such that R does
not introduce additional scales or modes. In many LHC measurements smaller values of R
are employed, leading to a hierarchy of scales within the soft sector and associated large
double logarithms of R in the soft function S,. We will discuss how to treat these next.

S5For cone jets an analytic expression for Y4cs at one loop was found in ref. [11]. For anti-kr jets, 75,
can be evaluated analytically in an expansion in terms of R, which has been done at one-loop up to O(R?)
in ref. [14] for pp — dijets.
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2.3 Regime 2: Small-R jet in the region m; < p‘%R < p%

For narrow jets, the jet radius introduces an additional hierarchy R < Ry. The mode setup
for the associated EFT, which is a version of SCET,, is shown in the middle in table 1
and fig. 2. It is closely related to the one discussed in ref. [22], which considers it for cone
jets at eTe™ colliders.

For T < p#R? the nj-collinear radiation has a resolution angle |, |/ p ~ m/pf ~
(T7/p)"/? < R and is thus still collimated enough to be insensitive to jet boundary effects.
The collinear radiation along the beam directions is still determined by the measurement
of Tp. Hence, the collinear modes are the same as for regime 1,

2

. m
nj-collinear: Ph, ~ (7j]7p’1{]“7m(]) ~ (Tlapjj“» p%%) )
P J J

ng-collinear: Ph, ~ (TB, iy p%TB>B )
ngp-collinear: Phy ~ <p%, Ts, \/p%’TB)B ) (2.26)

Wide-angle soft radiation is now only constrained by the 7p measurement,
soft: Pt ~Tp(1,1,1). (2.27)

It cannot resolve the narrow jet and is thus not constrained by the jet measurement.
Therefore, to have a complete description of the infrared structure of QCD for this regime,
additional modes are required which have the relative scaling ~ (R2?,1, R);. The scaling
of these modes is uniquely fixed by the requirement that they are restricted by the jet or
beam measurement, respectively,

n j-collinear-soft: Ples ™ %(RQ, 1L,R)y~ (7}, %, %)J, (2.28)
n j-soft-collinear: Pt~ Tp(R* 1,R);. (2.29)

This nomenclature for the modes follows refs. [22]. To derive a factorization formula
we must choose their parametric relation to be either 75 > T;/R2, T ~ T;/R2, or
T < T;/R?. We take Tp ~ T;/R?, in which case the scalings in eq. (2.28) become
degenerate, so there is only a single mode describing these momenta. We will refer to this
common intermediate mode as csoft®

T
n j-csoft: pH o~ ﬁ(RQ, 1,R); ~ Ta(R*1,R);. (2.30)
If on the other hand their energies differ parametrically, large NGLs of the ratio TgR?/T;
arise, in analogy to the situation for the ratio 7 /7 for soft radiation in sec. 2.2.
We remark that different hierarchies between the (wide-angle) soft scale 75 and the jet

scale (p%T])l/ 2 are possible. In the following no specific relation between these scales needs

SWe denote the associated theory here SCET,. Its close connection to the original SCET+ setup for
nearby jets (“ninja”) in ref. [28] becomes obvious by boosting to the frame where the jet region becomes
a full hemisphere. In this frame, the soft mode in eq. (2.27) becomes the ninja csoft mode and the csoft
mode in eq. (2.30) becomes the overall soft mode.
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to be assumed to obtain the factorization formula. In particular, the jet axis is determined

only from the recoil-free measurement inside the jet region, which avoids nontrivial con-

volutions between the perpendicular momentum components of the n j-collinear and soft

modes [55] (which appear e.g. when measuring jet broadening with the thrust axis [56]).
Going through the factorization analysis in SCET leads to

P
m = H/{((I)’,Uf) /dsa B,{a(sa,xa,,u) /dSb B,.%(Sb,l‘b,[t) /dSJ JH}J(SJ7M)
Sy Rkjy
< b ks S o ki 1 9(Ts = 2% = 75
Sq s k
X SB,H <TB — e 2 fB(nJ)BaUJ?M) ) (231)
Wa  Wp R

dO’(‘I),H) _ d0-2(q)a"{) |: (’TB 7?] 2>:|
757, ~ atpaty | O\ )]

The O(T/p4, Tr/(p1-R?), R?) terms indicated on the last line are nonsingular corrections,
which can be included with fixed-order perturbation theory or by connecting to the factor-
ization formula in regimes 1 or 3. Once again we neglect Glauber interactions here.

Deriving the factorization in eq. (2.31) involves a matching onto SCET, and the
decoupling of modes in the Lagrangian. The structure of the relevant operators in SCET
can be obtained by applying the BPS decoupling [27, 57], either by matching onto SCET
in two steps as was done in ref. [28],” or alternatively by matching in one step and using
collinear, csoft, and soft gauge invariance and tree-level calculations as in ref. [29].

In addition, eq. (2.31) requires the factorization of the measurement into contributions
from the individual modes,

n CS n cS Rk
7}:7}( ")—1-7}( ):coshnj(nJ-p( D) 4 nyp! )): 5 Y

in 2p% 2 ’
Tio = T4 4 T4 LT LTl = ) 4y plre) 4 B g o) | o)
2 coshny
Sa . Sy fB(y)kp (s)
_sa s, [e()ks . 2.32
g N 2 ¢ 2l 47 (2.32)

Here, p(”a), p(”b), p(”J ) denote the momentum of the collinear radiation in the ng, ny, and
ny directions, pi(rcls), p(()fft) denote the csoft momentum inside or outside the jet, and 715,8)

is the contribution of soft radiation to the jet veto 7p. For the csoft modes we used that
fo(n) = fa(ns) + O(R) and thus T4 = fa(n) p = fo(n)n-p) /(2 coshny).

It is convenient to perform these decoupling steps in the boosted ninja frame where the jet region

becomes a hemisphere, see footnote 6. Following ref. [28] one then has to first decouple the soft modes
in the ninja frame (corresponding to the csoft modes in the lab frame) from the collinear modes before
decoupling the csoft modes in the ninja frame (corresponding to the soft modes in the lab frame) from the
collinear ones. This also makes it clear which zero-bin subtractions [58] arise between these modes.

8For anti-kr yielding a circle in the 7-¢ plane centered around 7; the corrections from the expansion
of fg(n) give a vanishing contribution at O(R). For general jet algorithms the relative deviation from the
circular shape is of O(R) so that the associated corrections from the expansion of fz(n) give also only
O(R?) suppressed terms in the cross section.
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Compared to eq. (2.17), the same hard, beam, and jet functions appear in eq. (2.31),
while the soft function has now been factorized into two functions Sp, and Sg,,. The
soft function Sp , encodes the interactions of the wide-angle soft modes. It contains three
soft Wilson lines corresponding to the partons participating in the hard collision, but
only contributes to the measurement of 75 as the associated soft modes no longer resolve
the jet. The csoft function Sg,., consists of two back-to-back csoft Wilson lines in the
representation of the parton that initiates the jet, and contributes to both the 7g and T
measurements as csoft modes resolve the jet boundary. For convenience, we have chosen
the arguments kg and k; of the csoft function as

2 __(cs) 2 coshny R (cs) R _
kj=— = —ny-k;, kp = Tr /= ———ny-k; (2.33
7=p3 Z R J B fgng) P %:et 2coshng ~ (2:33)

to scale out the dependence on the size of the jets, which allows us to identify the csoft

i€jet

function with the well-known double hemisphere soft function, see eq. (3.9). This will be
discussed more extensively in sec. 3, where we also give the precise definitions and the
one-loop expressions of the soft functions.

The csoft and soft function are RG evolved via

SR,HJ(kJa kg, M) = /dk{] C.I‘k‘JB USR,K)J(kJ - k{h kp — lea /-‘LMUSR) SR,HJ(k{]? kJB?,uSR) )

SB,K(EBv ns, M) = /dfiB USB,H(EB - E/Bv ny, K, ,uSB) SB,K(Ele nJ, HSB) ) (2'34)
from their natural scales
T
psg ~Tp, psy ~ TR~ EJ : (2.35)

We give the anomalous dimensions for Sg , derived from RG consistency in app. A.1. The
solution for the evolution factors are in direct analogy to the well-known ones appearing
in eq. (2.18). Compared to eq. (2.19) for R ~ Ry there is in total one additional evolution
factor allowing for the resummation of In(us,/ps,) ~ In R.

As in eq. (2.22) for regime 1, it is convenient to refactorize the csoft function to
avoid spurious nonglobal Sudakov logarithms involving In(kg/ks) ~ In(TgR?/T;). This is
achieved by factorizing the anomalous dimension for this hemisphere csoft function

7;;(]‘1]’ kBa /‘L) = Wg(JJ) (kJa /‘L) 5(kB) + Vg{B) (kBa :LL) 6(kJ) (236)
R R
with ’y;{]) (kyp) = 7;{3)(14:, ©) = i (k). This allows us to factorize its evolution as
R R
/dk/J dk USp.g (kJ*k;f]’ kp—FKp, 1, 14Sk) SRk (k/Ja kg, 1S r) (2.37)

B B J J J B
= [kl kg UG, ol o) UG, o=y 1 1)) Sty (R i ) )

Here the csoft function Sg ., contains two scales and can be written as

J B J J B B
Sy (ks ki, 1 1) = / dily dky S5 (kg = Ky, n)) Sin, (ki = K, 1)
NG
X |0(kY) (k) + Siove (k. k)| (2:38)
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Equations (2.37) and (2.38) allow us to choose two different csoft scales “(Si) and ,ug‘Q for

(J)

the contributions inside the beam and jet region, respectively. Here Sj . mainly describes

the collinear-soft radiation at the scale ,u,(S‘Q ~ kj, and SEB,EJ mainly describes the soft-
collinear radiation at the scale ,ufgi) ~ kp. Due to the symmetric nature of the double
hemisphere csoft function Sg ., it is natural to define these factors to be equal,
J
Syl (ki) = Sg) (k). (2.39)

KJ KJ

The contribution SI(%NSI ) in eq. (2.38) captures nonglobal correlations, and starts at two

loops where it contains double and single logarithms as well as nonlogarithmic terms,
computed in refs. [35, 36]. Starting at two loops, the function in eq. (2.39) is a priori not
well defined and depends on which p-independent terms are kept in Sgi ). One proposal
for the decomposition of the double hemisphere soft function to all orders in perturbation
theory leading to eq. (2.38) was discussed in ref. [36].

Some of the corrections in S Rl\f] would become large nonglobal logarithms In(kg/ky) ~
In(7TaR?/Ty) if we were in the alternate scenarios where kg > kj or kj > kp. Just as for
eq. (2.24), the factorization of scales in eq. (2.38) is essential to avoid introducing “fake”
NGLs at leading logarithmic order. After this refactorization, the canonical relationships
between the scales in this region are given by

B) [B(17) Nk

e R g T R Vs Tk (2.40)
which together with the scale choices
J ) o 2
WH =~ pr, psg = T8, [, = ET], (2.41)

determine the full canonical scaling, implying e.g. ,ugi) ~ RTgr/fs(ns). This allows for the

resummation of all large logarithms in regime 2.

The NGLs become unavoidable in the region where T R? < 7. This is the hierarchy
explicitly discussed in Ref. [22], which also does not attempt to resum NGLs. The NGLs
arise because the soft-collinear radiation resolves each individual collinear-soft emission,
obstructing a simple factorization approach. In particular, each real collinear-soft emission
requires an additional soft-collinear Wilson line to describe its interactions with the soft-
collinear radiation. The NGLs in the double hemisphere soft function are well-studied and
various new approaches systematically capturing their dominant effects have been recently
explored [30, 39-42], which can directly be applied to our context due to the equivalence
between our csoft function and the double hemisphere soft function.

2.4 Regime 3: Small-R jet in the region m; Np%R <<p%

Next we discuss the jet mass spectrum of a narrow jet for 77 ~ p%R2, corresponding to
the far tail of the jet mass spectrum. The relevant mode setup in SCET, is shown on the
right in table 1 and fig. 2. The beam-collinear and wide-angle soft modes are as in regime
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2 only constrained by the 7p measurement,

ng-collinear: Ph, ~ (TB, P, \/}%)B )
np-collinear: Phy, ~ <p%, 7B, \/p%TB>B )

soft: Pt ~Tp(1,1,1). (2.42)

The collinear radiation in the jet now resolves the jet boundary, since its momentum scales
as

. 7
ny-collinear:  pl, ~ (To,pfo\/pATs)  ~ PR LR)y ~ ZH(RELR),,  (243)

implying that the collinear-soft mode in eq. (2.28) cannot be distinguished from the collinear
mode anymore, and the two become degenerate. As in sec. 2.3, the wide-angle soft radia-
tion does not resolve the narrow jet, such that a soft-collinear mode related to the beam
measurement with the scaling in eq. (2.29) is still present,

n j-soft-collinear: P~ Te(R*1,R);. (2.44)

Assuming a jet veto with Tp <« p:‘ﬁ ~ () this mode has a parametrically different en-
ergy compared to the nj-collinear mode but the same angular resolution, which makes
the appearance of large NGLs of Tp/ p% unavoidable.” Completely disentangling the mode
fluctuations at the different scales thus requires one to marginalize over all configurations of
n j-collinear emissions (which can individually be resolved by a proper low-energy measure-
ment [30]) each leading to soft-collinear matrix elements involving individually a different
number of Wilson lines with different directions, see for example [23, 30, 3941, 59, 60].

Here we do not attempt to entirely carry out this procedure, but instead only dis-
entangle the corrections between the hard, beam-collinear, wide-angle soft, and a global
nj-collinear sector (which is not fully factorized). For this case the cross section can be
written in a factorized form as

do3(®,k) .
m - Hn(‘I%H) /dsa Bna(sayxay,u) /dSb Bﬁb(sb,xb,ﬂ) /dsJ 5(7} _ 2]9%)
X/M®7&uﬂugm% Ty fa % fOwks
RJ yPT+Y ) K w0 o R , , ,
do(®,k) doz(®,k) [ <7‘B 2>]
N Lo o)) 2.45
ATpdT; ~ ATpdly | \ph (2.45)

The O(Ts/ p%, R?) terms indicated on the last line are nonsingular corrections, which can
be included with fixed-order perturbation theory. The hard function H,, beam functions
By, ,, and soft function Sp, are the same as in eq. (2.31) for regime 2. The collinear

9Removing the jet veto, i.e. Tz ~ pi, large NGLs do not appear in this regime, but this would give
rise to large NGLs for 77 < pTR2. For the production of a massive boson with a soft jet the relation
Ts ~ pt < Q could be satisfied, but this regime is of limited relevance for jet mass measurements and
presents challenges of its own.
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function J , encodes the interactions of both soft-collinear and collinear modes. It depends
both on the jet invariant mass s; and the scale pi. J R, which reflects the sensitivity to the
jet boundary, and also contributes to the measurement of Tg.

Without any additional refactorization, the collinear function [, contains large unre-
summed Sudakov double logarithms ~ o7 In?"(pf.R/kg) ~ af In*"(p4./Tg). To resum the
leading double logarithms, we can decompose it as

Ty (5,9 R, gy ) = 3 0 @ SiPm)

— /dsf] dkYy TR, (85 — 8", DR, 1) SJ(%,z,(k'B — kg, 1)
X |0(klg) 6(sy) + TN (', pFR, K | (2.46)

The sum over n in the first equality indicates a dressed parton expansion like in ref. [30]

(B,n)

(with different soft-collinear matrix elements S, for a different number of resolved
collinear emissions and associated directions) and the factor Jg ., S}ng contains the n = 0
term in this expansion. The jet function Jg,, mainly describes corrections from the en-
ergetic n j-collinear modes and depends on the details of the jet algorithm. These types of
jet functions were introduced and calculated at one loop for cone jets and the kr family of
jet algorithms in ref. [61]. We give the one-loop results for the latter explicitly in sec. 3.4.
The function S%LB) can be taken to be the same function as in eq. (2.38), and mainly de-
scribes corrections from soft-collinear modes. The p-dependence factorizes between Jg .,

and SI(%B) allowing for a separate evolution of these functions,

B B B
S( kBa /dkB Sr, ;q,] kB_kBa/%MEG’R))S](%,,zJ( /vifﬂ(s‘R))a
JR,W(SJ,pTR, 1) = Usprn (DFR, 11 1177) TRy (50, DER, gz - (2.47)

We derive the form of the anomalous dimensions from RG consistency in app. A.1. The
canonical scales are given by

pag ~my ~ (pFT)Y? ~ piR, us) ~ TsR. (2.48)

Note that the evolution of the jet function Jg is local, i.e. does not involve a con-
volution, and is identical to the one for the “unmeasured” jet function [22]. Compared
to a single evolution of J the two separate evolutions in eq. (2.47) resum logarithms
In(py,/ pgi)) ~ In(p7./Tp) arising from collinear and soft-collinear emissions which are un-
correlated between these two, including in particular the Sudakov double logarithms. How-
ever, starting at O(a?) there are also NGLs of the form o”In"(p7./7p) in the nonglobal
(NG)

correction Ji, . Depending on the desired accuracy they may be treated as fixed-order
corrections (multiplying the overall evolution factors) as indicated in eq. (2.46) or (par-
tially) summed using more steps in a dressed parton expansion in close analogy to ref. [30].
In fact, the leading NGLs relevant for NLL’ accuracy arise from a strongly ordered limit

(of consecutively less energetic emissions) and can be expected to be the same as for the
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hemisphere soft function discussed in sec. 2.3. As mentioned at the end of sec. 2.3 recent
approaches for a resummation of NGLs have been applied to this prototypical case.
The canonical relationships between the different scales in regime 3 are then
) [B(11) R

HHPSy P s, o SR,y ™ (2.49)

Together with the choices pp ~ p% and pg5, ~ Tp they determine the full canonical scaling
required to resum all logarithms In R and a subset of logarithms In(p7./75) as discussed
above.

2.5 Regime 4: Large-R jets with mj ~ p%R ~ p‘%

The situation for large-R jets in the far tail of the spectrum, corresponding to 7; ~ myj ~
p% ~ (@, is also an interesting conceptual hierarchy to consider. In this regime there are no
resolved final-state collinear modes and the jet consists only of hard wide-angle emissions.
As in regime 3, parametrically large NGLs of 75/ p:‘; appear, due to the fact that soft wide-
angle radiation resolves the number of the hard wide-angle emissions in the jet region. One
can expect that the additional corrections with respect to the narrow jet case R <« Ry
for typically applied jet radii are quite small at the far tail, so that for phenomenological
applications it is most likely sufficient to include them in fixed-order QCD, unless one is
interested in the precise behavior at the endpoint of the spectrum. In analogy to eq. (2.46)
for the global collinear function J in regime 3 one can also resum Sudakov logarithms
In(75/p4) in regime 4 by refactorizing the associated global hard function H into jet
radius and algorithm dependent hard and soft functions.

2.6 Relations between the different hierarchies

We have investigated the mode setup and factorization for large and small R jets across the
jet mass spectrum. The main features are summarized in table 1, including the logarithms
the factorization formula resums. When 7; ~ TpR? the nonglobal correlations do not
result in large NGLs, but this condition cannot be satisfied for T; ~ pJR? (regime 3)
without also removing the jet veto. We now discuss in more detail how the different EFTs
are related to each other, as illustrated in fig. 2, and how the associated factorized cross
sections can be combined.

The factorized cross section in eq. (2.31) for regime 2, describing the hierarchy 7; <
p1 R for narrow jets, can be obtained from the result in eq. (2.17) for regime 1, describing
broad jets, by taking the limit R < Ry and carrying out an associated factorization of the
soft sector. This enables the resummation of logarithms of R, and goes hand in hand with
the following expansion of the corrections in R

R
x [1+O(R?)], (2.50)

2 20 k
Se(lr,lp,ng, R,pu) = = /dkB SRk, (J,k&u) SB.k (EB - fB(qg)B,TU,M>
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and using egs. (2.24) and (2.38), the individual pieces of the soft functions are related by

k
S (tg,ns, Rop) = /dkB ngBj,gj(ka 1) SB <€B - jmé)B,TILM) [1+O(RY)],

2 20
S»(aj)(eJaUJ;R;M) = ES]({L <]%J7M> [1 +O<R2)] ,

2 S(NG)(% R/lp
fe(ny) BRI\ R f(ng)

To obtain a combined description valid for regimes 1 and 2, the O(R?) corrections in

SNG (¢;. 05,05, R) = > [1+ O(R?)]. (2.51)

eq. (2.50) need to be included and combined with the resummation of jet radius logarithms
in regime 2. By including the fixed-order matching corrections for the soft functions (or
in general for all functions appearing in the factorized cross section) to the same order as
the noncusp terms in the anomalous dimension, corresponding to the often utilized N¥LL’
order counting, this can be conveniently obtained by turning off the resummation in the
relevant scale hierarchy. Thus, the cross section for 7; < p‘%R2 with In(mj/ p‘%) and In R
resummation and including nonsingular corrections with the full R dependence can be
written as

Gons®) ) (d0) a0 ). e
dTdT; — d7pdTy ATpdT;  dTedTy Ing) =uspy=n? n§)=ns" ) .

The scale choices in the third term indicate that the jet radius logarithms are included
at fixed order only to cancel the corresponding terms in doj. Therefore for R < Ry
the cross section doj;e corresponds to the singular resummed cross section from regime
2 plus nonsingular power corrections starting at O(R?) that are determined by the terms
in parentheses. At the same time, the scales ugi), ug‘g, and pg, in the first term are
chosen using suitable profile scales [62, 63] such that in the regime 1 limit R ~ Ry the In R
resummation is turned off and the two terms involving dos in eq. (2.52) exactly cancel,
leaving just the resummed result from regime 1.

Similarly, regime 2 is obtained from regime 3 in the limit 7; < p.R? with an associated

factorization of the collinear sector as
Ty (55,07 R, kg, 1) /dk‘J Juy (85 = PLREy, 1) Spow, (K, kg, 1) [1 + (9<( TR)? )]
(2.53)

and using eqgs. (2.46) and (2.38), the individual pieces are related by

S
JR,RJ(SJap%Ra /‘L) = /ko JHJ (SJ _pZJ“RkJa/‘L) S]({{,?g](k]nu‘) |:]- +O< ]J >:| ;

1 NG) [ SJ SJ
TN (55, phR kp) = —— S ( k )[1+(9< )] 2.54
; (85,p7R, kp) PIR R,kg IR’ (P R)? (2.54)

In ref. [22], the first relation has been explicitly demonstrated at one loop and exploited to
obtain two-loop corrections to the “unmeasured” jet function.
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Therefore, one can combine regimes 2 and 3 to obtain a description of the cross sec-
tion for small-R jets over the whole spectrum with In(my/p7.) and In R resummation and
including all nonsingular corrections in my/(p1.R) as follows

(2.55)

dog3(®,k)  doa(®,k) N <d0’3((I),I€) _doy (P, k)

d7d7;  dTpdTy dT7pdT; dT7pdT;

(N _, _ )
/»LSR—FLJ—#JR

(J

As in eq. (2.52), this requires to use primed counting for doy and us) to be chosen as

a suitable profile scale that smoothly merges with p; as the endpointRm g~ p%R is ap-
proached. In the last term of eq. (2.55) the resummation of logarithms of m;/(p1R) is
turned off.

Finally, the full cross section including all fixed-order nonsingular corrections is given

by,

do (P, k) _ do1424+3(P, k) <daFo(<I>, k) doiteis(®, k)
d7dT; d7pdT; d7dT; d7pd7;

> , (2.56)
Hi=[FO

where dopp denotes the fixed-order cross section computed in full QCD at the scale p =
Uro, and the terms from the singular regions are combined via

d01+2+3(¢’,/€) d01+2(‘I’,I€) d(72+3((I),I€) _ dO’Q(‘I),Ku)

d7pdT; d7pd7; d7pd7; d7dT; -

(2.57)

2.7 Comparison to earlier calculations

We conclude this section by identifying which jet radius logarithms were accounted for in
earlier jet mass calculations.

In the jet mass calculation of Ref. [11] for pp — ~ + jet, with an expansion around
the kinematic threshold, the soft function was refactorized in order to resum Sudakov
logarithms between the soft scales. As discussed below eq. (2.24) their regional soft function
corresponds to S,(;]) for a cone jet. Due to eq. (2.51) this could encode the correct small-R
dependence, and they obtain the correct one-loop anomalous dimension Y- However,
their regional soft function does not contain the required o In? R term, and it is not
clear whether the scale they obtain from a numerical minimization procedure satisfies
Nfgj) ~ T7/R for R < 1, as required for In R resummation at LL accuracy.!? In ref. [14] a
similar approach was taken for pp — 2 jets. They do obtain the correct one-loop expressions
for S,g‘]) in the small-R limit, but it is again unclear whether they obtain the correct scale
from their numerical minimization. Since the jet radius logarithms that multiply the two-
loop cusp anomalous dimension are not included, they can at best achieve LL accuracy.

In Ref. [12], the refactorization of the soft function was based on the structure of the

anomalous dimension and identifying the correct scale choice ,u(SJ) ~ T7/R. This accounts

10Gince there are three physical low scales to be accounted for in the small-R limit, namely Ts/R,
[m% /p7 —T7] and [m% /p+ —T7]/R (where mx denotes the total partonic invariant mass in the final state),
but only two soft renormalization scales pg are used, it cannot be expected that ug]) comes out to have
the correct parametric scaling. This is also indicated by the ratio of their scales for R = 0.3 and R = 0.5,
ugJ)(R = 0.3)//1(SJ)(R = 0.5) &~ 3, which differs from the value of 5/3 that is required for a correct scaling

with R.
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for the LL resummation of the jet radius logarithms in the normalized spectrum. But this
choice alone is not sufficient beyond LL.

Ref. [10] considers the inclusive jet mass spectrum without a jet veto, only probing
radiation in the jet. This allows for a resummation of In R at LL in the normalized spec-
trum, and even NLL once the R dependence of the NGLs ~ In(pf.R?/T;) are taken into
account. Their final expression resums only logarithms of the ratio m?/(p#R)?, implying
that a hard scale of pr_‘ﬁR rather than pgﬁ was used. They employ a framework tailored
to obtain the NLL result, making it difficult to directly compare the functions from our
factorization theorem with results from their calculation.

None of the above approaches accounted for the jet radius logarithms in the normaliza-
tion of the cross section for each individual partonic channel, which requires an additional
factorization for the soft out-of-jet corrections (corresponding to the first line in eq. (2.51)).
This is crucial for determining the relative contribution of the different partonic channels.
Thus, when summing over different partonic channels to obtain the final physical spectrum,
the In R resummation is not accounted for systematically even at LL. Our factorization the-
orem presented in regime 2 allows for In R resummation in the jet mass cross section at any
order in resummed perturbation theory for which the corresponding anomalous dimensions
are known.

While this work was being prepared ref. [15] appeared, which also builds on ref. [22]
and discusses dijet angularities for pp — dijets at small R, addressing the nontrivial color
space. They achieve NLL precision for a resummation of logarithms associated with both
R and the measurement of angularities, one of which is the jet mass. They use a jet-based
transverse momentum veto within a certain rapidity range |n| < n°** and no restrictions

cut

beyond. For phenomenologically relevant values of "', their setup does not seem to

properly account for the resummation of rapidity logarithms In(pSt*/ps) because it does
not take into account the effect of the jet veto on the beam-collinear radiation. Their
study focuses on the equivalent of our regime 2, and therefore does not include nonsingular
corrections from the regime 7; ~ pZ.R or perturbative power corrections of O(R?). The
latter points can be addressed in a straightforward manner by combining their results with

the framework presented here.

3 Jet and soft functions

In this section we give the definitions and relevant one-loop expressions for the various
jet and soft functions that enter the factorization formulae in sec. 2. In secs. 3.1 and 3.2
we discuss the wide-angle soft functions for large- and small-R jets appearing in regime
1 (Sx) and regimes 2 and 3 (Sp ), respectively. The results for Sg . are new. The csoft
function Sg ., (together with its refactorized form) is given in sec. 3.3. In sec. 3.4 we collect
the results for the known jet functions. The RG consistency of the factorization formulae
allows us extract the remaining anomalous dimensions needed for NNLL resummation of
the logarithms, as discussed in app. A. We verify the relations between the different EFTs
given by egs. (2.50) and (2.53) in sec. 3.5 and discuss nonperturbative effects in sec. 3.6.
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3.1 Wide-angle soft function for large-R jets S, (regime 1)

For the large-R jets in regime 1 there is a single soft function S, that describes the contri-
bution of soft radiation to the jet mass and jet veto. For example, for the partonic channel
k={q,q; 9} = {q@ — g} the matrix element is defined as

Sl tns) = <= (Ofer{ TV TV Y, ]6(6 = ) 8(0 — ) T[], TV 2,1 o)

(3.1)

NCF

where Y,,, and Y,,, are soft Wilson lines in the fundamental representation along the lightlike
directions n, and ny, and ), , is a Wilson line in the adjoint representation along n.
The trace runs over color, T (T') denotes (anti)time ordering, and (7 and /g encode the
measurements in the jet and beam regions, i.e.,

0y |X,) = coshny Z nypi | Xs), Ip|Xs) = Z fe(ni)pri | Xs) - (3.2)

i€jet i¢jet

Here, n; and pp; are the rapidity and transverse momentum of particle ¢ with respect to
the beam axis. The representation of the Wilson lines and the overall normalization needs
to be appropriately modified for other channels.

The one-loop result of the soft function for N-jettiness jets has been computed in
Ref. [64] (and for N-jettiness with generic angularities in ref. [65]). This procedure can be
extended to generic jet algorithms, jet vetoes, and jet measurements at hadron colliders,
which will be discussed in detail in a forthcoming paper [66]. In general, the soft function
up to one-loop order can be written as

S@m®mRM—&Mﬂ@H‘JqT n[t(%ﬁ%ﬂ

14 1 4
+ sap,1 (R ( Eo( B)5 () — ;ﬁo( ;)5(53)) + Sabs (R, ) 6(£) 5(@)]
8 Ly
+me4£4)6@o ;L&#)M@)
Ly

+ 8a0,8(R,17) 50( ) () + Sags(Rny) = ﬁo( . ) 6(¢B)

4wM%RmM@ﬂM@ﬂ} {(a,n) & (b.=n)} +0(ad), (3.3)
where sqp1(R) = 2/7 x mR? = 2R? [13] is proportional the jet area in the 7-¢ plane.!!
The sqp s and s,76 depend on the algorithm determining the jet region and the beam
measurement. We give the analytic results for the coefficients s 5(R,77), SasB(R,17),
Sq.7(R,ny) and sq76(R,ns) in the small R limit in sec. 3.5, and compare them to the full

numerical results for anti-kp jets as a function of R. In eq. (3.3) T4, Ty, T; denote the
color charges of the respective hard partons entering the hard interaction.

"For XCone jets with parameter R (and arbitrary values for the parameters § > 0 and ) the jet area
deviates from 7R? by small O(R®) terms.
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3.2 Wide-angle soft function for small-R jets Sp (regimes 2 & 3)

In egs. (2.31) and (2.45) the soft function Sp describes the interactions of the wide-angle
soft modes, which do not resolve the jet. For the partonic channel x = {q, g; g} this matrix
element is defined as

Spn(lpns) = (o[er{T[VITY5Yi)(es — ER)T [V VIV Yoy, (3.4)

Nc

with

lp|Xs) = Z fB(ni)pri| Xs) - (3.5)

In contrast to eq. (3.2), the sum on i now runs over all particles, since the momentum scaling
of particles present in the soft state | X) implies that this real radiation cannot resolve the
jet area. Sp depends on the choice of jet veto and thus on the function fg(n), for which
we consider the two choices in eq. (2.11). The one-loop computation can be carried out in
close correspondence to the calculation for an energy veto [61] and is discussed in app. B.
The result for the C-parameter veto reads

s ¢ 2 1 + tanh
Gt = 00 + SN e, w2 0 (U2) - Dot | 4 1w s (R

4 5
() s (1 (SR) s ()
— 81In%(2coshny) — 23%2)5(53)} } + {(a,m) + (b, —nj)} . (3.6)

For the beam thrust veto we find

St xUpyny, p) =0({p) + 042(7/:){1‘(1 B Li L1 (%) - 7:5(53)]

+Ta- Ty {1677J9< ks Eo(el]f) + (—4Lig(e21) - 81739(—77J)>5(€B)] }
+ {(av ns) < (b, —UJ)} : (3.7)

The anomalous dimension of Sp can be obtained at higher orders by exploiting RG con-
sistency in eq. (2.50), see app. A.

3.3 Csoft function Si (regime 2)

Next, we discuss the csoft function Sg in eq. (2.31) describing the interactions of the csoft
modes that are a combination of collinear-soft and soft-collinear modes. For a quark jet
(i.e. kg = q) it is defined as

Sro(ks k) = ]\17<0 w{ T[], (0)X5,0)] 6]k - QCO;h”J ]
xa[kB—mian.i%out}T[ H > (3.8)
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The Wilson lines X, , and Xp, are the csoft (i.e. boosted soft) analogs of the (u)soft Wilson
line Y;,;, and Y5, and the momentum operators I%in and Izzout pick out the momentum inside
and outside the jet. For a gluon jet the Wilson lines are in the adjoint representation and
the overall factor changes from 1/N, to 1/(N2? —1).

Since the jet is defined through the beam coordinates 7, ¢, the angular size of the jet
region is R/coshn;. A boost along the jet axis by In[R/(2coshn;s)] turns the jet region
into a hemisphere (ignoring O(R?) corrections) while leaving these Wilson lines invariant.
This is most easily seen by using reparametrization invariance (RPI-III) [67] to rescale the
jet directions via ny — n/; = n;B3, ny — @/, = n/;/ with 8 = R/(2coshny). This boost
invariance of the two-direction soft function has been exploited before in Refs. [7, 68, 69].
From this transformation we see that Sg is just the hemisphere soft function, and with our
choice of variables, is independent of R,

1
Srq(ks k) = N <0

tr{T[Xl&(O)Xﬁf] (0)} 6(ky — n/J']%R)

% 8k — ly-bou) T[XY, (0)X,y, (0)] Ho> . (3.9)
Here kg (l;:L) picks out the momentum going into the right (left) hemisphere with respect
to the jet direction, i.e. for n/;-k < @/;-k (n;-k > 7/, -k). Thus up to one-loop order [54, 70]

a 2
St (k.o ) = 3060 80km) + 22| 0y (o) = 2 3 (22500

+ 7;2 5(ky) 6(1@3)] + 0(a?), (3.10)

where the color charge T% is equal to Cp for quark jets and C4 for gluon jets. The
refactorization in eq. (2.38) is trivial at one-loop order, since only one parton contributes
to either the beam or jet region. As these regions correspond to hemispheres after the boost
the collinear-soft and soft-collinear function are thus given by the same one-loop function

2 2
Dk 1) — SB) (k. ) — as(WTh[ 8 . (ky 7 2
S k) = S8 (k1) = o(k) + =2 Mﬁl(u) + 50k +0(e2). (31D)
3.4 Jet functions (regimes 1, 2 & 3)

The inclusive jet functions in eqgs. (2.17) and (2.31) measuring the invariant mass of the
collinear radiation are well known and given by a vacuum correlator of two jet fields. Up
to one-loop order they are given by [71-73]

Jo(s, 1%) = 6(s) + W{; Ly (%) - 5250(:2) + (7 —72) 5(5)} , (3.12)
Jy(s,12) = 0(s) + az(:) {‘f?‘“ Ly (%) - ig.co(:?) + [(% - 772>CA + gﬁo}a(s)} .

The jet function Jg, obtained from the collinear function J in eq. (2.45) after the
decomposition in eq. (2.46), encodes the fact that the energetic nj-collinear radiation is
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constrained to lie within the jet region and explicitly depends on the jet algorithm, as
discussed in refs. [61, 74]. Following eq. (2.54), we write Jg as

Jhw, (5, DR, 1) = / dk Ju, (s — pF Rk, 1) S (ki) + AJ2(s, pfR, ), (3.13)

where the term AJ28(s, PR, ;1) contains the algorithm dependent terms, which are power
suppressed in regime 2 where T; < pfR2. AJ?2 has been computed at one loop for
different jet algorithms in e™e™-colliders in refs. [61, 74]. Adapting their expressions to the
hadron collider case, the one-loop result for kp-type clustering algorithms reads

ke (o o _as(WCp1f [ (prR)* 1 - B
AJT (s, pr R, p) = yP—— 0 1 s [411(1( - ) + 61 3}

+4ln((p;R)2) +3},

J 12 _
AJ};T(s,p%R,u) = as(p) 1 {9<(pT4R> — s) [C’A <4ln<1 x1> — 627 + 927 — 3x1>

A s

1
+ Bo(2a3 — 322 + 3z1 — 1)] 140, 1n(L) n 50} , (3.14)
(p1R)?
with
1 4s
o= (1-,J1—-—=2_). 3.15
' 2 ( (p%RV) (3.15)

The anomalous dimension of Jr can be obtained at higher orders by exploiting RG con-
sistency of eq. (3.13), as discussed in app. A.

The jet function Jg is related to the algorithm-dependent jet function J2# in refs. [22,
61] via

i (5 bR ) — / dk JAS (s — pLRE, 1) S (k1)
T (5, ph R, ) = Ty (5 1) + AT (s pI R 1. (3.16)

Thus, refs. [22, 61] effectively combine the algorithm-dependent fixed-order corrections
in regime 3 (m; ~ pfR) with the inclusive jet function, thereby including nonsingular
correction in the regime-2 limit mj < p%R in a definite way. In our description of regime 3
in egs. (2.45) and (2.46), the single function Jpg ., encodes the contributions of the energetic
collinear radiation to the jet measurement (corresponding to the fact that collinear and
collinear-soft modes present in regime 2 become degenerate in regime 3).!2

>The direct computation of J2' in [61, 74] required nontrivial (collinear-)soft zero bin subtractions
on the ns-collinear modes. In our mode setup for regime 3 with a single energetic nj-collinear mode
these subtractions do not appear. Thus our Jg,,, differs from Jg® by these zero-bin subtractions, which
correspond exactly to our collinear-soft function Sg). This was also observed in Ref. [75] in a related

context.

alg.
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3.5 Verification of the relation between different regimes

Using the perturbative results in secs. 3.1 — 3.4 we can explicitly verify that the relations
between the different EFTs hold at the one-loop level. First, eqs. (2.54) and (3.13) imply
that the algorithm dependent correction AJ,?bg needs to vanish when m; < p%R, i.e. by
taking x1 — 0,

AJY(s, phR, 1) = O S) , 3.17
AR ) = O (3.17)
which can be verified directly at one loop using eq. (3.14).

Next, the relation in eq. (2.50) between the small-R and large-R jets for m; < p%R
implies that at one-loop order'3

SOy, 5,05, R, 1) = | Sy (Lp,ng, 1) 8(L5) + fom S (ij ff(ff] ),u)]
x [1+ O(R?)]. (3.18)
Exploiting color conservation,
T2 =-T, T; - T, Ty, (3.19)
this requires the coefficients of the wide-angle soft function Sy in eq. (3.3) to satisfy
sas,8(R,ns) = 8(ns +InR) + O(R?),

R
sas7(R,my) = —81n 5+ O(R?),

o} m? 2
sab,&(R7 UJ) =—F+ O(R ) )

2
™ s(Rony) ”2+O(R2)
Sab,s sNT) = ——( )
' 6
1+tanh 1+tanh
SgJ,J(Rﬂ]J) = 4Li2<7+ a2n TU) - 21112(#) +4n3+81n2R+8lnR In coshny

+4In*2 — 72 + O(R?),
sass(Ryng) = —4Lia(e721) + 4n3[0(ns) — 0(=ny)] +81n® R + 81n R[] — In2]

2
+41n22 - % +O(RY), (3.20)

in the small-R limit. Here we encounter logarithms (in particular also Sudakov double
logarithms) of the jet radius which are not resummed without the factorization of the
soft function in regime 2. Furthermore, we remark that consistency of the anomalous
dimensions implies that any choice of SCETi-type veto only alters the coefficient of the
local terms in momentum space proportional to §(¢;) 6(¢p) and thus gives the same results
for s,7p and SaJ7J.14

13The leading power corrections in this relation are only O(R?) for a smooth jet veto. For the beam
thrust veto at 77 = 0 the power corrections are in fact O(R). Consequently the small R limit is not as good
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Figure 3. Coeflicients of the soft function S, for the C-parameter jet veto and for anti-kr jets.
Shown are the exact results (solid red) together with the corresponding results in the small-R limit
(dashed blue) and including the first O(R?) corrections (dot-dashed black) for two values n; = 0
and ny = 1.

By performing appropriate expansions of the integral expressions for the coefficients
of Sy, one can confirm analytically that these relations are indeed satisfied [66]. In fig. 3,
we show the full numerical results for the coefficients together with the small R result
in eq. (3.20) for the C-parameter veto. We also display the coefficients when including
corrections at O(R?) in a small-R expansion, which can be calculated analytically and
will be given explicitly in ref. [66]. One can see that the small-R results approximate
the full coefficients very well for R < Ry. We have verified that this holds also for the
beam thrust veto and an arbitrary jet rapidity. Including O(R?) corrections one obtains an
excellent approximation of the full result even for R 2 1. This suggests that the small-R
limit (including terms at O(R?)) is a good approximation for phenomenological jet mass
studies at the LHC.!5 Such an expansion has been applied in [10, 14] for the inclusive
jet mass spectrum with the result that O(R*) corrections have a negligible impact for
phenomenologically relevant values of R. We see from fig. 3 that the expansions are valid
up to jet radii R ~ 2 implying that Ry = 2 is a more appropriate radius of convergence
than Ry ~ 1.16

3.6 Leading nonperturbative effects

We conclude this section by discussing the leading nonperturbative effects on the jet mass
spectrum, which are in particular relevant in the peak and tail region where pgﬁRz >Tr2

an approximation to the full result for |ns| < R.

14 Additional terms in the combination 1/u Lo(£p/p) §(£5) —1/u Lo(€5/1) 6(£5) do not affect this consis-
tency and in fact appear in general for large R jets. However, these are only related to algorithm dependent
deviations of the jet region (and not to the employed beam measurement) which are power suppressed in
the small R limit.

'5For the beam-beam dipole the O(R?) corrections are typically larger and can be quite sizable also for
smaller values of the jet radius R ~ 0.5.

16For central jets with a cone radius R§®™ = 7/2 ~ 1.6 the jet region becomes a full hemisphere, which
is a naive estimate for the radius of convergence. Using a radius in the n — ¢ plane instead implies a

significantly smaller jet area and a wider range of convergence, so that a value Ry 2 2 is plausible.
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Aqcp and thus affect the factorization formulae in secs. 2.2 and 2.3. Nonperturbative
corrections to the jet veto are ignored, since their effect is negligible for normalized spectra,
which are measured experimentally. We start by briefly summarizing the findings of ref. [13]
for large-R jets, before moving on to small-R jets.

The wide-angle soft function can be decomposed into a perturbative component S2°"
and a nonperturbative function F [62, 76, 77],

A
Sults s Bogt) = [QSE 6 = b o Rep) ooy B) [1+0(232)]. (3.21)

Expanding in Aqcp < £, one obtains

AZ Aqep A
Sl m, Rop) = SE(£y = Qu(R), o, s, Rt [HO( FD, A QCD)].

L S 5
(3.22)
Thus the leading nonperturbative effect leads to a shift in the jet mass,
m?% = (m3)P" + 2p7Q.(R),  Qu(R) = /dk kFy(k,ns,R). (3.23)

In ref. [13] it was shown that €2, depends only on the jet radius R and channel x but not
on the jet rapidity ns, and that for small jet radii

Qx(R) = g Q. [1+O0(RY)], (3.24)

where as indicated, the R-independent nonperturbative parameter 2, depends only on
whether the jet is initiated by a quark or a gluon. Here (2, is the nonperturbative correction
for thrust in deep-inelastic scattering (DIS) [69], and Q, is its analog for gluons. Technically,
once hadron mass effects are accounted for the function F, and parameter €2, also have
renormalization group evolution between the hadronic and soft scales, and there is another
matching coefficient at the soft scale [78]. This does not change the universality discussion
above, and hence this complication is suppressed for simplicity.

We now show that the same conclusion follows directly from the factorization formula
for small R in eq. (2.17). The leading nonperturbative effects come from the csoft function
Sgr, which is identical to the (DIS) double hemisphere soft function, as argued in sec. 3.3.
The leading nonperturbative correction is therefore

Adep asAgep A
o (kg kg, ) = S (ky — QK 1 Qob (Zs2QCD ZQCD ) | (3.2
Sk, kg, kg, 1) = Sg, (kg e B,M)[ +0< 2k kp (3.25)

This correspond to a shift in the perturbative jet mass spectrum given by
R
mi = 2pf (T7 + 5 Q) = (3P 4 pf RO, (3.26)

in agreement with egs. (3.23) and (3.24).
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4 Application to SCET}; and jet-based vetoes

In this section, we consider other classes of jet vetoes, focussing our attention on regime 2 in
sec. 2.3, which has the largest number of hierarchies, 77 < pi JR? and R < Ry. Specifically,
we discuss the transverse energy veto as an example of a SCETi-type beam measurement,
as well as jet-based vetoes.

4.1 'Transverse energy veto

Here we discuss the mode setup and factorization formula for a veto on the transverse
energy outside the jet,

By = T4V = pri, (4.1)
i¢jet

i.e. with fp(n) = 1 in eq. (2.10). This combines features of SCET; for the jet mass
measurement, SCETyy for the Ep jet veto [79], and SCET for the inclusion of jet radius
effects. Compared to the case of a generalized beam thrust veto, the scaling of the modes
changes for a transverse energy veto. The n j-collinear radiation has the same parametric
scaling as before,

2

) m
n -collinear: Ph, ~ (p—j,p%,mJ)J ~ (Thpi]“, \/pi]ﬂTI)]v (4.2)
T

because it is fixed by the large jet momentum and jet mass measurement. Since we consider
the hierarchy 7; <« p%RQ these modes are too collimated to resolve the jet boundary. The
collinear initial-state radiation still has an energy @ ~ pr} and the scaling is fixed by the
measurement constraint through Er,
E2
ng-collinear: Ph, ~ (—; p%,ET) ,
br B
ny-collinear: Phy, ~ <p%

E2
- ET> . (4.3)
br B

The scaling of the wide-angle soft radiation for narrow jets follows from the transverse
energy measurement in the beam region,

soft: pt~ Ep(1,1,1). (4.4)

The initial-state collinear and soft modes are now only separated in rapidity leading to the
emergence of rapidity divergences for the associated individual bare corrections, requiring
additional regularization. The additional collinear-soft and soft-collinear modes that probe
the jet boundary and are defined by the restrictions due to the measured jet mass and
imposed jet veto are

n j-collinear-soft: Pls ™~ Jg (R%,1,R); ~ (’7}, ;‘;, 7];>J’ (4.5)
n j-soft-collinear: .~ Er(R*1,R);. (4.6)
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We assume that 7; ~ ErR?, such that the modes are degenerate,

75

7 (R*,1,R); ~ Er(R?,1,R);, (4.7)

n j-csoft: phy ~

and large NGLs are avoided as in sec. 2.3. This leads to the following factorized cross
section

doy (P, k) / v / v
_— = HH (I)v dE a B/@ (E asLas My 7) dE BH (E ) s [y 7)
dEr dT; (@, 1) T o\ LTas Tas b wa Tb Dy | LTb, Ty o

RE
x [ dsy ey (sso) [ dbydbs Sap, (ks kp,n) 8 (Ts = o2 = =52
Qp% 2

k
X SB,/-a(ET — Erq — E7py — fBaT/Ja/‘Lay> ,

do(®,kx)  doz(®, k) Er T, 9
dErd7;  dEpdT; L+0 ph JR2’R '

(4.8)

Once again, the indicated O(Er/p7., T;/(p#R?), R?) nonsingular corrections can be ob-
tained by considering the correspondence with other regimes or fixed-order calculations.
Compared to eq. (2.31) the same hard, jet, and collinear-soft functions appear, while the
beam functions and soft functions are different and depend also on an additional rapidity
renormalization scale v [80, 81]. The natural scales for the beam functions are pup ~ Er
and vg ~ wqp ~ p%. The natural scales for the soft function Sp are ug ~ vg ~ Ep. Since
the rapidity regulator breaks boost invariance, Sp still depends on 7.

At one loop, the matching coefficients in the beam functions encode only up to one real
emission and therefore correspond to the transverse-momentum dependent beam functions
in refs. [81-84]. We calculate the one-loop correction for the soft function Sp in app. B
using the n-regulator in refs. [80, 81]. The result reads

2

s =t + S m e () () n(E) o)

+ T, Ty [—iﬁo(if) ln(yeﬂw) 7;25(53)] }

+{(a,m) < (b, —m)} : (4.9)

We verify in app. A that this result is in agreement with the RG consistency of the factorized
cross section.

4.2 Jet-based vetoes

In this section we consider the corresponding jet-based versions of the global SCET; and
SCETYy jet vetoes, as discussed e.g. in refs. [46, 79]. These local jet-veto variables are based
on identifying additional jets j(Ryeto) using a jet algorithm with radius Ryeto in the beam
region and considering the largest contribution from a single jet. (The jet algorithms and
radii for the identification of the hard signal jet and for the vetoing of additional jets can
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in principle be different.) We consider the jet vetoes T5" and p$'* defined through

jax {l7r;| fe(n;)} < TE™,

veto

max |pr;| < p§t. (4.10)

] veto

The clustering effects due to the jet veto affect both collinear initial-state radiation as well
as soft and csoft radiation (outside the identified jet), introducing a dependence on Ryeto in
the beam and soft functions. For a small value of Ryeto, the jet clustering of collinear and
soft radiation is power-suppressed by O(R2.,) [79, 85] so that the veto on additional jets
is separately imposed on the collinear initial-state radiation and soft radiation. One can
also argue that the clustering of soft and csoft modes is predominantly performed within
each sector for Ryeto << 1, such that the measurement also factorizes between these sectors.
The price to pay for this factorization is the appearance of clustering logarithms In Ryeo
(closely related to NGLs) starting at O(a?), whose systematic resummation is beyond the
scope of this paper. In the following we consider only the resummation of the jet radius
logarithms In R related to the observed jet.

The EFT mode setup for the jet-based vetoes is identical to that for the corresponding
global veto. For the T5" veto the modes are as for the generalized beam thrust veto
in sec. 2 and summarized in table 1, with the identification Tz — T5", leading to the
factorized cross section

d
d'(;?] (TCUt @ '%) HH((I)MU)B (waTB xaaRvetmN) Bﬁb(waBgut7xbaRvetoaﬂ)
TCUtR SJ Rkj
X /dSJ JHJ(SJ7 )/ko SRRJ (hﬁm Rvetmu)é(’r] - ﬁ - ?)
X SB N(T s, Vet07M)7
dUg Tcut T]
s, S D, k) |14+ O R* RZ : 4.11
TR ) = 2T e Lo T (4.11)

As in previous cases, the nonsingular corrections indicated in the last line can be obtained
by using the correspondence with other regimes and fixed-order calculations. At one loop,
the beam functions B, the soft function Sp and the collinear soft function Sr describe a
single emission, such that the clustering algorithm in the beam region does not play any
role and their expressions are the cumulant of the matrix elements in sec. 2.3. We empha-
size that the structure of the renormalization differs between the global and local jet-based
vetoes. Starting at two loops, the analytic structure of the expressions changes, accounting
now for the jet clustering as indicated by the additional dependence on Ryeto. The renor-
malization is multiplicative in the arguments associated with the jet veto, as required by
the structure of the factorization theorem [46, 79]. For example, the renormalization of the
csoft function Sg is multiplicative in k%ut but involves a convolution in k; as can be seen
from the associated RG equation

d
N@ SR,/-:J (kJa k%l ; Liveto, W /dkj 'YSR,HJ - (/]7 k%lta Ryetos M) SR,HJ( kcut s Ryetos N) .
(4.12)
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Next, we consider the jet-based transverse momentum veto, p$**, which is the standard
choice used by the experiments. This combines the features discussed above with the mode
setup for the SCET]; veto in sec. 4.1 (with Ep — p$™) and leads to the factorization
formula

doy cut cut v cut v
dT ( (I) K/) Hn(q)nu) BKa (pT 7xa,Rvet07//ﬂ wG) Bﬁb (pT axwaVethMa wb)
cut SJ RkJ
x [ dsyJe,(s0o0) [ Aky iy (kg DR, Ructon 1) (75 = 22 = 2,
2pp 2
X Spx(PF" 075 Ruetos 11, V)
do ¢ doo t p%ut 71 2
Cu , D, —(pF*, D 1 . 4.1
T e = 20 o) 1O e B R (1.13)

The one-loop correction to the wide-angle soft function Sp reads in direct analogy to
eq. (4.9)

0l cut cut v 7T2
S W g, ) = 455 {Ta-Tb[zun?(pi )—81 (pz >1n(ﬂ)+6} (4.14)

4T, T, [ 81n<pilt) 1n(”eum) + 7;2} } + {(a,m) & (b, m)}.

To demonstrate explicitly which logarithms are resummed by eq. (4.13) at higher orders,
we give the jet radius and jet mass dependent logarithmic terms predicted by it at NNLO
in app. C.

With the analogous relation to eq. (2.50) the results in egs. (3.10) and (4.14) allow
us also to write the one-loop expression for the associated unfactorized soft function S,
(encoding the contributions from all soft modes) as (with Ly, = In(p$*/u))

as(p)
47

s () (Erd(60) = L20(2)) + (T + Aty (R 300)

Sl(-tl) (gJ p%Ut7 ny, w, v )

{Ta T, [4L§T5(£J) — 8L, h(%)é(@)

Y/ —nJ
YT, T, [ ,cl( /j) +4L2 5(0s) — 8Ly, ln(VZR

)aes)
1 L R
+ £0< . ) (—SID 5 +Asu(R, 77J)> — Asqy(R,ny)Lyp6(Ls)
o IR

+ <4ln R+4In*= + AsaJ(s(R,nJ))é(ﬁJ)] }

+ {(Q,T]J) A (ba —UJ)} ) (415)
where sqp1(R) = 2R?, Asﬁ%(R, n7), Asqs(R,ny) and As%’&(R, ny) will be corrections
that start at O(R?) and are given in ref. [66].

A related soft function has been also computed for small R in ref. [86] in the context
of an exclusive H 4 1 jet analysis without an explicit measurement of the jet mass. The
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associated result corresponds to the combination of the one-loop soft and soft-collinear
corrections (where the latter are encoded in the S%Blgj component of the csoft function) to
the jet veto measurement

cu _ B,1 cu 1 cu
Sélllaa(pT ta R7 77J7 /'L7 V) == S}{J{J) (pT tR7 ,u’> + S(B,L(pT t? 7]]7 ,U,, l/) (416)

cut cut 2
- O[S('LL){(TZ—FTg)[—ZUnQ(W) +81n<pT )m(”) - ”]
4m Iz % % 6
pcut pcut
+8nJ(T§—T§)1n<T> —4T?,1nR[1nR+21n< L >]}
I I

using eqgs. (3.11) and (4.14). This result agrees with the computation in ref. [86] (see

eq. (20) therein). Their result is expressed in terms of two-dimensional integrals, which
numerically agree with our analytic expression in eq. (4.16) up to O(R?) terms.

4.3 Fixed-order cross section for small-R jets

In sec. 3.5, we showed numerical results for the one-loop soft function, demonstrating
consistency between regimes 1 and 2, and finding that the small-R results provide a good
approximation even up to rather large values of R. To lend more credence to this conclusion,
we show numerical results for the cross section in this section, comparing the results of
regime 2 with regime 1. The comparison is performed at NLO and thus only tests the
validity of the small R expansion at fixed order and not the effect due to In R resummation.
A detailed phenomenological study of the effects due to resummation of In R terms will be
presented in the future.

To investigate the range where the small R expansion is valid, we show results for the

spectrum and its cumulative distribution

oNLO oNLO(R —
fig. 4: (d ZdT,(R)>/<d : d%% 1))’

o ([ an Y ([T T g

The (N)LO cross section is obtained by expanding the factorization formula for regime
t = 1,2 to this order and taking all scales equal to p = p%. In the ratio of jet mass spectra
most ingredients drop out, e.g. for ¢ = 2

(dgii(l%)) /(dalNL(;%z = 1)) _ [2p% IV 2p Ty, 1) %sgg; (2]7%3 u)} (4.18)

-1
x [219% IO 2p Ty, 1) + SOV (Ty s, R =1, u)] :

because only for a single real emission radiated into the jet region one does obtain a
nonvanishing spectrum at NLO. The ratio in eq. (4.18) is in particular independent of the
jet veto and hard process, and only depends on the partonic channel, the jet radius R,
the ratio 7;/(p#R?), which we take to be 1/15 for our plots. This value corresponds for
example to 77 = 5 GeV and p‘% = 300 GeV for a jet radius R ~ 0.5, which would satisfy
the requirement T; ~ pS*R?/2 for avoiding large NGLs with a jet veto p$** = 30 GeV.
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Figure 4. Jet radius dependence of the spectrum at next-to-leading order, as defined in eq. (4.17).
Shown are the full anti-k7 result (red solid), the small R result (green dotted), including the O(R?)
soft ISR (blue dashed) and including the full set of analytic corrections at O(R?) (black dot-dashed),
always normalized to the full anti-kr result for R = 1. We take T;/(p£R?) = 1/15 < 1, which
allows us to restrict ourselves to the singular terms.

The results are shown in fig. 4 for anti-kp jets with the full R dependence (red solid)
from regime 1 and the leading small-R result (green dotted) from regime 2. Furthermore,
we display the small-R result including the O(R?) correction arising from soft initial-
state radiation (blue dashed), which corresponds to including the sq1 = 2R? term in
eq. (3.3), and including all analytic corrections to O(R?) (black dot-dashed), which will
be given in [66]. The small-R approximation works quite well for R < 0.5, and its range
of validity is considerably extended by including the soft ISR correction. This is not
surprising, because the contribution of soft ISR to the jet mass only starts at O(R?),
whereas other O(R?) corrections only account for deviations in the shape of the jet region
and are comparably small. Including also all remaining corrections at O(R?) coming from
soft ISR-FSR interference the full result for anti-kr jets is almost exactly approximated even
for a jet radius R ~ 2. This confirms the statement that the effective expansion parameter
is R/Ry with Ry 2 2. For the k = {q,q; g} channel the soft ISR correction appears with
a numerically small color factor Cr — C4/2 = —1/6, compared to C4/2 = 3/2 for the
other channels, as pointed out in ref. [13], so that already the leading result of the small-R
expansion gives a good approximation even for large values of the jet radius.

In fig. 5, we show the jet radius dependence of the cumulative distribution for pp —
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Figure 5. Jet radius dependence of the fixed-order cumulant at O(«), normalized to the tree-level
result, for an anti-k7 jet with pJ. = 300 GeV and T5%/(phR?) = 1/15 for pp — H + 1 jet and
pp — Z + 1 jet.

H+1 jet (left panel) and pp — Z+1 jet (right panel), using the second line of eq. (4.17). We
employ the jet-based transverse momentum veto discussed in sec. 4.2, and use T;/(p1.R?) =
1/15, p$*t = 30 GeV, p3 = 300 GeV, ny = 0, Y, = 0, Eey = 13 TeV. For simplicity, we
consider the production of on-shell EW bosons without any subsequent decay. Compared
to the differential spectrum, the small- R approximation seems to work over an even larger
range. Once again, including the soft ISR correction greatly extends the range where the
small-R approximation works well. (Also for pp — Z+jet the soft ISR correction gives the
dominant O(R?) effect, since the contribution from the {q, 7; g}-channel is small compared
to the one from the {g, ¢; ¢}-channel, where the soft ISR correction is large.) The fact that
the full result is almost exactly reproduced by including the full set of O(R?) corrections is
somewhat specific to anti-kr jets with a p*-veto. For different jet algorithms and vetoes
there is in general some visible difference toward large R between the full result and the one
containing the corrections to O(R?), see for example the R-dependence for the C-parameter

in the right panel of fig. 3.

5 Conclusions

We presented a factorization framework to provide a complete description of jet mass
spectra in hadronic collisions including realistic jet algorithms and jet vetoes. It allows to
systematically treat jet radius effects in the jet mass spectrum, including the resummation
of jet radius logarithms, the jet boundary effects that cut off the spectrum at my < p%R,
and the inclusion of O(R?)-suppressed power corrections. This description is based on
SCET., which is an extension of standard Soft-Collinear Effective Theory with additional
modes that are simultaneously soft and collinear. We utilized this theory for the jet mass
measurement in the process pp — L + 1 jet and discussed the factorization formulae and
all relevant ingredients allowing for the systematic higher-order resummation of logarithms
of the jet mass, jet radius, and jet veto at NNLL for global vetoes and NLL' for jet based
vetoes, and beyond once the relevant ingredients become known.
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In the phenomenologically important peak and tail region of the jet mass spectrum with
my <K p%R, and for appropriate jet veto scales determined by a definite power counting,
nonglobal structures do not contain large logarithms and can thus be included at fixed
order. In the far tail region, my; ~ p%R, recent progress in the resummation of NGLs
can be directly applied to incorporate their dominant effect. Comparing the perturbative
soft corrections at one loop, we found that an expansion in terms of small R gives a good
approximation in the peak and tail region for typically adopted jet radii R < 1.

A detailed phenomenological study for experimentally measured jet mass spectra at
the LHC including the effects due to In R resummation and the relevant power corrections
as well as the associated uncertainties will be presented in the future.
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A Relations between anomalous dimensions

A.1 Anomalous dimensions for the generalized beam thrust veto

The anomalous dimensions of the matrix elements for a global SCET; beam measurement
are defined in analogy to eq. (2.20). For the jet and soft functions appearing in the fac-
torization formula of sec. 2.2 the anomalous dimensions do not depend on the jet radius R
and have the structure

757 (s, 1) = =205 Deusplavs (1) :250<:2> + 5 o ()] 0() (A1)

tp “)o(t5)

1 1
K _ . o 2y — = o 2 - ~J
V(05 1) = —2 Teusplovs (10)] [(QTa T, — T2) p £0< ; )5(@) T £0< ;

6_7]

D) ’ + Tb . TJ In GZJ> 5(6]) 5(63):| + 'yg[as(,u)] 5(@]) (5(@3) s

— <TQ'TJ111

where in the second line we assumed Casimir scaling for the cusp anomalous dimension
which holds at least up to three loops. The cusp and the noncusp anomalous dimension
are known at least up to three and two loops, respectively. Analytic expressions using the
same notation can be found for example in the appendices of refs. [12, 22, 47, 48]. Here
we only infer the structure for the anomalous dimensions of the remaining jet and soft
functions involved in the factorization formulae in (2.31) and (2.45).
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The relation in eq. (2.50) implies that

2 205 Rip )
Wy bp,u) =~ (Ug,pu)o(ly) + —— “J<,, . A2
’YS( JytB :u’) ’YSB( B :u) ( J) fB(n) rYSR R fB(nJ) K ( )
Sk is the double hemisphere soft function, for which the p-dependence factorizes, i.e.,
Vs (kg kg 1) = i (ks ) 8(kB) + i (kps 1) 0Ky ) (A.3)
with
KJ 2 1 k
(1) = 2T Teasplens )] Lo(01) + s (] 5 1) (A4)

where 77 .(c) is half of the noncusp anomalous dimension of the standard double hemi-
sphere soft function. Thus, the anomalous dimension for the function Sp , reads

’Ygg (lp,p) = 2Fcu5p[a3(:u)] [_2 Ty Ty l ﬁO(Ef) + (T2J In fp(ns) + (Tp — Ta) - Ty UJ)(S(KB)

+ {75 [OZS([L)] 2’Yherm Oés }5 EB (A5)

Using the one-loop cusp anomalous dimension, Teusplas(p)] = as/m + O(a?), and the
fact that the soft noncusp dimensions vanish at this order, this is in agreement with the
p-dependence of egs. (3.6) and (3.7).

The relation in eq. (2.53) implies that

1 s
50 (s, PR, 1) = 75 (8, 18) + == Yemi | =75 A6
Vi (s, pr R, p) =57 (s, ) VIR ’Yheml(p%R,u)7 (A.6)

such that the anomalous dimension of the jet function Jgr

(pTR)
2

in analogy to the result for the “unmeasured” jet function in ref. [22].

vf;;(s,p%R,m:{—Tzrmsp[asw)]ln A (u)}ﬂggmi[as(m]}a(s), (A7)

A.2 Anomalous dimensions for the transverse energy veto

We now determine the structure of the anomalous dimension for Sp for the transverse
energy veto, and check that this is consistent with the one-loop result in eq. (4.9). The
beam function v and p anomalous dimensions read [79]

lp
i

5 (6500 2) = {28 P40 102 3l o). (A8)

(s, 1) = ~2T% Teusplas(w)] ~ ﬁo( )+ los ()] 8(ts)

Here TQB = Tg , and Kp = Kqp encode the flavor of the colliding parton coming from the
respective beam, and wp = w, p its large momentum component. This directly leads to the
v-anomalous dimension of Spg,

/75753 (£B7 :u) = _/VS,QB (ZBa /L) - /7571)3 (eBa ) (Ag)

= 2L} (T2 + ) - £0(“2) = ()] + 200 8(6).
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Using the one-loop cusp anomalous dimension, Ieusplas(1)] = as/m+0(a?), and v o ()] =
O(a?) this is in agreement with the v-dependence of eq. (4.9). To check the pu-dependence
we give also the hard function anomalous dimension,

2 ,—2ny 2 217
" 2, W¢

2
woe w
Vi (wiy 175 1) = Deusplevs ()] | T2 In aT + T} In 2 +T7 In -

(2coshny)2u?
+ virles ()] (A.10)

with wy = Qp% cosh ny, where the quoted form again assumes Casimir scaling of the cusp
anomalous dimension. The consistency relation leading to the structure of the y-anomalous
dimension g reads

Ki v
Vi (s 1) 8(E5) = =i 1) 8(60) 8(¢8) = D7 5 (0o, =) 6(£)

i=a,b
205

— 2p7 7y (2L, 1) 6(B) — 295 (R, R, M) . (A1)

Inserting eqs. (A.10), (A.8), (A.1), (A.3) and (A.4) then leads to

1 / nJ —nJ
753(8377]]7”7 V) = 2Fcusp[as(,u)] |:T2J — Lo (FB) + <TZ ln& + Tg In Ney >5(‘€B):|

n v
- {%’3— s ()] + 75 s ()] + 75 s ()] + 75 [evs ()]

+ 2Yhemi [as(u)}} 6(¢B) .- (A.12)

Using color conservation, i.e. T; = —T, — T}, and noting that the noncusp anomalous

dimensions cancel each other at one loop, it is straightforward to check that eq. (4.9) is
consistent with this relation.

B Calculation of the soft function Sg

Here we outline the main steps for the one-loop computation of the wide-angle soft function
for narrow jets (R < Ry) with a general jet veto. Sp was defined in sec. 3.2 and results for
various jet vetoes were given in egs. (3.6), (3.7) and (4.9). Due to the fact that the jet region
is not resolved by the wide angle soft modes, the contribution from the beam-beam dipole
with the color factor T, - T} is just given by the result without any jet which is known for
common measurements like (beam) thrust, C-parameter or the transverse momentum for
back-to-back configurations [54, 81, 87]. The computation for the real radiation correction
from the jet-beam dipoles can be performed similarly to the corresponding contribution
for an energy veto in ref. [61] summarized in their appendix B.1. It is convenient to take
advantage of their results and calculate only the difference correction between the employed
jet veto and the energy veto explicitly, which both have common soft IR divergences. For
definiteness we consider the correction with the color structure T, - T, which can be
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written as

2,78\ € A9k . v K
(1) 2 W€ Na - N 2
= -2 T, T 2 k k
SBas g < i ) "/(%)d (na - k)(ny - k) (2k0c059|> mo(k7) © (ko)

X {5(53 L [5(53 — &0 [sin 8] f(cos0)) — 6(¢p — k:o)] }
= Sp+ AST,,, (B.1)

where cosf denotes the angle between the gluon momentum and the beam direction 7,
i.e. cosf = ii, - k/|k| = tanhn, and f(cosf) = fp(n) is defined in terms of the veto-
dependent function fp in eq. (2.10). When fp(n) — 1 for n — £oo this leads to rapidity
divergences, which is for example the case for the transverse energy veto discussed in
sec. 4.1. To regulate these divergences we employ a factor v7/|2 ﬁa-l_ﬂ" arising from a
modified version of the n-regulator in refs. [80, 81].'7 Furthermore, we rescaled p? —
p2e7® /4 in eq. (B.1) anticipating MS renormalization.

The unrenormalized result for the correction with an energy veto Sg can be read off
from eq. (5.12) in ref. [61],

o 16 , (Ip 8 1. ts
Sp = ETG T, [_M£1 (;> 4 <€ —8In(2 — 2tanhnj)>uﬁo<u) (B.2)
n (_42 n 4111(2 — 2tanh77J) + 4Li2(_6277J) B 81112111(1 B tanhnj) + 7T2)(5(€B):| ]
€ €

The remaining correction AS7, implementing the difference to the actual jet veto can be
written as an integral over the angle cos 8,

20, M2€€"}/E€ 1 v
AST, = - T, T, 5}9—%/1 dcosf F(cos,¢) |:G(C089,6,77, g) — 1] , (B.3)

where the function F' denotes the integrand for an energy veto (given in eq. (B.2) of [61]),
which also contains implicitly the dependence on the angle between beam and jet with
costl,; =1 —ng-ny =n = tanhny, and the function G encodes the additional factor for
the specifically applied jet veto,

n - —n?)(1 — u?
Flu,e) = (1 _u)—l—e(l ) 1 ” oFy <;,1,1 — €, (1 q _)Ejn)2 )) ,

G(u,e,n, é) _ <\/1 2 f(u))%”( d )n. (B.4)

2|ullp

For all jet vetoes discussed in this paper G reads explicitly

o 1—cos?0\* - 9
G* (cosb,e€) = — ) G"(cosf,€) = (1 —cos ),
U
Er 0 YY1 —co2o)ta (Y B.
¢ (COS &7 £B> (I = cos™6) " 2| cosO|lg ) ’ (B.5)

1" The rapidity regularization factor for the soft function needs to satisfy v /(fiq-k)” when the momentum
k becomes collinear to the beam direction n, in order to use the common result for the beam function
matching coefficients (where precisely this factor is used for regularization).
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where we dropped the rapidity regulator for SCET-type measurements.

To compute the integral eq. (B.3) to O(e?,1°) it is convenient to split it into two
integration regions —1 < cosf <1 —9Jand 1 —9 < cosf < 1 with 1 — 0 > cosf,y, such
that collinear divergences appear either in the jet or beam direction. Otherwise the choice
of the cutoff parameter § is irrelevant. For simplicity we take § < 1 and also expand in
this parameter. We start with the contribution from the first integration domain, AS7; ;.
The integrand F' is decomposed into a product of two functions F'; and F '7, where F'y has
a power-like behavior for § — 0, (i.e. for radiation close to the jet) and F; encodes the
finite remainder, as discussed in ref. [61] above and below eq. (B.6). We can then write!®
for AS7;1

1-6
/ dcos® Fy(cosf,€) Fy(cosd,e)[G(cosd,€) — 1]
-1
. 1-5
= Fy(cosbuy,€)[G(cosbas,€) — 1] / dcos@ Fy(cos,e)
-1

1-6
+ / dcosf Fj(cosO,€)[Fy(cost,e) — Fy(cosbar,€)] [G(cos b, e) — 1]
-1

1-6
+/ dcos @ Fy(cos b, €) Fy(cosfyy,€) [G(cosb,€) — G(cosbas,€)] (B.6)
-1

where the integrands in the last two lines can be expanded in € before the integration and
the other integral can easily be carried out in d dimensions.

For the correction AS7;, o from the integration domain 1 —6 < cosf < 1, we perform a
similar decomposition for both of the functions F' and G, such that F, and GG, contain the
power behavior for cosf — 1 (i.e. for radiation close to beam a) and ﬁ'a and éa contain
the remainder. This leads to the integral for AS7; o,

1
/ dcosf F,(cosb,e) Fo(l,¢) G, (cos 0,¢,n, L) Go(1,€6,m)
1-5 lp

1
- / dcosf F,(cosb,e) Fy(l,€) + O(6), (B.7)
1-46

where both integrals can be carried out analytically without any additional expansions in
€ or 7).

Adding the contributions from the two integration regions, the dependence on § drops
out. After expanding in n and €, we obtain for the C-parameter veto,

c _%p o (16, (5 _8 CtanhZnn VL o8
ASE, = T, TJ[#Q(#)+< -+ 8In(L — tanh® ) MEO(M) (B.8)
4 4In(1 — tanh? 1 4 tanh 1 4 tanh
(2 n(l — tan ”7J>+8L12(M)_21n2 1+ tanhn,
€ € 2 2
1 h 1 — tanh 2
—41n< +th ’”)m( tzn nj>+2ln2(2—2tanhﬁJ)—57§>5(€B)]7

18Here we can drop the n-regulator since rapidity divergences can only arise for cos@ — 1.
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for the beam thrust veto

S g 8 €
AS}B:LTQ-TJ{ 51(5)+<—+8ln(2—2tanh|m\>> (/f)

4 41In(2 — 2tanh
<€2 n( — ) iy (—e210) — 4 Lip (e 2M01) — 817 (1)

+8In2In(1 — tanhny) — 772> 5(63)] , (B.9)

and for the transverse energy veto'?

AS%: _ %;Ta T, [ 51(65) + (_8 _ % _8111(%) —|—4hr1(4—4talf1h2 7]J)> ﬁo(gB)

n ¢ o
+ (7746 + % [41n(;> —2In(4 - 4tanh?ny)| - 4L12<71 - tznh”J)
- 414%) M%) +210%(2 — 2 tanh nj)>5(53)} . (B.10)

Combining these with eq. (B.2), removing the UV and rapidity divergences by renormal-
ization, and simplifying the resulting expressions leads to the one-loop results given in
egs. (3.6), (3.7) and (4.9).

C Fixed-order expansion of the cross section

We now present the singular cross section for the cumulative measurement of the jet mass
my in pp — L + 1 jet, employing a veto on the transverse momentum of additional jets
Pt < p%. We assume R < Ry and mj < p%R (i.e. regime 2), and obtain our expressions
by expanding the factorization theorem in eq. (4.13) to a given order in ag. By including
the resummation we can predict logarithmic terms in the higher—order cross sections.

We decompose the cross section integrated over Ty < 75" a;

oo (TS, pF, @, k) —UBZZ( ) dag dgfbﬁ;gl)cfl,xf)yﬂo)fk( w 10) fi(@h, o),

$b xr
k,l n>0

(C.1)

where pg = pr_‘ﬁ, 6p=H ,20)(‘@, o) denotes the partonic cross section at the Born level, and
(n)

k,l sum over parton flavors. We further decompose 6;;” as

a'](;;) (Za7 Zb) [Ujet Orest,k,l Zay Zb Z Ojet Urest k, l Zaa Zb) s (CQ)
m>0

19 Although the full e-dependence in the expression proportional to 1 /m should be in principle kept un-
expanded, this is only relevant to ensure that the coefficient of the 1/n pole is explicitly p-independent,
which is also true order by order in its ¢ expansion. Here we only display the terms up to O(¢°) for better
readability since these contain all relevant information.
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separating out the contribution containing the jet mass and jet radius logarithms

27}cut SJ
R p%R

6'jet = /dsJ JHJ(SJ7MO) /ko SR,H](kJ7p%1tR7 RVQtO;,U/O) 0( kJ) (03)

The rest contains corrections from the hard function H, = Hﬁf” hk, the wide-angle soft
function Sp, and the beam function matching coefficients I;; in eq. (4.13), i.e

&EZS)t ki = s Loak(20) Ty (26) SB.s ) ™) (C.4)
At tree-level
Ees)t k1(Zas 2b) = Ongk Oyt 6(1 — 24) 6(1 — 2p) . (C.5)

At one-loop level all ingredients are known analytically and we obtain

ry '
s — _ 0L2J+LJ[2FOLR_WO]—I‘OJ(QL%+2LRLB+L23)+J

1 2 (1
Gt 5 : ()+2TJ3()’

K

e~ elJ
A6, 1 = Bk Oy [hgn 4+ (0] — T8 —Th)L2 + 2T¢ Ly 1n(““pJ ) + 2Ly 1n(‘”b )
T

(T2 4T+ T3>Su>] N Kro La®,(z0) + fgzg(m)%l kbl ]

Here we have abbreviated the logarithms that occur in these expressions as
cut cut)2 cut
L;=In ( 7] >_1n<(mJ3 > L351n<p7}>, Lrp=mnR. (C.7)
Py (p7) br

We have written eq. (C.6) in terms of coefficients of the anomalous dimension defined

through the expansion

Pousp(0) zr( )" an< )" s 2a325n< )"

(C.8)
with T%, = T?T,,. The one loop coefficients are
F0:4, ’}/30:60}7, 7§O:2ﬁ0. (Cg)
The remaining constants appearing in eq. (C.6) are given by?’
. . 4 ) 2
W ==Ce, P = (5-7)Catom, sSV="00 (Ca0)

20We did not distinguish the constant term of the collinear-soft function in eq. (3.10) from the associated
term in the wide-angle soft function in eq. (4.9) and denoted both with the same symbol s for simplicity.
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(0)

The functions p,;” are directly related to the splitting functions at O(as) and given by

P(2) = Cp[2L0(1 - 2) = 6(1 = 2)(1 + 2)]
PR (2) = Tpo(1 —2) (1 — 22 +227),

135%)(2) =2Cy [Co(l —z)+60(1— z)(l ; : +2(1—2)— 1)} ,
A () = Cro(l - ) Hj*% . (C.11)

The matching functions fij encoding collinear initial state radiation effects are given by

ID(z) = Cpo(1 — 2)2(1 — 2), I8 (2) = Tpo(1 — 2)42(1 - 2)

I (z) =0, I{)(2)=Cro(1—2)2z. (C.12)

We also display the logarithmic dependence of the two loop result. Here we only show
explicitly the terms associated with either jet mass or jet radius logarithms. These read

for (AJ'jet

/)2 T/ 1
~(2 2
Uj(et) = ( g) Ly + TOL?} [—4F3LR + 260 + wo} + 5L?, {(rg) (6L% 4+ 2LRLp + L%)

: i
— 20§ (280 + v70) L = 1Y — T3 (3 + 250 + 1) + L1220 + m)]

Fémm

+ Ly [—2(1“3)2LR(2L%3 +2LRrLp + L%) + 19 (280 + v70) L% + Lp(2Lg + Lg)

. w2 ) w2
+2 (r{ +1] (gf}) +2sM 4 6F({>>LR - % ~ Vhemi1 — % (gfj’ +2sM 4 Frg)

— Bo(GM +2sM) + Cs(rg)ﬂ +2(TY)°La(Ly + 2L%Lp + 2LRLY + L%)

T N2 :
+ 209 foLrLp(Lr + Lp) — 5 () Ly — 2Lr(Lk + Lp) (F{ +Ty (y,(j) + 2s<1>)>
7.{.2 1 NG.2 27'cut
+ Lg (Fg (F’YJO - 2C3Pg) — A’Ygsl(Rveto)) + Sl(lemi7 )(p%u:“]R2>
+ (terms involving only Lp and In Ryeto) - (C.13)
Here the term Sggi’m () encodes the nonglobal structures and can be directly read off

from refs. [35, 36],

2 2 2
(NG2), \ _m2 ) 47 9 4 Mmoo 8 16w
S (x)—TJ{ —-Caln x+{0A( - 843)+Tan(3 g ) Inz|

hemi

+ (nonlogarithmic terms). (C.14)

The nonlogarithmic terms in eq. (C.14) must be kept when including this term, since they
are of the same size as the logarithms for the regions we consider. The required anomalous
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dimension coefficients at two-loop order are given by

268  4n?

= (5 - 30— 5 Tens.
¥l = Cp [(FSG - 80g3)CA 4 (3 — 42 + 48¢3)Cr + (% + 237#)50] :
= (2 s+ (220 ) cati + 261
Tnimi1 = TJ [(—694 +28G)Cat (-2 + 7;2)50] . (C.15)

At two loops, clustering corrections due to jet algorithm employed for the jet veto algorithm

enter in the noncusp anomalous dimension of the csoft function,

'YSRl(Rveto) = 2’}/hemil + A’Vg'lsl(Rveto) . (016)

The term A’Yglsl(Rveto) is currently not known.
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